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BO GIAO DUC VA BAO T AP 

BE THI CHINH THU'C 
(Be thi co 06 trang) 


KY THI TRUNG HOC PHO THONG QUOC GIA NAM 2017 
Bai thi: TO AN 

Thai gian lam bai: 90 phut, khdng he thai gian phat rfe 


Ho, ten thi sinh: 
So bao danh: .... 


Ma de thi 101 


Caul. Cho phuong trinh 4* + 2* +1 -3 = 0. Khi dat t = 2 x , ta duoc phuong trinh nao dudi day ? 

A. 2t 2 -3 = 0. B. t 2 + t-3 = 0. C.4t-3 = 0. D. t 2 + 2t —3 = 0. 


Cau 2. Tim nguyen ham cua ham so f(x ) = cos3x. 

| / sin3x 

A. cos3xdx = 3sin3x + C. B. cos3xdx = —--h C. 


sin3x 

C. cos3xdx =---f C . 


D. cos3xdx = sin3x + C. 


Cau 3. So phuc nao dudi day la so thuan ao ? 

A. z = — 2 + 3i. B. z = 3i. C. z ——2. 

Cau 4. Cho ham so y = f(x) co bang bien thien nhu sau 


D. z = V3 + i. 



Menh de nao dudi day sai ? 

A. Ham sd co ba dilm cue tri. B. Ham so co gia tri circ dai bang 3. 

C. Ham so co gia tri circ dai bang 0. D. Ham so co hai diem cue tieu. 

Cau 5. Budng cong d hinh ben la do thi cua mot trong bon ham so dudi 
day. Ham so do la ham so nao ? 

A. y = -x 3 + x 2 - 1. 

B. y = x 4 — x 2 — 1. 

C. y = x 3 — x 2 — 1. 

D. y = —x 4 + x 2 — 1. 

Cau 6. Cho a la so thuc duong khac 1. Tmh / = log^ a. 



1 

A B. / = 0. C. / = —2. 

2 


D. 7 = 2. 


Cau 7. Cho hai sd phuc z ± = 5 — 7i va z 2 = 2 + 3i. Tim so phuc z = z ± + z 2 . 

A. z = 7-4i. B. z = 2 + 5i. C. z = -2 + 5i. D. z = 3 — 10i. 


Cau 8. Cho ham sd y = x 3 + 3x + 2. Menh de nao dudi day dung ? 

A. Ham so dong bien tren khoang (— oo; 0) va nghich bien tren khoang (0; + oo) . 

B. Ham sd nghich bien tren khoang (— oo; + oo) . 

C. H<kn so dong bien tren khoang (~oo; + oo) . 

D. Ham sd nghich bien tren khoang (— oo; 0) va dong bien tren khoang (0; 4- oo) . 
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BO GIAO DUC VA BAO T AP 
BE THI CHINH THU’C 
(De thi c6 06 trang) 


KY THI TRUNG HOC PHO THONG QUOC GIA NAM 2017 
Bai thi: TO AN 

Thai gian lam bai: 90 phut, khong ke thai gian phat de 


Ho, ten thi sinh:. 

So bao danh:.. 

Cau 1. Cho ham so y — f(x) c6 bang xet dau dao ham nhu sau 


X 

—oo —2 

0 


2 

+oo 

y' 

o 

+ 

— 


— 

0 

+ 


Menh de nao du’di day dung ? 

A. Ham so dong bien tren khoang (—2; 0). 

B. Ham sd dong bien tren khoang (— oo; 0) . 

C. Ham so nghich bien tren khoang (0; 2) . 

D. Ham so nghich bidn tren khoang ( — oo; — 2) . 


Ma de thi 104 


Cau 2. Trong khong gian vdi he toa do Oxyz, cho mat cau (S):x 2 4- (y + 2) 2 + (z — 2) 2 = 8. 
Tinh ban kinh R cua (5) . 

A.R = 8. B. R = 4. C.R = 2yf2. D. R = 64. 


Cau 3. Trong khong gian vdi he toa do Oxyz, cho hai diem A(l; 1; 0) va B(0; 1; 2). Vecto nao 
dudi day la mot vecto chi phuong cua dudng thang AB ? 

A. ~b = ( - 1; 0; 2). B. ~c = (1; 2; 2) . C. ~d = ( - 1; 1; 2) . D. a = ( - 1; 0; - 2) . 


Cau 4. Cho sd phuc z = 2 + i. Tinh |z|. 
A. |z| = 3. B. |z| = 5. 


C. |z| - 2. 


Cau 5. Tim nghiem cua phuong trinh log 2 (pc — 5) = 4. 

A. x = 21. B. x = 3. C. x = 11. 


D. |z| = V5. 


T>. x = 13. 


Cau 6. Dudng cong d hinh ben la dd thi cua mot trong bon ham so dudi day. v 

Ham sd do la ham sd nao ? 


A. y = x 3 — 3x + 2. 

B. y = x 4 — x 2 + 1. 

C. y = x 4 + x 2 + 1. 

D. y = — x 3 + 3x + 2. 

, 2x + 3 
Cau 7. Ham so y = 



x + 1 


co bao nhieu diem cue tri ? 


A. 3. 


B. 0. 


C. 2. 


D. 1. 


Cau 8. Cho a la so thuc duong tuy y khac 1. Menh de nao dudi day dung ? 

1 _ 1 


A. log 2 a = log a 2. B. log 2 a = 


log 2 a' 


C. log a = 


l0 §a 2 ' 


D. log 2 a = - log a 2. 
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Cau 9. Tim nguyen ham cua ham so f(x) = 7 X . 


A. 7 x dx=7 x \n7 + C. 


rjX 

B. 7*dx = — + C. 
In7 


7X + 1 


7 x dx=7 x+1 + C 


D. 7 x dx = 


X + 1 


+ C. 


Cau 10. Tim so phuc z thoa man z + 2 — 3i = 3 — 2i. 

A. z=l —5i. B. z = l + i. C. z = 5 — 5i. D. z = l — i. 

Cau 11. Tim tap xac dinh D cua ham so y = (x 2 — x — 2) 3 . 

A. D = R. B. D = (0; + oo) . 

C. D ~ (—oo; — 1) u (2; + oo) . D. D = E\{—1; 2}. 

Cau 12. Trong khong gian voi he toa do Oxyz, cho ba diem M(2; 3; — 1), jV(— 1; 1; 1) va 
P(l; m — 1; 2). Tim m de tarn giac MNP vuong tai N. 

A.m= — 6. B. m = 0. C.m = — 4. D. ?n = 2. 

Cau 13. Cho so phuc z ± = 1 — 2i, z 2 = —3 + i. Tim diem bieu dien so phuc z — z 1 j rz 2 tren 
mat phang toa do. 

A. N(4; - 3) . B. M(2; - 5) . C. P( - 2; - 1). D. Q(- 1; 7). 

Cau 14. Cho hinh phang D gioi han boi dubng cong y — ^fx 2 + 1, true hoanh va cac dudng 
thang x = 0, x = 1. Khoi tron xoay tao thAnh khi quay D quanh true hoanh co th£ tich V bang 
bao nhieu ? 


47T 

A ' 7 = T ' 


B.V = 2n. 


4 

c - v =r 


D. 7 = 2. 


Cau 15. Trong khong gian voi he toa do Oxyz, cho dilm M( 1; 2; 3) . Goi M lt M 2 ldn luot la hinh 
chieu vuong goc cua M tren cac true Ox, Oy. Vecto nao duoi day la mot vecto chi phuong cua 
duong thang M 1 M 2 ? 

A. u 2 = (1; 2; 0). B. u 3 = (1; 0; 0). C. u 4 = ( - 1; 2; 0). D. = (0; 2; 0). 


Cau 16. Do thi cua ham so y = 


x - 2 


co bao nhieu tiem can ? 


x 2 — 4 

A. 0. B. 3. C. 1. D. 2. 

Cau 17. Kl hieu z lt z 2 la hai nghiem phuc cua phuong trinh z 2 + 4 = 0. Goi M, N ikn luot la cac 
diem bieu dien cua z lf z 2 tren mat phang toa do. Tinh T = OM + ON voi 0 la goc toa do. 

A.T — 2V2. B.T = 2. C.T = 8. D. T = 4. 

Cau 18. Cho hinh non co ban kinli day r = V3 va do dai duong sinh l = 4. Tinh dien tich xung 
quanh S xq cua hinh non da cho. 


A. S xq = 12n. 


B. S xq = 4V3tt. 


C. S xq = V39" n. 


D. S xq = 8V37T. 


Cau 19. Tim tat ca cac gia tri thuc cua tham so m de phuong trinh 3 X = m co nghiem thirc. 
A. m > 1. B. m > 0. C. m > 0. D. m ^ 0. 


Cau 20. Tim gia tri nho nhat m cua ham so y = x 2 + - tren doan 
B. m = 10. 


17 

A. m = —. 
4 


x 

C. m = 5. 


1 ' 
2’ 2 


D. m = 3. 
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Cau 21. Cho ham so y — ^2x 2 + 1. Menh de nao duoi day dung ? 

A. Ham so nghich bien tren khoang (— 1; 1) . 

B. Ham so dong bien tren khoang (0; + oo) . 

C. Ham so dong bien tren khoang (— oo; 0 ) . 

D. Ham so nghich bien tren khoang (0; + oo) . 

Cau 22. Trong khong gian vdi he toa do Oxyz, phuong trinh nao duoi day la phuong trinh mat 
phing di qua dilm M( 1; 2; — 3) va co mot vecto phap tuyen n = (1; — 2; 3) ? 

A. x — 2y + 3z — 12 = 0. B. x — 2y — 3z + 6 = 0. 

C. x — 2y + 3z + 12 = 0. D. x - 2y — 3z — 6 = 0. 

Cau 23. Cho hinh bat dien deu canh a. Goi S la tong dien tich tat ca cac mat cua hinh bat dien do. 
Menh de nao duoi day dung ? 

A. S = 4V3a 2 . B. S = V3a 2 . C. 5 = 2 V3a 2 . D. S = 8a 2 . 

Cau 24. Cho ham so y = — x 4 + 2x 2 co do thi nhu hinh ben. Tim tat 
ca cac gia tri thuc cua tham so m de phuong trinh —x 4 + 2x 2 = m co 
bon nghiem thirc phan biet. 

A. m > 0. 

B. 0 < m < 1. 

C. 0 < m < 1. 

D. m < 1. 

n n 

2 2 



Cau 25. Cho f(x)&x = 5. Tinh / = [f(pc) + 2sin x]dx. 


o 

A. / = 7. 


o 

B./ = 5 + |. C. 7 = 3. 


D./ = 5 + 7i . 


Cau 26. Tim tap xac dinh D cua ham s6 y = log 3 (x 2 — 4x + 3) . 

A. D = (2 - V2; l) U (3; 2 + V2) . B. D = (1; 3) . 

C. D = (-oo; 1) U (3; + oo) . D. D = (-oo; 2 - V2) U (2 + V2; + oo) . 


Cau 27. Cho khoi chop tarn giac deu 5 . ABC co canh day bang a va canh ben bang 2a . Tmh the 
tich V cua khoi chop S . ABC . 


VT3 a 3 Vila 3 Vila 3 Vila 3 


A. l/ = 


B. 7 = 


C. F = 


D. F = 


Cau 28. Tim nguyen ham F(x) cua ham so f(x) = sin x + cos x thoa man J = 2. 

A. F(x) = cos x — sin x + 3. B. F(x) = — cos x + sin x + 3. 

C. F(x) = — cos x + sin x — 1. D. F(x) = — cos x + sin x + 1. 

Cau 29. Voi moi a, b, x la cac so thirc duong thoa man log 2 x = 51og 2 a + 31og 2 b, menh de nao 
duoi day dung ? 

A. x = 3a + 5b. B. x = 5a + 3b. C. x = a 5 + b 3 . D. x = a s b 3 . 

Cau 30. Cho hinh chop S .ABCD co day la hinh chu nhat vod AB = 3 a,BC = 4a, 5A = 12a va 

SA vuong goc vdi day. Tinh ban kinh R cua mat cau ngoai tiep hinh chop S. ABCD . 

5a 17a 13a 

A. R = —. B. R = —. C. R = ——. D.F = 6a. 

2 2 2 
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Cau 31. Tim gia tri thirc cua tham so m de phuong trinh 9 X — 2.3 X+1 + m = 0 co hai nghiem 
thirc x lf x 2 thoa man x 1 + x 2 = 1. 

A. m = 6. B. m = — 3. C. m = 3. D. m = 1. 


Cau 32. Cho hinh hop chu nhat ABCD . A'B'C'D ' co = 8, CD = 6, AC = 12. Tinh dien tich 
toan phan S tp cua hinh tru co hai duong tron day la hai duong tron ngoai tiep hai hinh chu nhat 
ABCD va A'B'C'D 1 . 

A.S tp = S76n. B. S tp = 10(2VlT + 5)tt. 

C.S tp = 26n. D. S tp = 5(4VlT + S)n. 


Cau 33. Trong khong gian voi he toa do Oxyz, cho hai diem A(l; — 1; 2), — 1; 2; 3) va 

x — 1 y — 2 z — 1 


duong thang d 


MA + MB 


1 1 
2 = 28, biSt c < 0. 


Tim diem M(a; b; c ) thuoc d sao cho 


A. Af(—1; 0; -3). B. M(2; 3; 3) . 


/I 7 




Cau 34. Mot vat chuyen dong theo quy luat s = — -1 3 + 6t 2 voi t (giay) la khoang thoi gian 

tinh tu khi vat bat dau chuyen dong va s (met) la quang duong vat di chuyen duoc trong khoang 
thoi gian do. Hoi trong klioang thbi gian 9 giay, k6 tu khi bat dau chuyen dong, van toe Ion nhat 
cua vat dat duoc bang bao nhieu ? 

A. 144 (m/s). B. 36 (m/s). C. 243 (m/s). D. 27 (m/s). 


Cau 35. Mot nguai chay trong thoi gian 1 gia, van toe n(km/h) phu thuoc thoi 
gian t(h) co do thi la mot phan cua duong parabol voi dinh /f-; 8^ va true doi 


xung song song voi true tung nhu hinh ben. Tinh quang duong s nguai do chay 
duoc trong khoang thdi gian 45 phut, ki tir khi bit dau chay. 

A. s = 4,0(km) . B. s = 2,3(km) . 

C. s = 4, 5(km) . D. s = 5,3(km). 



Cau 36. Cho so phuc z thoa man |z| =5 va |z + 3| = |z + 3 —10i|. Tim s6 phurc 
w — z — 4 T 3i. 

A. w = — 3 + 8£. B.w=l + 3i. C.w= —1 + 7 i. D. w = — 4 + 8i. 

Cau 37. Tim gia tri thirc cua tham so m de duong thang d\ y = (2m — l)x + 3 + m vuong goc 

vai duong thang di qua hai diem cue tri cua do thi ham so y = x 3 — 3x 2 + 1. 

3 3 1 1 

A. m = -. B .?n = -. C. m— — -. D. m = -. 

£ X La T* 

Cau 38. Trong khong gian voi he toa do Oxyz, phuong trinh nao duoi day la phuong trinh mat 
cau di qua ba diem M(2;3;3),N(2; — 1; — 1),P(—2; — 1; 3) va co tarn thuoc mat phing 
(a): 2x + 3y — z + 2 = 0. 

A. x 2 + y 2 + z 2 — 2x + 2y — 2z - 10 = 0. B. x 2 + y 2 + z 2 — 4x + 2y — 6z — 2 = 0. 

C. x 2 + y 2 + z 2 + 4x - 2y + 6z + 2 = 0. D. x 2 + y 2 + z 2 - 2x + 2y - 2z — 2 = 0. 
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Cau 39. Cho khoi lang tru dung ABC .A'B'C' c6 day ABC la tam giac can vdi 
AB = AC — a, BAC = 120°, mat phang ( AB'C ) tao vai day mot goc 60°.Tmh the tich V cua 
khoi lang tru da cho. 


A.V = 


3 a d 


B. V = 


9 a d 


C.V = 


D. V = 


3 


8 ' ""8 ‘8 4 

Cau 40. Tim tit ca cac gia tri thuc cua tham so m dk ham so y - ln(x 2 — 2x + m + 1) co tap xac 

dinh la R. 

A. m = 0. B. 0 < m < 3. 

C.m < — 1 hoac m> 0. D. m > 0. 

, mx + 4?n 

Cau 41. Cho ham so y =-vdi m la tham so. Goi S la tap hop tat ca cac gia tri nguyen 

x + m 

cua m de ham so nghich bien tren cac khoang xac dinh. Tim so phan tu* cua S . 

A. 5. B. 4. C. Vo sd. D. 3. 


1 , /(x) 

Cau 42. Cho F(x) = ^2 ^ n g u 3 ; ^ n ham cua ham so ——. Tim nguyen ham cua ham so 
/'(x)lnx. 

f . ( lnx 1 \ f , \nx 1 

A. |/(x)lnxdx = — ( + 2x2/ + B. I / (x)lnxdx = ^ + C. 


(In x 1 

C. I /'OOlnxdx = - ( + ^2 ) + c - 


. lnx 1 

D. / (x)ln xdx = —r- + —r + C. 

x 2 2x z 


Cau 43. Vai cac so thuc duong x, y tiiy y, dat log 3 x = a, log 3 y = /?. Menh d6 nao duai day 
dung ? 

/Vx\ 3 _tcc _\ . /Vx\ 3 a 


A ' los Hv l =9 

3 


C. Iog 27 


3 



1 

^VxV 

{2-4 

B l0 ^27 ( 

v) 


1 

( Vx\ 

<2 + • 

D. log 27 ( 

A 


a 

2 


Cau 44. Cho mat cau (5) tam (9, ban kinh R = 3. Mat phang (P) each 0 mot khoang bang 1 va 
cit (5) theo giao tuyen la dudng tron (C) co tam H . Goi T la giao diem cua tia HO vai (S), tinh 
thi tich V cua khdi non co dinh T va day la hinh tron (C). 


A.V — 


32n 


B. V= 1671. 


c.v = 


1671 


D. V= 32t r. 


Cau 45. Tim tit ca cac gia tri thuc cua tham sd m de do thi cua ham so y = x 3 — 3mx 2 + 4m 3 co 
hai diem cue tri A va B sao cho tam giac OAB co dien tich bang 4 vdi 0 la goc toa do. 

11 

A. m = — 4 -=; 771 = -^= • B. m = — 1; m = 1. 




V2 


C. 771 = 1. 


D. 771 =£ 0. 


Cau 46. Xet cac sd nguyen duong a, fo sao cho phuang trinh aln 2 x -f blnx + 5 = 0 co hai 
nghiem phan biet x lf x 2 va phuang trinh 51og 2 x + b logx + a = 0 co hai nghiem phan biet 
x 3 , x 4 thoa man x ± x 2 > x 3 x 4 . Tim gia tri nho nhat S min cua S = 2a + 3b. 


A. •S'min — 30. 


B ^min = 25. 


C- ‘S'jnin — 33. 


B. — 17. 
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Cau 47. Trong khong gian voi he toa do Oxyz, cho ba diem 
A{— 2; 0; 0), £?(0; — 2; 0) va C( 0; 0; — 2). Goi D la diem khac 0 sao cho DA, DB, DC doi mot 
vuong goc vai nhau va /(a; b; c ) la tarn mat cau ngoai tiep tu dien ABCD. Tmh S = a + b + c. 

A. 5 = - 4. B. 5 = - 1. C. 5 = - 2. D. S = - 3. 

Cau 48. Cho ham so y = fix'). Do thi cua ham s6 y = f\x) 
gix) = 2 fix) + (x + 1) 2 . Menh de nao duai day dung ? 

A. gil) < gi3) < gi — 3). 

B. g(l)<gi-3)<g(3). 

C. gi3)=gi-3)<gil). 

V.gi3) = gi-3)>gil). 


Cau 49. Trong tat ca cac hinh chop tu giac deu noi tidp mat cdu co ban kinh bdng 9, tinh thl tich 
V cua khoi chop co the tich ldn nhat. 

A. 7=144. B. 7 = 576. C. 7 = 576V2. D. 7 = 144 V6. 

Cau 50. Goi S la tap hop tat ca cac gia tri thuc cua tham so m de ton tai duy nhat so phuc z thoa 
manz.z = 1 va |z -V3 + i| = m. Tim s6 phan tu cua S . 

A. 2. B. 4. C. 1. D. 3. 

-het- 
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BO GIAQ DUG VA BAO T AP 

BE THI CHINH THLTC 
(De thi co 06 trang) 


KY THI TRUNG HOC PHO THONG QUOC GIA NAM 2017 
Bai thi: TO AN 

Thai gian lam bai: 90 phut, khong ke then gian phat de 


Ho, ten thi sinh: 
So bao danh: .... 
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Cau 1. Cho ham so y = (x — 2)(x 2 4- 1) co do thi (C) . Menh de nao dudi day dung ? 

A. (C) cat true hoanh tai hai diem. B. (C) cat true hoanh tai mot diem. 

C. (C) khong cat true hoanh. D. (C) cat true hoanh tai ba diem. 

Cau 2. Trong khong gian vbi he toa do Oxyz, cho mat phang (a): x + y + z ~ 6 = 0. Diem nao 
dudi day khong thuoc (cr) ? 

A. N(2; 2; 2) . B. (?(3; 3; 0) . C. P(l; 2; 3) . D. M( 1; - 1; 1) . 


Cau 3. Cho ham so y = /(x) co dao ham f\x) =x 2 + l, VxGl, Menh de nao duoi day dung ? 

A. Ham so nghich bien tren khoang (— oo; 0) . 

B. Ham so nghich bien tren khoang (1; +oo) . 

C. Ham s6 nghich bi4n tren khoang (— 1; 1) . 

D. Ham so dong bi4n tren khoang (— oo; +oo) . 


Cau 4. Tim nghiem cua phuong trinh log 25 (x + 1) = -. 

A. x = —6. B. x = 6. C. x = 4. 


23 

D * = -' 


Cau 5. Cho ham so y = /(x) co bang bien thien nhu sau 


X 

—oo 


-1 


2 

+oo 

y 


+ 

0 

~ 

0 

4- 

y 

2^ 


4. 

^ \ 

\ 




Menh de nao dudi day dung ? 

A. Ham so co bon diem circ tri. 
C. Ham so khong co circ dai. 


B. Ham so dat cue tieu tai x = 2. 
D. Hchn so dat circ tieu tai x = —5. 


Cau 6. Trong khong gian vdi he toa do Oxyz, cho mat cau 
(S): (x - 5) 2 + (y - l) 2 + (z + 2) 2 = 9. Tinh ban kinh R cua (5) . 

A.R = 3. B.R = 18. C. R = 9. D. R = 6. 


Cau 7. Cho hai so phurc z 1 = l — 3i va z 2 = —2 — Si. Tim phan ao b cua so phuc 
z = z ± - z 2 . 

A. b = —2. B. b = 2. C. b = 3. D. b = - 3. 
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Cau 8. Tim nguyen ham cua ham so /(x) = 2sin x. 

A. (2sinxdx = 2cosx + C. B. f2sinxdx = sin 2 x + C. 


C. 2sinxdx = sin2x + C. 


D. 2sinxdx = —2cosx + C. 


Cau 9. Clio so phuc z = 2 - 3i. Tim phan thirc a cua z. 

A. a = 2. B. a = 3. C. a = - 3. 

/ a 2 \ 

Cau 10. Cho a la so thirc duong khac 2. Tinh 1 = logal — I. 


A./ = -. 


B. / = 2. 




D. a = — 2. 


D./ = -2. 


Cau 11. Tim tap nghiem 5 cua phuoug trinh log 3 (2x + 1) — log 3 (x — 1) = 1. 

A. 5 = {4}. B. 5 = {3}. C. 5 = {-2}. D.S = {1}. 

Cau 12. Cho tii dien ABCD c6 tarn giac BCD vuong tai C, AB vuong goc vdi mat phang (BCD), 
AB = 5 a, BC = 3 a va CD = Aa. Tmh ban kinh R cua mat cau ngoai tiep tu dien ABCD. 

5aV2 _ _ 5aV3 _ 5aV2 5aV3 


A. R = 


B.R = 


C. R = 


D.fl! = 


3 3 2 2 

Cau 13. Cho F(x) la mot nguyen ham cua ham s6 /(x) = + 2x thoa man F(0) = 

Tim F(x). 


A. F(x) = e x + x 2 + -. 
C. F(x) = e* + x 2 + ^. 


B. F(x) = 2e x + x 2 --. 

1 

D. F(x) = + x 2 + -. 


Cau 14. Tim tit ca cac s6 thuc x, y sao cho x 2 — 1 + yi = —1 + 2 £. 

A. x = — V2 ; y = 2. B. x = V2, y — 2. C. x = 0, y = 2. D. x = V2, y = — 2. 

Cau 15. Tim gia tri nho nhat m cua ham so y = x 4 — x 2 + 13 tren doan [—2; 3]. 

51 49 51 

A. 772 = —. B. 771 = —. C. 771 = 13. D.771 = —. 

4 


Cau 16. Cho khoi chop S.ABC c6 SA vuong goc voi day, SA = 4 , AB = 6 ,BC = 10 va CA = 8. 
Tinh the tich V cua khoi chop S. ABC . 

A. V = 40. B.V= 192. C. V = 32. D. F = 24. 

7 1 1 

Cau 17. Ki hieu z x , z 2 la hai nghiem phuc cua phuong trinh z z — z + 6 = 0. Tinh P =-1-. 

Zi z 2 

11 1 
A. P = —. B. P = —. C. P = — -. D. F = 6. 

6 12 6 


Cau 18. Cho 


x + 1 x + 2 


dx = aln2 + hln3 vdi a, h la cac s6 nguyen. Menh de nao 


duod day dung ? 
A. a + b = 2. 


B. a — 2£> = 0. 


C.a + jb = -2. 


D. a + 2h = 0. 
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Cau 19. Trong khong gian vdi he toa do Oxyz, cho hai diem A(l; — 2; — 3), £(—1;4; 1) va 


dudng thang d : 


x + 2 y ■ 


Phirong trinh nao dudi day la phuong trinh cua dudng 


- 0 - 0 — ^ ^ 2 - ° — —-— J r 

thang di qua tmng diem cua doan thang AB va song song vdi d ? 

x y— 1 z + 1 x y — 2 z + 2 

A.- = --=-. B. - = - - = - , 

112 1-12 


x _y-l 
1 -1 


x — 1 y ■ 


Cau 20. Trong khong gian voi he toa do Oxyz, cho diem M(3; — 1; — 2) va mat phang 
(a) :3x — y + 2z + 4 = 0. Phuong trinh nao duai day la phuong trinh mat phang di qua M va 
song song voi (a) ? 

A. 3x + y — 2z — 14 = 0. B. 3x — y + 2z + 6 = 0. 

C. 3x - y + 2z — 6 = 0. D. 3x — y — 2z + 6 = 0. 

Cau 21. Cho hinh phang D gidi han bdi duong cong y = e x , true hoanh va cac duong thang 
x = 0,x = 1. Khoi tron xoay tao thanh khi quay D quanli true hoanh co the tich V bang bao 
nhieu ? 


A.V = 


B.V = 


n(e 2 + 1) 


C.V = 


D. V = 


n(e 2 — 1) 


Cau 22. Cho hai ham so y — a x , y = b x vdi a, b la hai so thirc duong y 

khac 1, lan luot co do thi la (6*!) va ( C 2 ) nhu hinh ben. Menh de nao (Cc>)\ 

dudi day dung ? \ 

A. 0 < a < b < 1. B. 0 < b < 1 < a. \ 

C. 0<a<l<h. D. 0 < b < a < 1. \ 


Cau 23. Hinh lang tru tarn giac deu co bao nhieu mat phang doi xung ? 

A. 4 mat phang. B. 1 mat phang. C. 2 mat phang. D. 3 mat phang. 

C , ax + b vi \ 

Cau 24. Dudng cong d hinh ben la do thi cua ham so y =-- vdi J T \\ 


cx + d 


a, b, c, d la cac so thirc. Menh de nao dudi day dung ? 

A. y' < 0, \/x ^ 2. B. y' < 0, Vx ^ 1. 

C. y 1 > 0, Vx ^ 2. D. y' > 0, Vx =£ 1. 


Cau 25. Cho hinh tru co dien tich xung quanli bang 507T va do dai dudng sinh bang dudng kinh 

cua dudng tron day. Tinh ban kinli r cua dudng tron day. 

5V2tt _ n cT 5V2 

A.r — -. B. r = 5. C. r = 5v7r. D. r =- . 
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Cau 26. Trong khong gian voi he toa do Oxyz, cho hai vecto ~a(2 ; 1; 0) va b (— 1; 0; — 2) . Tinh 

A. cos(a, b j = —. B. cos(a, b^j = — 

^2 


C. cos ( 


a,~b^ = 


25 


D. cos^a, b j = -. 


Cau 27. Do thi cua ham so nao trong cac ham so duai day co tiem can dung ? 
1 1 1 


A.y = 1 =. 
■six 


B.y = 


x 2 + x + 1' 


C. y = 


X 4 + 1 


D. y = 


x 2 + 1 


Cau 28. Cho log 3 a = 2 va log 2 h = —. Tinh / = 21og 3 [log 3 (3a)] 4- logi h 2 . 


A. / = —. 
4 


’2“ 2 

B. / = 4. 


3 L °3 ' 

C. / = 0. 


D./ = -. 


Cau 29. Rut gon bieu thuc Q = b 3 : Vh vdi b > 0. 


A .Q = b. 


B.Q = b9. 


C.Q = b~ 3 . 


D. Q = Z?3. 


Cau 30. Cho ham so y = x 4 — 2x 2 . Menh de nao duoi day dung ? 

A. Ham so d6ng biln tren khoang (— 00 ; - 2) . 

B. Ham so nghich bien tren khoang (— 00 ; — 2) . 

C. Ham s6 dong bien tren khoang (— 1; 1) . 

D. Ham so nghich bi4n tren khoang (-1; 1). 

, mx - 2m — 3 , , 

Cau 31. Cho ham so y =-voi m la tham so. Goi S la tap hop tat ca cac gia tri 

x — m 

nguyen cua m de ham so dong bien tren cac khoang xac dinh. Tim so phan tu cua S . 

A. 5. B. 4. C.Vosd. D. 3. 

Cau 32. Tim tat ca cac gia tri thirc cua tham so ?n de ham so y = log(% 2 — 2x — m + l) co tap 
xac dinh la E. 

A. m > 0. B. m < 0. C.m< 2. D. m > 2. 

Cau 33. Trong khong gian vai he toa do Oxyz, cho diem 7(1; 2; 3) va mat phang 
(P): 2x — 2y — z — 4 = 0. Mat cau tarn / tiep xuc vai (P) tai diem H. Tim toa do H . 

A. 77( — 1; 4; 4). B.77(-3;0; -2). 

C. 77(3; 0; 2). D. 77(1; -1;0). 


Cau 34. Cho khoi chop S . ABCD co day la hinh vuong canh a, SA vuong goc vai day va khoang 

, , , aV2 

each tu A den mat phang (SBC) bang ——. Tinh the tich V cua khoi chop da cho. 


A.7 = y . 


B. V = a 3 . 


C.V = 


V3 a 3 


d. V = y . 
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Cau 35. Mot vat chuyen dong trong 4 gid vdi van toe v (km/h) phu thuoe thdi 
gian t (h) co dd thi cua van tdc nhu hinli ben. Trong khoang thdi gian 3 gid ke 
tu khi bit dau chuyen dong, do thi do la mot phan cua dudng parabol co dinh 
1 ( 2 ; 9 ) vdi true doi xung song song vdi true tung, khoang thdi gian con lai do thi 
la mot doan thing song song vdi true hoanh. Tfnli quang dudng s ma vat di 
chuyen dugc trong 4 gid do. 


v* 

1 


9 



0 2 3 4 t 


A. s = 26,5 (km). B. s = 28,5 (km). C. s — 27 (km). 

Cau 36. Trong khong gian vdi he toa do Oxyz, cho hai dudng thang d:^ 
x — 4 y + 1 


D. s = 24 (km). 

|Cxr = 2 + 3t 
y — — 3 + t va 
(z = 4 — 2t 


d'\ 


= —-. Phuong trinh nao dudi day la phuong trinh dudng thang thuoe mat 


phang chua d va d\ dong thdi each deu hai dudng thang do. 


A. 

C. 


x — 3 y + 2 2 — 2 

3 = 1 -2 ' 

x + 3 y — 2 z + 2 


B. 

D. 


x + 3 y + 2 z + 2 

3 ~ 1 -2 ' 

x-3_y-2_z-2 

3 “ 1 _ -2 ' 


1 -2 

1 , f(x) 

Cau 37. Cho F(x) = — —+ la m 6t nguyen ham cua ham so-. Tim nguyen ham cua ham so 

3x J x 

/'(x)lnx. 


I , In x 1 

A. / (x)lnxdx = —3 + ^5 + C. 

f , lnx 1 

C. /(x)lnxdx = —+ ^ + C. 


I . In x 1 

B. / (x)lnxdx = - 5 - - + C. 

f , lnx 1 

D. / (x)lnxdx = -~p-+J^ + C - 


Cau 38. Cho so phuc z thoaman |z + 3| = 5 va |z — 2i\ = |z — 2 — 2i| .Ti'nh |z|. 

A. |z| = 17. B. |z| = Vl7. C. |z|=VlO. D. |z| = 10. 

Cau 39. D6 thi cua ham sd y = — x 3 + 3x 2 + 5 co hai diem cue tri A va B. Tilth dien tich S cua 
tarn giac OAB vdi 0 la goc toa do. 

10 

A. 5 = 9. B. 5 = —. C. 5 = 5. D. 5 = 10. 


Cau 40. Trong khong gian cho tarn giac ABC vuong tai A, AB = a va ACB = 30°. Tinh the tich V 

cua khdi non nhan dugc khi quay tarn giac ABC quanh canh AC. 

V3^7ra 3 /— o Vdna 3 _ Tr o 

A. P =-. B. V = V37ra 3 . C. P = —-—. D. P = 7ra 3 . 


1 

Cau 41. Mot vat chuydn dong theo quy luat s = - - t 3 + 6 t 2 voi t (giay) la khoang thdi gian 


tinh tu khi vat bit diu chuydn dong va s (met) la quang dudng vat di chuyln dugc trong khoang 
thdi gian do. Hoi trong khoang thdi gian 6 giay, ke tir khi bat dau chuyen dong, van toe ldn nhat 
cua vat dat dugc bang bao nhieu ? 

A. 24(m/s) . B. 108(m/s). C. 18(m/s). D. 64(m/s). 
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Cau 42. Tim tat ca cac gia tri thuc cua tham so m de bat phuong trinh 
log 2 x — 21og 2 x + 3m — 2 < 0 co nghiem thirc. 

2 

A. m < 1. B. m < -. C.m < 0. D. m < 1. 

Cau 43. Voi moi so thirc duong avafe thoa man a 2 + b 2 = 8 ab, menh de nao dudi day dung ? 

1 

A. log(a + b) = -(log a + log £>) . B. log(a + b) = 1 + log a + log b. 

1 1 

C. log(a + h) = -(1 + log a + log b) . D. log(a + b) = - + log a + log b. 

z z 

Cau 44. Xet kh 6 i chop S. ABC co day la tarn giac vuong can tai A, SA vuong goc vai day, khoang 

each tu* A d4n mat phing (SBC) bang 3. Goi a la goc giua hai mat piling (SBC) va (ABC), tinh 

cos a khi the tich khoi chop S . ABC nho nhat. 

1 V 3 V 2 2 

A. cos a = -. B. cos a = —. C. cos a — —. D. cos a = -. 

Cau 45. Tim tat ca cac gia tri thirc cua tham so m de do thi cua ham so y = x 4 — 2mx 2 co ba 
dikm cue tri tao thanh mot tarn giac co dien tich nho hon 1 . 

A. m > 0. B. m < 1. C. 0 < m < Va. D. 0 < m < 1. 

Cau 46. Cho ham s 6 y — f(x) . Do thi cua ham so y - f'(x) nhu hinh ben. 

Bat g(x) = 2 f(x) + x 2 . Menh de nao dubi day dung ? 
a. g( 3) < g( - 3) < g( 1) . B. ^(1) < g( 3) <g(- 3). 

C. fl (l) < 5( - 3) < 5(3). D. g( — 3)< g( 3) < 5 ( 1 ). 



Cau 47. Cho hinh non (TV) co duong sinh tao voi day mot goc 60°. Mat phing qua true cua (N) 
cit (N) dugc thilt dien la mot tarn giac co ban kinh duong tron noi tiep bang 1. Tinh the tich V 
cua khoi non gioi han boi (N). 

A.V = 9V3 7T. B. V = 9n. C.V = 3V3 n. D.V = 3n. 

Cau 48. Co bao nhieu s6 phuc z thoa man |z + 3i\ = Vl3 va-- la so thuan ao ? 

z + 2 

A. Vo s6. B. 2. C. 0. D. 1. 

Cau 49. Trong khong gian voi he toa do Oxyz, cho hai diem A( 3; — 2; 6), B( 0; 1; 0) va mat cau 
(5): (x - l) 2 + (y - 2) 2 + (z - 3) 2 = 25. Mat phing (P):ax + by + cz - 2 = 0 di qua A, B 
va cit (5) theo giao tuyen la duong tron co ban kinh nho nhat. Tinh T = a + b + c . 

A.T = 3. B. T = 5. C.T = 2. D. T = 4. 

Cau 50. Xet ham so f(t) = —-voi m la tham so thuc. Goi S la tap hop tat ca cac gia tri cua 

9 f + m 2 

m sao cho f(x) + f(y) = 1 voi moi so thuc x, y thoa man e x+y < e(x + y) . Tim so phan tir cua 

S. 

A. 0. B. 1. C. Vo so. D. 2 . 

-HET- 
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Cau 1. Cho ham so y — /(x) co bang bien thien nhu sau 


X 

— OG 

-2 


2 

+00 

y' 

+ 

0 

- 

0 

+ 

y 

— Oq/' 

x 3 - 

-- 

^0/ 

+00 


Tim gia tri cue dai y C£) va gia tri cue tieu y CT cua ham so da cho. 

y cd ~ ^ y ct “ — y cd ~~ ^ y^r ~ o* 

c y CB = - 2 y ct = 2 - D y CB = 3 ™y C T = °- 


Cau 2. Tim nguyen ham cua ham so /(x) = 
A. 


dx 1 

= -ln|5x-2| + C. 



5x — 2 

B. 


5x — 2 


= 51n|5x-2| + C. 


D. 


dx 1 

— —2 ) + C. 


dx 


5x — 2 


= ln|5x — 2| + C. 


Cau 3. Ham so nao duoi day dong bien tren khoang (— oo; + oo) ? 


A. y = 


x + 1 
x 4* 3 


B . y = x 3 + x. 


c.y = 


x ■ 


x — 2 


D. y = — x 3 — 3x. 


Cau 4. So phuc nao duoi day co 
diem M nhu hinh ben ? 

diem bieu dien tren mat phang toa do la 

M 

y i 

i 

A. z 4 = 2 + i. 

B. z 2 = 1 + 2i. j 



C. z 3 = —2 + i. 

D. z a = l —2i. -2 

o 

X 


Cau 5. Budng cong o hinh ben la do thi cua mot trong bon ham so dubi 
day. Ham so do la ham so nao ? 

A. y = x 4 — 2x 2 + 1. 

B. y — — x 4 + 2x 2 + 1. 

C. y= — x 3 + 3x 2 + 1. 

D. y = x 3 — 3x 2 + 3. 
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Cau 6. Cho a la so thuc duong khac 1. Menh de nao duoi day dung voi moi so thuc duong x, y ? 


A ] °s a - = ^a x -^s a y- 

X 

C ] °S a -= ^g a (x - y). 


B l °S a - = log a x + \og a y. 

x log a x 

D. log - = - -. 

a y log v 


Cau 7. Trong khong gian voi he toa do Oxyz, cho diem 4(2 ; 2; 1) . Tinh do dai doan thing OA. 

A. OA — 3. B. OA = 9. C. OA = V5. D. OA — 5. 

Cau 8. Cho hai so phuc z ± = 4 - 3i va z 2 = 7 -f 3i. Tim so phuc z = z x — z 2 . 

A. z = 11. B. z = 3 + 6 i . C. z = — 1 — lOi . D. z = — 3 — 6 i . 

Cau 9. Tim nghiem cua phuong trinh log 2 (l — x) = 2. 

A. x = — 4. B. x = — 3. C. x = 3. D. x = 5. 


C. x = 3. 


Cau 10. Trong khong gian voi he toa do Oxyz, phuong trinh nao dudi day la phuong trinh cua 
mat phang ( Oyz ) ? 

A. y = 0. B. x = 0. C. y - z = 0. D. z = 0. 

Cau 11. Cho ham so y = x 3 — 3x 2 . Menh de nao duoi day dung ? 

A. Ham so nghich bien tren khoang (0; 2). B. Ham s6 nghich bien tren khoang (2; + oo) . 

C. Ham so dong bien tren khoang (0; 2) . D. Ham so nghich bien tren khoang (— oo; 0) . 

In x 

Cau 12. Cho F(x) la mot nguyen ham cua ham so /(x) =-. Tinh / = F(e) — F( 1) . 

x 


A ./ = e. 


B 

e 


C. I = 


D. / = 1. 


n — 6 r~~ 

Cau 13. Rut gon bieu thuc P = X3. ^Jx vdi x > 0. 


A. P = xs . 


C.P = yfx. 


D. P = X9 . 


Cau 14. Duong cong a hinh ben la d6 thi cua ham s6 y = ax 4 + bx 2 + c 
vai a, b, c la cac so thuc. Menh de nao duoi day dung ? 

A. Phuong trinh y' = 0 co ba nghiem thuc phan biet. 

B. Phuong trinh y' = 0 co hai nghiem thuc phan biet. 

C. Phuong trinh y' = 0 vo nghiem tren tap so thuc. 

D. Phuong trinh y' = 0 co dung mot nghiem thuc. 

, > , x 2 — 5x + 4 

Cau 15. Tim so tiem can cua do thi ham so y =--—-—. 



Cau 16. Trong khong gian voi he toa do Oxyz, tim tat ca cac gia tri cua m dd phuong trinh 
x 2 + y 2 + z 2 — 2x — 2y — 4z + m = 0 la phuong trinh cua mot mat cau. 

A. m > 6. B. m > 6. C. m < 6. D. m < 6. 

Cau 17. Ki hieu z lf z 2 la hai nghiem phuc cua phuong trinh 3z 2 — z + 1 = 0. Tinh 
P = \zi\ + \z 2 \. _ 

V3 2V3 2 Vl4 

A.P = t . BP = — ■ C - P= 3- DP = —- 


Cau 18. Cho khoi lang tru dung ABC .A'B'C' co BB' = a, day ABC la tam giac vuong can tai B 
va AC = ayfl. Tinh the tlch V cua khoi lang tru da cho. 


A. V = a 3 . 


B.V = 


D. 7 = 
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Cau 19. Cho khdi non co ban kinh day r = V3 va chieu cao h — 4. Tinh the tich V cua khdi non 
da cho. 

167tV3 


A.V = 


B.V = An. 


C.V = 16ttV3. 


D. V = 12tt. 


Cau 20. Cho hinh phing D gidi han bdi dudng cong y = V2 + sinx, true hoanh va cac dudng 
thing x = 0,x = n. Khdi tron xoay tao thanh khi quay D quanh true hoanh co the tich V bang 
bao nhieu ? 

A.7 = 2(jt + 1). B. V = 2n(n + 1). C.V = 2n 2 . D. V = 2n. 

2 2 2 

Cau 21. Cho f/(x)dx = 2 va [g(x)dx = — 1. Tinh I = i[x + 2f{x) - 3g(x)\dx. 


11 

D/= y 


-1 -1 -1 
5 7 17 

A./ = -. B./ = -. C / = y. 

Cau 22. Cho mat ciu ban kinh R ngoai tiip mot hinh lap phuong canh a. Menh d6 nao dudi 
day dung ? __ 

V3 R 2V3 R 

A. a = 2'J3R. B. a = ——. C.a = 2R. D. a = ——. 

Cau 23. Trong khong gian vdi he toa do Oxyz, cho ba diem d(0; — 1; 3), B(l;0;l)va 
C(—1; 1; 2). Phuong trinh nao dudi day la phuong trinh chinh tic cua dudng thing di qua A va 
song song vdi dudng thang BC ? 

(x = -2 1 

B. x - 2y + z = 0. 
x— 1 y z — 1 

-2 1 1 ' D ‘ -2 ~ I ~ 1 ’ 

Cau 24. Tim gia tri ldn nhat M cua ham so y = x 4 — 2x 2 + 3 tren doan [0; V3]. 

A. M = 9. B.M = 8V3 . C. M = l. D.M = 6. 

Cau 25. Mat phing (AB'C) chia khdi lang tru ABC. A'B'C' thanh cac klidi da dien nao ? 

A. Mot khdi chop tarn giac va mot khdi chop ngu giac. 

B. Mot khdi chop tarn giac va mot khdi chop tu giac. 

C. Hai khdi chop tam giac. 

D. Hai khdi chop tu giac. 

Cau 26. Trong khong gian vdi he toa do Oxyz, cho hai didm A(4; 0; 1) va B( - 2; 2; 3) . Phuong 
trinh nao dudi day la phuong trinh mat phang trung true cua doan thing AB ? 

A. 3x — y — z = 0. B. 3x + y + z - 6 = 0. 

C. 3x — y — z + 1 = 0. D. 6 x — 2y — 2z — 1 = 0. 

Cau 27. Cho sd phuc z — 1 — i + i 3 . Tim phin thuc a va phin ao b cua z. 



A. a = 0, b = 1. B. a = - 2, b = 1. C. a = 1, b = 0. 

Cau 28. Tinh dao ham cua ham sd y = log 2 (2.x + 1). 


A. y' 


B.y' = 


C. y' = 


D. a = l,b = -2. 
1 


( 2 x + l)ln2 ’ ( 2 x + l)ln2 y 2x + l' 

Cau 29. Cho log a b = 2 va log a c = 3. Tinh P = log a (b 2 c 3 ) . 

A. P = 31. B. P = 13. C.P = 30. 


D.y' = 


2 x+ 1 


D. P = 108. 
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Cau 30. Tim tap nghiem S cua phuong trinh \og^(x — 1) + logi (x + 1) = 1. 

2 

A.5 = {2 + V5}. B.5 = {2-V5;2+V5}. 

C. S = {3}. D.5 = 


3 + Vl3 


Cau 31. Tim tit ca cac gia tri thuc cua tham so m de phuong trinh 4 X — 2 X+1 + m = 0 co hai 
nghiem thirc phan biet. 

A. m e ( - oo; 1). B. m £ (0; + oo). C. m £ (0; 1]. D. m£(0;l). 


Cau 32. Tim gia tri thirc cua tham so m de ham s6 y = — x 3 — mx 2 + (m 2 — 4)x + 3 dat cue dai 
tai x = 3. 


A. m = 1. 

B. m = — 1. 

C. m = 5. 

D .771 = 

— 7. 

Cau 33. Trong khong 

gian vdi 

he toa do 

Oxyz, cho 

mat cau 

(5): (x + l) 2 + (y — l) 2 

+ (z + 2) 2 - 2 

va hai dudng 

x — 2 

thang d : 

y z — 1 
_ 2 ” -1 ’ 


x y z — 1 , 

A:- = - = —— . Phuong trinh nao dudi day la phuong trinh cua mot mat phang tiep xuc vm 


(S), song song vdi d va A ? 

A. x + z + 1 = 0. B. x + y + l = 0. 


C. y + z + 3 = 0. 


D. x + z — 1 = 0. 


Cau 34. Trong khong gian voi he toa do Oxyz, cho diem 4(1; — 2; 3) va hai mat phang 
(P) :x + y + z + l = 0, (Q) :x — y + z- 2 — 0. Phuong trinh nao dudi day la phuong trinh 
duong thing di qua A, song song vdi (P) va (Q)l 

fx — 1 + t 



fx = -1 + t 


X = 1 

fx = 1 + 2t 

i 

A.« 

VJ 

II 

K) 

B. - 

y=-2 . 

c.j y= -2 . 

D. \ 

1 

. z — -3 — t 

1 

i z — 3 — 2t 

kz = 3 + It 

( 


x + m . 16 

Cau 35. Cho ham so y =-— (m la tham so thuc) thoa man min y + max y = —. Menh de 

"- 1 - 1 [l;2] [l;2] 3 


nao dudi day dung ? 
A. m < 0. 


x + 1 
B. m > 4. 


C. 0 < m < 2. 


D. 2 < m < 4. 


Cau 36. Cho khdi chop S.ABCD co day lahinh chunhat, AB = a, AD = cn/3, 54 vuong goc vdi 
day va mat phdng (SBC) tao vdi day mot goc 60 0 . Tinh the tich V cua khoi chop S. ABCD. 


A.V = 


B. V = 


V3a 3 


C. V = a 3 . 


D. V = 3a 3 . 


3 3 

Cau 37. Cho x, y la cac so thuc ldn hon 1 thoa man x 2 + 9y 2 = 6xy. Tinh 
1 + log 12 x + log 12 y 


M = 


21og 12 (x + 3y) 


A.M = 

4 


B. M = 1. 


C.M = 


D.M = 
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Cau 38. Mot vat chuyen dong trong 3 gib vdi van toe v (km/h) phu thuoc thdi 
gian t(h) co do thi la mot phan cua dudng parabol co dinh 1(2; 9) va true ddi 
xung song song vdi true tung nhu hinh ben. Tinh quang dudng s ma vat di 
chuyen dugc trong 3 gib do. 

A. s = 24,25 (km). 

B. s = 26, 75 (km). 

C. s = 24, 75 (km). 

D. s = 25,25 (km). 


O 23 t 


Cau 39. Cho sd phuc z = a + bi (a,b Gl) thoa man z + 2 + i = \z\. Tinh S — 4a + b. 

A. 5 = 4. B. 5 = 2. C. S = - 2. D. 5 = - 4. 

Cau 40. Cho F(x) — (x — l)e x la mot nguyen ham cua ham so f(x)e 2x . Tim nguyen ham cua 
ham so f (x)e 2x . 


A. I f r (x)e 2x dx = (4 — 2x)e x + C. 


B. f'(x)e 2x dx = —-— e x + C. 


C. /'(x)^ 2x dx= (2-x)e x + C. 


D. I /'(X)e 2 *dx = (x— 2 )e x + C. 


Cau 41. Dau nam 2016, ong A thanh lap mot cong ty. Tong sd tien ong A dung de tra luong 
cho nhan vien trong nam 2016 la 1 ty dong. Biet rang cu sau mdi nam thi tong so ti^n dung 
de tra luong cho nhan vien trong ca nam do tang them 15% so vdi nam trade. Hoi nam nao 
dudi day la nam dau tien ma tong so tien ong A dung de tra luong cho nhan vien trong ca 
nam lbn hon 2 ty dong ? 

A. Nam 2023. B. Nam 2022. C. Nam 2021. D. Nam 2020. 

Cau 42. Cho ham so y = f(x) co bang bidn thien nhu sau 


X 

—oo 

-1 

3 


“f-OO 

y* 

+ 

0 

— 0 

+ 


y 

—oo 

5 

i ^ 


H-oo 

ST 


Do thi cua ham so y — \f(x)\ co bao nhieu diem cue tri ? 

A. 4. B. 2. C. 3. D. 5. 

Cau 43. Cho tu dien deu ABCD co canh bang 3a. Hinh non (. N ) co dinh A va dudng tron day la 
dudng tron ngoai tiep tarn giac BCD . Tinh dien tich xung quanh S xq cua ( N ) . 

A. S xq = 6 na 2 . B. S xq = 3^na 2 . C. S xq = 12na 2 . D. S xq = 6^f3na 2 . 

Cau 44. Co bao nhieu sd phiic z thoa man |z + 2 — i\ = 2^2 va (z — l) 2 la sd thudn ao ? 

A. 0. B. 4. C. 3. D. 2. 

Cau 45. Tim tat ca cac gia tri thuc cua tham sd m de dudng thing y = — mx cit dd thi cua ham 
s by = x 3 — 3x 2 — m + 2 tai ba diem phan biet A, B, C sao cho AB = BC . 

A. m E ( - oo; 3) . B. m G ( - oo; - 1) . C.me ( — oo; + oo) . D. m E (1; + oo) . 
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, 1 - ab 

Cau 46. Xet cac so thuc duong a , b thoa man log 2 —= 2ah + a + fc — 3. Tim gia tri nho 


a + b 


nhat P min cua P = a + 2b. 


A P . — 

r mm 


2V10-3 


^min — 


3 VlO- 7 


c P - — 

1 mm 


2V10-1 


D P . = 
1 mm 


2VI0-5 


2 nii “ 2 

Cau 47. Trong khong gian vdi he toa do Oryz, cho hai diem ^4(4; 6; 2),B(2; — 2; 0) va mat 
phlng (P):x + y + z = 0. Xet duong thang d thay d6i thuoc (P) va di qua B, goi H la hinh 
chieu vuong goc cua A tren d. Biet rang khi d thay doi thi H thuoc mot duong tron co dinh. Tinh 
ban kinh R cua duong tron do. 

A .R = V6. B. R = 2. C.R = 1. I). R = 

Cau 48. Cho ham so y = /(x). Do thj cua ham so y = /'(x) nhu hinh ben. Bat 
g(x) = 2/(x) — (x + l) 2 . Menh de nao duoi day dung ? 

A. g(~ 3) >5(3) >5(1). 

B. g(l)>g(-3)>g(3). 

C. g(3) > g( — 3) > g(l). 

D. g(l)>g(3)>g(-3). 

Cau 49. Xet khoi tu dien ABCD co canh AB = x va cac canh con lai deu bang 2 a/ 3 . Tim x de the 
ti'ch kh6i tu dien ABCD dat gia tri Ion nhat. 

A.x = V6. B. x = Vl4. C. x = 3V2. D.x=2V3. 

Cau 50. Cho mat cdu ( S ) co ban klnh bang 4, hinh tru (H) co chiSu cao bdng 4 va hai duong tron 
day nam tren (5). Goi V 2 la the tich cua kb6i tru (H) va V 2 la the ti'ch cua khoi cau (S) . Tlnh ti 

Vi 


:V 3 . 

V 1 

4 

- hr 2 

-3 ih .;. 

y \ 

... ..j/ ..;... 0 

.1.3. A 

-2 - . 


so 


A. 


V 2 ' 

Vj. 


V 2 


9 

16' 


Vi 1 

B. — = -. 
V 2 3 


Vi _ 3_ 

C 'T 2 ~16' 


Vi 2 

D. — = - . 
V 2 3 


■ HET ■ 
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Cau 9. Trong khong gian vdi he toa do Oxyz, cho mat phdng (P) :x — 2y + z — 5 = 0. Diem nao 
dudi day thuoc (P) ? 

A. Q(2; - 1; 5) . B. P(0; 0; - 5) . C. JV(-5; 0; 0) . D. M(l; 1; 6) . 

Cau 10. Trong khong gian vai he toa do Oxyz, vecta nao dirdi day la mot vecta phap tuy£n cua 
mat phang (Oxy) ? 

A.~t = (1; 0; 0). B. k = (0; 0; 1). C.7=(0;l;0). 

Cau 11. Tinh the tfch V cua kh6i tru co ban kinh day r = 4 va chieu cao h = 4V2 . 


D. m = (1; 1; 1). 


A. 7 = 128 n. B. 7 = 64V2tt. 

Cau 12. Tim so tiem can dung cua do thi ham so y = 


C. 7 = 32 7r. 
x 2 — 3x — 4 


x 2 — 16 


A. 2. 

Cau 13. Ham so y = 
A. (0; + co). 


B. 3. 


C. 1. 


D. 7 = 32 V 2 7T. 


D. 0. 


— nghich bien tren khoang nao dudi day ? 
B. (—1; 1). C. (- 00 ; + 00 ). 


D. (- 00 ; 0). 

Cau 14. Cho hinh phdng D gidi han bbi duong cong y = V2+cosx, true hoanh va cac duong 


, Ur , 

thang x = 0, x = —. Khoi tron xoay tao thanh khi quay D quanh true hoanh co the tich V bang 
bao nhieu ? 

A. V = 7 r-l. B.V = C. V = (n + 1)tt. D.V = n+l. 

Cau 15. Vdi a, b la cac so thirc duong tuy y va a khac 1, dat P = log a b 3 + log fl2 b 6 . Menh dS 

nao dudi day dung ? 

A. P = 91og a h. 


B. P = 271og a b. 


C. P = 151og a b. 
x — 3 


D. P = 61og a b . 


B. D = (- 00 ; -2) U [3;+ 00 ). 
D. D = (- 00 ; -2) U (3; + 00 ) . 


Cau 16. Tim tap xac dinh D cua ham so y = log 5 

A.D = R\{-2}. 

C.D = (-2; 3). 

Cau 17. Tim tap nghiem S cua bat phuong trinh log^ x — 51og 2 x + 4 > 0. 

A. 5 = (-00; 2] U [16; + 00) . B. 5 = [2; 16]. 

C. 5 = (0; 2] U [16; + 00) . D. 5 = (-00; l] u [4; + 00) . 

Cau 18. Hinh hop chu nhat co bakich thuoc doi mot khac nhau co bao nhieu mat phang doi xung ? 

A. 4 mat phdng. B. 3 mat phdng. C. 6 mat phdng. D. 9 mat phdng. 

Cau 19. Trong khong gian vdi he toa do Oxyz, phuong trinh nao dudi day la phuong trinh mat 

, , , x-ly + 2z-3 

phdng di qua diem M(3; — 1; 1) va vuong goc vdi duong thang A : —-— = —— = —-— ? 

A. 3x - 2y + z + 12 = 0. B. 3x + 2y + z — 8 = 0. 

C. 3x - 2y + z - 12 = 0. D. x - 2y + 3z + 3 = 0. 

Cau 20. Trong khong gian vdi he toa do Oxyz, phuong trinh nao dudi day la phuong trinh cua 
duong thing di qua diim A(2; 3; 0) va vuong goc vdi mat phdng (P): x + 3y — z + 5 = 0 ? 


y — 3t 


r x - 1 + 3t 

(x = 1 + t 


r x = 1 + t 

/ 

-y = 3t 

B. <y = 3t 

C. ■ 

y = 1 + 3t. 

D. < 

II 

1 

r+ 

vz = 1 — t 

1 

K z - 1 — t 

V 
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Cau 21. Cho kh 6 i chop tu giac ddu co canh day bang a, canh ben gap hai lan canh day. Tfnh the 
ti'ch V cua khoi chop da cho. _ 

V2a 3 _ V2a 3 _ __ Vl4a 3 _ __ Vl4a 3 


A. V = 


B. V = 


c. v = - 


B.V = 


2 ' 6 ' " 2 " 6 

Cau 22 . Phirong trinh nao dudi day nhan hai so phuc 1 + V2 i va 1 — V2 i la nghiem ? 

A. z 2 + 2z + 3 = 0. B. z 2 - 2z - 3 = 0. C. z 2 - 2z + 3 = 0. D. z 2 + 2z - 3 = 0. 

Cau 23. Tim gia tri nho nhat m cua ham so y — x 3 — lx 2 + llx — 2 tren doan [0; 2]. 

A. m = 11. B. m — 0. C.m = -2. D. m = 3. 


Cau 24. Tim tap xac dinh D cua ham so y - (x — 1) 3 . 

A. D = (—oo; 1). B. D = (1; + oo). C. D = 
6 

Cau 25. Cho [f(x)dx = 12. Tinh / = |/( 3x)dx. 


D.D = E\{1}. 


A. I = 6 . 


B. / = 36. 


C. 1 = 2. 


D. / = 4. 


Cau 26. Tinh ban kinh R cua mat cau ngoai tiep mot hinh lap phuong co canh bang 2 a. 
A.R = —. B. R = a. 


C.R = 2V3a. 


D.R = V3 a. 


Cau 27. Cho ham s 6 f(x ) thoa man f'(x) — 3- 5sin x va /(0) = 10. Menh &k nao dudi day 
dung ? 

A. f(x ) = 3x + 5cos x+5. B. f(x) = 3x + 5cos x + 2. 

C. f{x) = 3x — 5cos x + 2. D. fix) = 3x — 5cos x + 15. 

ax + b 

Cau 28. Duong cong o hinh ben la do thi cua ham so y = ^ - voi 

a, b, c, d la cac s 6 thirc. Menh de nao dudi day dung ? 

A. y' > 0, Vx 6 R. 

B. y r < 0, Vx G R. 

C. y' > 0, Vx* 1. 

D. y' < 0, Vx ^ 1. 

Cau 29. Trong khong gian vdi he toa do Oxyz, cho diem 
M( 1; —2; 3). Goi / la hinh chieu vuong goc cua M tren time Ox. Phuong trinh nao dudi day la 
phuong trinh cua mat cau tarn I, ban kinh IM ? 


yn 



1 

I 

X 


A. (x - 1) + y 2 + z 2 = 13. 


B. (x + 1) + y 2 + z 2 = 13. 


C. (x— l ) 2 + y 2 + z 2 = Vl3. D. (x + l ) 2 +y 2 + z 2 = 17. 

Cau 30. Cho sd phuc z = l — 2i.Diem nao dudi day la diem bieu dien cua so phuc 
w = iz tren mat phang toa do ? 

A. Q(l; 2) . B. Ni 2; 1) . C. M( 1; - 2). D. P(-2; 1) . 

Cau 31. Cho hinh chop tu giac d£u 5. z4P0D co cac canh d§u bang aV2. Tinh the tich V cua khoi 
non co dinh S va dudng tron day la dudng tron noi tiep tur giac ABCD. 


A.V = 


na J 


B.V = 


V27ra 3 


C.P = 


7ra" 


D.P = 


V27ra 3 
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Cau 32. Cho F(x) = x 2 la mot nguyen ham cua ham so f(x)e 2x . Tim nguyen ham cua ham so 
f'(x)e 2x . 

A. [f'(x)e 2x dx = — x 2 + 2x+C. 


C. f\x)e 2x dx = 2x 2 — 2x + C. 


B. j fXx)e 2x dx = — x 2 + x + C. 

D. [f'(x)e 2x dx = — 2 x 2 + 2 x + C. 


X + TTi r y 

Cau 33. Cho ham so y — -— (m la tham so thuc) thoa man min y — 3. Menh de nao dudi day 


dung ? 

A. m < 


1 . 


x — 1 
B. 3 < m < 4. 


C. m > 4. 


D. 1 < m < 3. 


Cau 34. Trong khong gian vdi he toa do Oxyz, cho diem M( — 1; 1; 3) va hai dudng thang 

x — 1 y + 3 z — ljXTly z 

A ' . Phirong trinh nao duoi day la phuong trinh 




A '' 3 2 1 ’ ~ ' 1 3-2 

dudng thang di qua M, vuong goc vdi A va A'. 



r x — — 1 — t 

fx= - t 

* 

II 

1 

h-* 

1 

(x— —1 — t 

A.i 

y = 1 + t 

B. -jy = 1 + t. 

c. jy = l — t • 

D. < y = 1 + t 


^z = 1 + 3t 

tz = 3 + t 

yz = 3 + t 

yz = 3 + t 


A. 5 


Cau 35. Mot ngudi gu’i 50 trieu dong vao mot ngan hang vdi lai suat 6 %/ nam. Biet rang neu 
khong rut tibn ra khoi ngan hang thi cu sau moi nam so tien lai se dugc nhap vao goc de tinli lai 
cho nam ti&jp theo. Hoi sau it nhat bao nhieu nam ngudi do nhan dugc so tien nhieu hem 100 trieu 
d 6 ng bao gom gdc va lai ? Gia dinh trong suot thdi gian gui, lai suat khong doi va ngudi do khong 
rut tien ra. 

A. 13 nam. B. 14 nam. C. 12 nam. D. 11 nam. 

Cau 36. Cho sd phuc z = a + bi(a,b ER) thoa man z + 1 + 3i — \z\i = 0. Tmh S = a + 3b. 

7 7 

B. 5 = -5. C. 5 = 5. D. S = - - - 

3 3 

{ x = 1 + 3t 
y = —2 + t, 
z — 2 

x — 1 y + 2 z 

d 2 :—-— = —— = — va mat phang (P): 2x + 2y — 3z = 0. Phuong trinh nao dudi day la 

phuong trinh mat phing di qua giao diem cua d t va (P), dong thdi vuong goc vdi d 2 ? 

A. 2x - y + 2z + 22 = 0. B. 2x - y + 2z + 13 = 0. 

C. 2x - y + 2z - 13 = 0. D. 2x + y + 2z - 22 = 0. 

Cau 38. Cho ham sd y = — x 3 — mx 2 + (4m + 9)x + 5 vdi m la tham so. Co bao nhieu gia tri 
nguyen cua m de ham so nghich bien tren khoang ( — oo; + oo) ? 

A. 7. B. 4. C. 6 . D. 5. 

Cau 39. Tim gia tri thuc cua tham sd m d! phuong trinh log^ x — m log 3 x + 2m — 7 = 0 co hai 
nghiem thuc x lf x 2 thoa man x 1 x 2 = 81. 

A. m = - 4. B. m = 4. C. m = 81. D. m = 44. 

Cau 40. Do thi cua ham s 6 y = x 3 — 3x 2 — 9x -r 1 co hai diem cue tri A\kB. Diem nao dudi 
day thuoc dudng thang AB ? 

A. P(l; 0) . B. M(0; - 1) . 


C. N(l; -10). 


D. Q( — 1; 10). 
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Cau 41. Mot vat chuyen dong trong 3 gia voi van toe v(km/h) phu thuoc thoi gian 
t(h) co do thi cua van toe nliu hinli ben. Trong khoang thoi gian 1 gio* ke tu khi bat 

dm chuydn dong, do thi do la mot phan cua duong parabol co dinh 1(2; 9) va true 

ddi xumg song song voi true tung, khoang thoi gian con lai do thi la mot doan thang 
song song voi true hoanh. Tinh quang duong s ma vat di chuyen duoc trong 3 gio 
do (ket qua lam tron den hang phan tram). 

A. s = 23, 25(km) . B. s = 21, 58(km). 

C. s = 15,50(km) . D. s = 13, 83(km). 



0 12 3 t 


Cau 42. Cho log a x — 3, \og b x = 4 voi a, b la cac so thuc Ion hon 1. Tinh P = lo g ab x. 

7 a 1 12 
A. P = — . B. P = — . C. P = 12. D. P = — . 

12 12 7 


Cau 43. Cho khoi chop S. ABCD co day la hinh vuong canh a, SA vuong goc voi day va SC tao 
voi mat phang (SAB) mot goc 30°. Tinh the tich V cua khoi chop da cho. 

V6a 3 V2a 3 2a 3 

A-^— B - 7= —' C7= - 


—. D.7 = V2 a 3 . 


Cau 44. Cho tii dien deu ABCD co canh bang a. Goi M, N lan lugt la trung diem cua cac canh 
AB, BC va E la diem d 6 i xiing vdi B qua D. Mat phang ( MNE ) chia khoi tu dien ABCD thanh hai 
kh 6 i da dien, trong do kh 6 i da dien chua dinh A co the tich V. Tinh V. 


A.F = 


7V2 a 3 
216 


B. V = 


11V2 a 3 

216 


C.V = 


13V2 a 3 
216 


D.V = 


V 2 a 3 
18 


Cau 45. Trong khong gian vdi he toa do Oxyz, cho mat cau (S):x 2 + y z + z 2 = 9, diem 
M( 1; 1; 2) va mat phlng (P): x + y + z - 4 = 0. Goi A la duong thing di qua M, thuoc (P) va cdt 
(5) tai hai diim A, B sao cho AB nho nhit. Biit rang A co mot vecto chi phuong la u (1; a; b), 
tinh T = a — b. 

A. T = - 2. B. T = 1. C. T = - 1. D. T = 0. 


Cau 46. Co bao nhieu so phurc z thoa man |z — 3i| = 5 va 


z — 4 


A. 0. 


B. Vo so. 


C. 1. 


la so thuan ao ? 

D. 2. 


Cau 47. Xet cac so thuc duong x, y thoa man log 3 
nhit P min cua P — x + y. 


1 — xy 
x + 2 y 


= 3 xy + x + 2y — 4. Tim gia tri nho 


A P ■ = 
r min 

C P - = 
^ r min 


9VTT- 19 

9 ■ 

18Vn - 29 

21 


B.P 


min ~ 


D. p 


min — 


9VTT+ 19 
9 

2V11-3 
3 ' 


Cau 48. Tim tit ca cac gia tri thuc cua tham so m de duong thang y = mx — m + 1 cit do thi cua 
ham sd y = x 3 - 3x 2 + x + 2 tai ba diem A, B, C phan biet sao cho AB = BC. 

A. m E ( — 00 ; 0] U [4;+oo). B.m£l. 


C .me 



D. m G ( — 2;+oo). 
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Cau 49. Cho ham so y = f(x). Do thi cua ham so y = f (pc) iihix hinh ben. 

Bat h(x) = 2/(x) - x 2 . Menh de nao duai day dung ? 

A. fc(4) = h( - 2) > h(2) . 

B. h(4) = ft( - 2) < ft(2) . 

C. h(2) > /i(4) > h( - 2) . -2 

D. /i(2) > h( - 2) > /i(4) . 


Cau 50. Cho hinh non dinh 5 co chieu cao h = ava ban kinh day r = 2a. Mat phang (P) di qua 
5 cat duong tron day tai A va B sao cho AB = 2V3 a. Tinli khoang each d tu* tarn cua duong tron 
day den (P). 



A. d = 


V3 a 


B. d = a. 


C.d = 


V5 a 


D. d = 


V2 a 


HET- 


Trang 6/6 - Ma de thi 101 
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Hirang dan giai va dap an 


Dap an ma 101 


ID 

2B 

3B 

4C 

5B 

6D 

7A 

8C 

9D 

10B 

11B 

12C 

13A 

14C 

15D 

16D 

17C 

18B 

19C 

20B 

21D 

22C 

23C 

24B 

25D 

26D 

27A 

28D 

29A 

30B 

31C 

32D 

33C 

34D 

35C 

36B 

37C 

38A 

39B 

40C 

41B 

42D 

43B 

44B 

45C 

46C 

47D 

48D 

49C 

50D 


Dap an ma 102 


ID 

2A 

3B 

4C 

5D 

6A 

7 A 

8D 

9B 

10B 

11A 

12C 

13C 

14A 

15D 

16D 

17B 

18D 

19B 

20B 

21C 

22D 

23C 

24D 

25B 

26A 

27D 

28B 

29B 

30A 

31D 

32C 

33A 

34D 

35B 

36C 

37B 

38C 

39D 

40C 

41C 

42C 

43B 

44C 

45A 

46A 

47A 

48D 

49C 

50A 


Dap an ma 103 


IB 

2D 

3D 

4C 

5B 

6A 

7B 

8D 

9A 

10B 

11A 

12C 

13D 

14C 

15A 

16C 

17A 

18D 

19C 

20C 

21D 

22B 

23A 

24A 

25D 

26B 

27A 

28D 

29D 

30B 

31D 

32B 

33C 

34D 

35C 

36A 

37C 

38C 

39C 

40A 

41A 

42A 

43C 

44B 

45D 

46B 

47D 

48D 

49A 

50D 


Dap an ma 104 


1C 

2C 

3A 

4D 

5A 

6A 

7B 

8C 

9B 

10B 

11D 

12B 

13C 

14A 

15C 

16D 

17D 

18B 

19C 

20D 

21B 

22C 

23C 

24C 

25A 

26C 

27B 

28D 

29D 

30C 

31C 

32B 

33C 

34B 

35C 

36D 

37B 

38B 

39A 

40D 

41D 

42A 

43D 

44A 

45B 

46A 

47B 

48A 

49B 

50A 
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Huong dan giai cau hay va kho ma d'e 101: 

, N r x~ — 3x — 4 

Cau 12: Tim so tiem can dung cua do thi ham so y - : —-- 


B. 3 


Cl 


x -16 

D. 0 


A. 2 
Huong dan 

Buoc 1: Nhap bieu thiic 

13 Math 

XZ-3X-4 


Buoc 2: CALC so xap xi nghiem cua mau 

m ® Ei (s ca m (s m m m SBdDQSciKsiiJCEicEd) 


E Math A 


13 Math A 


X2-3X-4 ft2-3ft-4 

XZ-16 * 2-16 

0.6250000469 -2999999 

Nhu vay ham chi co mot tiem can dung x = -4 
2 

Cau 13: Ham so y = ——- nghich bien tren khoang nao dudi day ? 


x 2 +l 

A. (0; + °°). B. (- 1; 1). 

Huong dan 

De cho nhanh chung ta dimg d/dx 

Buoc 1: Nhap bieu thuc 

[shifti fi&i (wi fVi (almi m f^i r+i m 

[3 Math A 

^{^Ti)\x=n 


C. (- °°; + °°). D. (- 0) . 


Buoc 2: Chon gia tri dac trung cua cac dap an 

Xet x = 100 xem A vbi C co kha nang dung khong ? 

13 Math A 

-3.99920012xi 6 

Xet x = -100 

0 Math A 

jLf. g. I! 

Jlx=-ioo 

3.99920012xm 6 
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Vay khoanh A loai C. 

Cau 15: Voi a,b la cac so thuc duong tuy y va a khac 1, dat P = \og a b 3 + log^ 2 b 6 Menh de 
nao duoi day dung ? 

A. P = 9\og a b B. P = 21 \og a b C. P = 151og fl i D. P = 6log a b 

Huang dan 

Bieu thuc dung vai moi a,b de ham xac dinh nen minh se chon a = 2,b = 3 

[ 2 ] [shIftI IrcO F>1 m [sHiFTl [rcl! F^] 

B MathTA B Math A 

2*A 3+B 

2 3 

Itojjl (alpha! F)1 CR> (Ml E3 HHI fFl ® [+1 CT Hi F>1 (R) IaIaI ra [s*! (~6~| fsHinl [rcJ liiypl 

B Math A 

log A CB 3 )+log A 2^ 

9.509775004 

Hi@E)[I](!i3®(0®(IllEi3[l] 

B Math A 

C-61og A (B) 

0 

Cau 23: Tim gia tri m nho nhat cua ham so y = x 3 - lx 2 +1 lx-2 tren doan [0; 2] . 

A. /77 = 11 B. m = 0 C. m = -2 D. m = 3 

Huang dan 

Vao Table nhap bieu thuc 

||[ 7 ]g[y||i|@H[ 7 ]||[T]@ [T) GO (alpha) QU H GD (=) 

B Math 

fcx)=x 3 -7x 2 +n» 


Start 0= End 2= Step 0.1= 


H 

P m 

□ 

■HEF 

□. 1 

-D.BE3 

D.E 

-D.0HE 


Math 


Cac em quan sat cac gia tri trong bang thi thay x = -2 la nho nhat 
6 2 

Cau 25: Cho J / (x)dx = 12 . tinh I = J/(3 x)dx 
0 0 

A. 1 = 6 B. 7 = 36 C. 7 = 2 D. 7 = 4 


Bikiptheluc.com Bf kip CASIO cong pha Trac Nghifm Toan 


Hotline: 0977.543.462 




CASIO EXPERT : Nguyln The Lu*c - fb: Ad.theluc - Youtube :MrTheLuc95 


Huang dan 

6 

Cac em chon ham /(x) thoa man dieu kien j / (x)dx = 12 dau tien la minh chon ham co ban 


/(x) = X 

r* 


E Math A 


JO' 




18 


Sau do them bat he so de ra dung KQ nhu de (Chia cho KQ rich phan tmh ra roi nhan vdi 
gia tri rich phan de cho) 

E Math A 


1 


0 18 Ut l 


12 


/(3x) thi cac em thay x thanh 3x 

0 Math A 

[2 12(3X1 d 
Jo IS 


Vay khoanh dap an D. 

Cau 27: Cho ham so /(x) thoa man / '(x) = 3 - 5 sin x va /(0) = 10. Menh de nao duoi day 
dung? A. /(x) = 3x + 5cosx + 5 B. /(x) = 3x + 5cosx + 2 

C. f{x) = 3x-5cosx + 2 D. /(x) = 3x-5cosx + 15 

Hxrdng dan 

Ta co /(0) = 10 nen loai B,C kiem tra dao ham nua la xong khoanh A 

Cau 32: Cho F(x) = x 2 la mot nguyen ham cua ham so / ( x)e 2x . Tim nguyen ham cua ham 

sof'(x)e 2x 

A. | f (x)e 2x dx = -x 2 +2x + C B. Jy* {x)e 2x dx = -x 2 + x + C 

C. J f'(x)e lx dx = 2x 2 - 2 x + C D. J f\x)e 2x dx = -2x 2 + 2x + C 

Huang dan 

Cac em dung nguyen ham tung phan 

J/(x)e 2x dx = x 2 + C-> /(x) = ^ =>J / (x)e 2x dx =f{x)e 2x -2J/(x)e 2x dx = 2x-2x 2 + C 


Cau 33: Cho ham so y = 


e 

x + m 


(m la tham so thuc) thoa man min y = 3 .Menh de nao duoi 

X -1 [2;4] 

D. l<m<3 


day dung? A. m < —1 B. 3 < m < 4 C. m > 4 

Huang dan 

Chung ta se chon m gan dung trong tung doan trude het phai xet dap an B,D khi do min no 
chi xap xi thoi _ 
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-u-...—~— - - - - - - - 


Vai m=3.5 


ED 

El 

EE 


Vai m=4 


Vai m=5 



0 

Math 


0 

Math 


0 

X 

f 


X 

FCX5 


K 

F(K> 

3.9 

kM# 

ED 

3.9 

E.TEMI 

ED 

3.9 

=y|yy3 

M 

El 



El 

M 


S3 



EE 





2.5 



8 j3 




3 


Vay cac em khoanh C 
Tip Luan: 

_1 _ yi/j ^ 777^ _L 1 4+ yyy 

Ta co y' = - j =- j <0 dodo ig [2; 4] —> Min f(x) = 3 <=> x = 4 —> - = 3^>m = 5 

(x-l) (x-l) 4-1 

Cau 35: Mot ngudi gui 50 trieu dong vao mot ngan hang vai lai suat 6%/ nam. Biet rang 
neu khong rut tien ra khoi ngan hang thi cu sau moi nam so tien lai se duoc nhap vao goc 
de tinh lai cho nam tiep theo. Hoi sau it nhat bao nhieu nam ngudi do nhan duoc so tien 


nhieu hon 100 trieu dong bao gom goc va lai ? Gia dinh trong suot thdi gian gui, lai suat 
khong doi va ngudi do khong nit tien ra. 

A. 13 nam. B. 14 nam. C. 12 nam. D. 11 nam. 

Huang dan 

Nhap bieu thuc roi CALC cac dap an 

0 Math A 

50(1+0.061* 


(caEci m rn i=i 
50(1+0.06)’* 


[calc! m HI f =1 
50(1+0.06)* 


100.6098236 


94.91492792 

Vay khoanh C 

Cau 36: Cho so phiic z = a + bi,(a,b e E) thoa man z + l + 3z-|z|z = 0 . Tinh S = a + 3b 


A .S = - B. S--5 C. 5 = 5 D. S = ~— 

3 3 

Huang dan 

Cac em dung kT thuat Newton - Raphson anh da day 6 phan so phuc giai cho nhanh 
ImODEI r 2 l (ALPHAl m [EPHAl [CALCl (M<a| m fWl fALPHAl n~| f +1 n~l f ^1 {~ 3 l (ENGl R fiHiFfl liiypl [ALPHAl fTI CR) (ENGl 
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CMPLH B Math 

w » x » +1 +' i — I X I i 
."■“A i 


fCALCl [T1 FR fENGl 

Lien hoan bang toi khi ket qua khong doi ta duoc 

CMPLX B Math A 

■■_v k-f i +3i -1 k l i 
i 


x=x-* 


-1-1.3333333331 

Vay a = -l,b = -^=> S = -5 


Cau 37: Trong khong gian vdi he toa do O xyz, cho hai dubng thang d x : 


. _ P + 2 _ z 

Ur, . 


x — 1 + 3t 
y =-2 +1 va 
z = 2 


= — mat phang (P): 2x + 2y -3z = 0 . Phuong trinh nao dudi day la phuong 
a —1 2 

trinh mat phang di qua giao diem cua d l va (P) , dong thdi vuong goc vdi d 2 ? 

A. 2x-y + 2z + 22 = 0 B. 2x—y + 2z + 13 = 0 

C. 2x — y + 2z —13 = 0 D. 2x + y + 2z — 22 = 0 

Huang dan 

Cac em tim nhanh giao diem bang Solve 

B Math 

2U+3X)+2(-2+X)l> 

X= 1 

L-R= 0 

M (4, -1, 2) -» ( Q ): 2(x- 4) - (y+1) + 2(z- 2) = 0 <^> 2 x- y+ 2 z-13 = 0 

Cau 38: Cho ham so y = -x 3 - rax 2 + (4ra + 9)x + 5 vdi la m tham so. Co bao nhieu gia tri 

nguyen cua m de ham so nghich bien tren khoang (- oo; + ©o) ? 

A. 7 B. 4 C. 6 D. 5 

Huong dan 

Dang nay cac em dung cong thuc cho nhanh 

a >0 . , . A __ [ a < 0 


Ham bac 3 dong bien tren R : i 2 nghich bien tren R: , 

[b~ -3ac<0 [b -3ac<0 

=> m 2 -3(-l)(4ra + 9)<0-A-9<x<-3 Vay khoanh A 

Cau 39: Tim gia tri thuc cua tham so ra de phuong trinh log 2 x - ralog 3 x + 2ra- 7 = 0 co hai 
nghiem thuc x 19 x 2 thoa man x,x 2 =81 

A. ra = -4 B. ra = 4 C. ra = 81 D. ra - 44 
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Hwang dan 

Cach 1: Thay tung dap an roi Solve tim nghiem 

raiT|(^M[TI(^[^RIMIfs^raiT|(^MrTl(^mrrilAiMI(^R^ 

0 Math A 

+Ylog 3 (X)+2Y-7l 


fsitiFTl ImlcI R fT| [=1 [=] (g) f=l IrclI m [SHiFTl [rcJ [R 


Math A 


Math A 


log 3 (X) i -Ylog 3 0> Aris+A 
X= " 13.34998641 
L-R= 0 13.34998641 

(A)(X)(^mc^m^(^Rm(MimRfiPHAiF)im 


1X1 III0.1II 

0+2V-7)-(X-ft) 


S Math A 

x 

si 

Xet dap an B 

® ® ® fSHiFfl [CALCl t~4~| f=1 [=1 


0 Math A 

Uog 3 (X) ji -Ylog 3 i> AX 
X= 9.247709xm 4 
L-R= 0 


0 Math A 

<Ylog 3 CX)+2Y-7 


0 Math A 0 Math A 

1 og 3 C X) ^ -Y1 og 3 (> U og 3 (X )Y1 og 3 > 
X= " 1.34228351 X= 60.34492668 
L-R= 0 L-R= 0 


0 Math A 

XA 

81 

Vay khoanh dap an A. 

Cach 2: Tw luan cac em tu duy dan gian nhvr sau: 

x,x 2 = 81 -» log 3 (x,x 2 ) = log 3 x, + log 3 x 2 = log 3 (3 4 ) = 4 = m 

Cau 40: Do thi cua ham so y-x 3 - 3x 2 -9x + l co hai diem cue tri Ava B. Diem nao duai 
day thuoc dudng thang AB? 
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A. P( 1;0) B. M( 0;-l) C N( 1;—10) D. 0(-l;lO) 


Hiring dan 

Cac em viet nhanh phuong trinh qua 2 cue tri bang Casio : 


Rf^irnimRfnmiTifsiiMimRreimc^fTifsi 

CMPLX B Math CMPLX B Math CMPLX B Math 


*■ ** 
Or 


-3X^-9X+1 —^ ► 


(3X £ -6X-9K ..2-6X-9) ( 6 X- 6 I 1 

+,+ i 18 “* * 13 1 


fCALCl (ENGl f=1 

CMPLX B Math A 

X 3 -3X 2 -SX+1-—1> 

-2-8i 

Vay phuong trinh qua 2 cue tri la : y - -8x - 2 Vay khoanh C 


Cau 41: Mot vat chuyen dong trong 3 gib vbi van toe v (km/h) phu thuoc 
thbi gian t (h) co do thi cua van toe nhu hinh ben. Trong khoang thbi gian 1 
gib ke tu khi batdau chuyen dong, do thi do la mot phan cua dubng parabol 
co dinh /(2; 9) va true doi xung song song vbi true tung, khoang thbi gian 
con lai do thi la mot doan thing song song vbi true hoanh. Tmh quang 
dubng s ma vat di chuyen duoc trong 3 gib do (ket qua lam tron den hang 
phan tram). 

A. s = 2\25(km) B. s = 21,58(£m) C. s = 15,50(fc») D. s = l3,&3(bri) 



Huong dan 

Trubc het cac em can cac dinh duoc phuong trinh cua van toe tren timg doan. 
Doan tu 0-1 chlnh la 1 plian cua parabol: y = ax 2 +bx + c 


taco J(0;4 )e(P)=>c = 4 va/(2;9) la dinh 


— = 2 
2 a 

4a + 2b+c- 


~ 5 h 

: T’* : 


^5,c = 4 


Vay v = -C 2 +5? + 4—»v(l) = ^ 5 , = J^^+5/ + 4jjif + ^-(3-l) 

B Math A 

Io( ; ?X 2 + 5 X+ 4 )d:i> 

21 . 58 ( 3 ) 

Cau 42: Cho log a x = 3, log;, x = 4 vdi a, b la cac so there Ion hon 1. Tlnh P = log aA x 


A. P 


1_ 

12 


B. P = - 


12 


C. P = 12 


D. P = 


12 

7 


immm 


I'A _ 

■■ • • M 
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Huong dan : De cho nhanh em lay x = 2 khi do a- y/2,b = 

log ?i2>A r 2 KZ) 


Math A. 


12 

1 


Cau 44: Cho tu dien deu ABCD co canh bang a. Goi M, N Ian krgt la trung diem cua cac 
canh AB, BC va E la diem do'i xung vdi B qua D. Mat phang (MNE) chia khoi tu dien ABCD 
thanh hai khoi da dien, trong do khoi da dien chua dinh A co the tich V . Tinh V . 


A. V = 


I'Jla 1 ’ 


B. V = 


216 

Huong dan : Cho a=l 


iiVL 

216 


C.V = 


1 3V2u 3 

216 


D. V = 


V2a 3 

18 



B 


Cac em tu duy dan gian nhu sau : V = V ACMNPQ = V A 


V n 


~ Obcd (X .BMN Ve.DQP ) 


.MNPQ ~ r ABCD ' DOP.BMN 

V 

v ABCD 

Ta co : V ED q P — ~^e-^(dq?)‘^dop ^£->(dqp) ~ ^b^.q dqp) = ^b-kadc) ~ — — 

Cac em de dang chung minh dirge DQP va BMN la tam giac deu quan trong la tinh dien 
tich nua la xong minh se xem xet cac ti le. 

I7Z 

EM = JMB 2 + EB 2 - 2M?.£5.cos60° = — 

2 

— = ——-» sin QED = — .0,5-> QED * 13.9° -> EQD = 180-120-13.9 = 46.1° 

sinQED sin MBE 2 2 

Anh ghi thi ghi the thoi nhung thuc te anh luu gia tri chinh xac vao cac phim nho de 
dam bao ket qua chinh xac tuyet doi 
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DQ ED 


DQ = 


FD 1 

—-sin QED = - 
sin QED sin EQD sin EQD 3 

0 Math A 0 Math A 

■,(■13 113 "] a lxsin t ft1 

Sin'^V^^J sin(i'80-i20-A) 

13.89783625 1 


o 


T , e DQ 2 \f?> V3 1 V6 >/3 M 

Tu do diroc : S, V] „ = —-=- >V r 


4 


36 


3 3 36 324 


1 2 _2 
h.BMN = ^ A->(BMN)AmW = 'J A-KBMN) BMN = ~^AH.S BMN = 3 • 3 


2 -76 0.5 2 ^ V 2 
4 _ 24 


0__ 

72 f 72 TTs" ) 

12 124 324 ) 


Math A 


1172 

216 


Math A 


0.07202013512 0.07202013512 

Cau 45: Trong khong gian vdi he toa do Oxyz, cho mat cau (S): x 2 +y 2 +z 2 = 9, diem 
M( 1; 1;2) va mat phang (P):x+y + z-4-(). Goi A la ducmg thangdi qua M, thuoc (P) va 
cat (5) tai hai diem A, B sao cho AB nho nhat. Biet rang A co mot vecto chi phuong la 
u(l-,a;b), tinh T = a—b 

A. T = -2 B. P = 1 C. P = -l D. T = 0 

Huong dan 


O 

1 


Cac em de y mot chut thi M e ( Q) 
Mat cau co tarn 0,ban kinh R=3 




H 


M A 


K 



Goi H la hinh chieu cua O len mat phang (P) tit do 
'4 4 4' 

.3’3’3. 


ta tim duoc toa do H 


. -1 -1 2 
HM = \ — 

'3 3 3 


, d 0 ^ iP) < R nen (P) cat (S) 


Ta co : HB 2 = KB 2 +HK 2 <=> r 2 


f 


+ d 


H-a(A) 


do do AB nho nhat khi d, 


H —»(A) 


ldn nhat khi 


do K trung M hay noi each khac HM _L AB =>u A = [HM , n 0 J 

VCT0 

HTii 


Q] 

-1 
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Vay w = (l;-l;0)-»a-Z> = -l 

Cau 46: Co bao nhieu so phu’c z thoa man \z - 3/| = 5 va Z la so thuan ao ? 

A. 0 B. Vo so C. 1 D. 2 

Huong dan 

Minhlam theo each traubo goi z-a+bi (a,beR) 

\z - 3z'| = 5 <=> a 2 + (6 - 3) 2 = 25 

z a + bi _(a + bi)[(&-4)-bi] _a(a-4) + b 2 (a-4 )b-ab . 
z-4 (a-4 ) + bi (a-4 f + b 2 (a-4) 2 +Z> 2 (a-4) 2 +Zr 

=S> a(a- 4) + Z> 2 = 0 

[a 2 + (b—3f =25 \a 2 + (b-3) 2 =25 j" 2+ ^~ 3 ) =25 16 

. « , 2a-8 => a = 4,a = —j= 


a -4a+ b =0 


4a-6b = 16 


S Math Lii main 

^+{^=^- 3 j -2b ix^+L^^-yj 

X= 4 X= 1.230769231 

L-R= 0 L-R= 0 

Vay khoanh D. 

Cau 47: Xet cac so thuc duong x,y thoa man log 3 — — = 3xy + x + 2y - 4. Tim gia tri nho 

x + 2 y 

nhat P. cua P = x+y 

min J 

97TT-19 _ 9Vn+i9 _ 1 svTT —29 ^ 2VTT-3 

Tnin ~ g U * "inin ^ min 2| min o 


E Math 


C.P„, - 


18VTT-29 


D. P. = 

mm 


2Vn-3 


~ x 1 — XV 

Huong dan : Dieu kien- ma x,y > 0 —> xy < 1 

x + 2y 

Dau tien cac em xu li dieu kien xem x va y co moi lien he nao khong ? 

Buoc 1: Nhap bieu thuc 

[iojj] d3 eg) (g) GD RUphaI CD @ @®@(T][+)[D(lii^®Cg)0(I][I] @ CD 
liliDiffllliEfflllliDilBCIlE 

B Math A s Math ▲ 

’)- (3!<v+x+2Y * 4:i1 


Btroc 2: SOLVE Y=100 tim X 

(wt) (calc) (T) (o] (T) (=] (=] (§)GU(rcl)CD 
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E Math A 


X= -0.654485049 
L-R= 0 

Cac em duoc quy luat sau : x = 


197 

'301 

197 _ 2.100-3 2y-3 

301 _ 3.100 + 1 ~ 3y + l 


Biroc 3: Xet P = y- ——- vao Table 

3y + l 

BamHmRinf2iHmRm(T)(T)r3iHmmm 

E Math 

f (y■) -y 2^-3 
T I. A ) - A 3X+1 


(UE®H](=)[o]E](S[i](=) 

Math 


F(HJ 

D» 5 |__Jjl3 
0.15 imik 


I.E5 


1.211538462 

Chung ta se xet nho hon hon vi dap an kha gan nhau khi ma da xac dinh duoc doan chua 
min 

[o] [HI CHI (=) HD C=] CoD CD CeD Cl] (Ml 

0 Math 


K 


F CKJ 


D.B 


i.Ei n 


1.211533462 


9 /l 1 — 3 

Vay cac em khoanh dap an i^ in m -«1.211 gan nhat 


Cau 48: Tim tat ca cac gia tri thuc cua tham so m de dudng thang y = mx - m + 1 cat do thi 
cua ham so y = x 3 - 3x 2 + x + 2 tai ba diem A,B,C phan biet sao cho AB = BC 


A. m g(-oo;0]u[4;+oo) B. me] 


C. m e — ;+oo 

4 


D. m e (— 2;+oo) 


Huong dan 


-3x 2 + x + 2 = mx-m + l<=> (x-l)(x 2 -Ix-l-m'j = 0 => 


A' = 2 + m>0—>m>-2 

\2 


AB = BCo{x x - 1) +{mx l -m) - (x 2 -l) +[mx 2 -m) 

<=> (xj -l) 2 j^l + 777 2 ] = (x 2 -l) 2 ^1 + m~ (xj -l) 2 = (x 2 -l)‘ <^> x 1 -1 = l-x 2 o Xj +x 2 = 2 

TheoViet: Cl-A) V|y AB-BCv<Mm,i m >-2 
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Casio cac em xet phuong trinh bac 3: 
y = x 3 -3x 2 + (l-m)x+l + w 

Roi xet m= -10 ra 3 nghiem kiem tra xem AB=BC ? roi xet tiep m = -1.9 xem AB=BC hay 
khong. 

Cau 49: Cho ham so y = f (x). Do thi cua ham so y = f\x) nhu hirih ben. 

Dat h(x) = 2/(x) -x 2 . Menh de nao dixoi day dung ? 

A. h(4) = /?(—2) > h(2). 

B. h(4) = 7z(—2) < h(2). 

C. h(2) > h(4) > h(-2). 

D. h(2) > h(-2) > h(4). 

Huang dan 

Cac em dao ham de sinh ra /’(x) de tu do su dung do thi y = f\x) 
h’(x) = 2 f\x) -2x=> ti(x) = 0 <=> f’(x) = x dua vao do thi ta co : 



A 


/■! 


\. -r 


Xet tren doan [2; 4] : x > /’(x) -A h’(x) < 0 -> ham so 
nghich bien nen h(2) > h(4). Gio ta can so /?(—2) voi h(4) 

4 4 

h(4) - h(-2) = J /?'(x)dx = 2 J [/'(*)-x]dx 

-2 -2 

(2 4 X 

= 2 \[f'{x)-x]clx+\[f'{x)-x\dx =2(S 1 -S 2 ) 


Voi S ] , S 2 Tan luot la dien tich cac phan gioi han boi 2 do thi y = f\x) va y = x tuong ling 
tren cac doan. 


O) 


.. 2 . ..;. 4 
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r ^ •'.rrTF. 


tei 


Huong dan ma 102 

Cau 37. Cho x,y la cac so there ldn hon 1 thoa man x 2 + 9y 2 = 6 xy .Tmh M = 


1 + log, 2 * + log l2 y 

21og 12 (x + 3j) 


A. M = B. M = \. C. M = —. D. M = -. 

4 2 3 

Huong dan 

Cac em nit y theo x : x 2 +9 y 2 = 6xy <=>(x-3y) 2 =0ox = 3 y 

M = + bam may voi y=10 (hoac bat ki y>l) duoc M=1 

21°g 12 (6y) 

Cau 46. Xet cac so thuc duong a,b thoa man log 2 = 2 ab + a + b- 3 . Tim gia tri nho nhat 


^min cua P = a + 2b. 

2a/10-3 


A. P = - 


C. /A = 


2 

2a/I0-1 


B. P. 


D. P m; „ = 


a + b 

3yT0-7 
2 

2VlO-5 


Huong dan: Cac em lam tuong tu bai o ma 101 
Tu luan thi cac em bien doi nhu sau : 


log 


1 ab =2ab + a + b-3o l —^- = 2 2ab+a+h - 3 


a + b 
l-ab 


a + b 
2(1 -ab) 2 a 


■ 2(1 - ab).2 2( '- ab) = (a + b).2° 


a + b 2 n} -° b \2 a+b 2 2 ^ ab) 

Xetham f(t) = t.2 2l ,t>0 f (r) = 2 2 ' + 21.2 1 ' In 2 > 0 nen ham dong bien do do 

f(l(\-ab)) = f (a + b) —> 2(l — ab) = a + b ... 

Sau do cac em the vao P con 1 an roi dung Table cho nhanh. 

Cau 48. Cho ham so y = f(x). Do thi cua ham so y = f’(x) nhu hinh ben. 

Dat g-(x) = 2/(x) - (x +1) 2 . Menh d'e nao dudi day dung ? 

A. g(-3) > g(3) > g(l). 

B. g(l)>g(-3)>g(3). 

C. g(3)>g(-3)>g(l). 

D. g(l)>g(3)>g(-3). 

~ ’ . i : • 

Huong dan: Tuong tu nhu ma 101 

Cau 49. Xet khoi tu dien ABCD c 6 canh AB = x v a cac earth con lai deu bang 2^3 . Tim x de 
the rich khoi tii dien ABCD dat gia tri Ion nhat. 

A. x = yf6. B. x = Vl4. C. x = 3\/2. D. x = 2^f3. 

Huong dan 


/ - ^ 

I -2pAA r 


| ; <>j -1 - 3 * 

— Un ' ' 
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Huong dan ma 103 

Cau 44. Xet khoi chop S.ABC co day la tam giac vuong can tai A, SA vuong goc vdi day, 
khoang each t ix A den mat phang (SBC) bang 3. Goi a la goc giua hai mat phang (SBC) va 
(ABC), tmh cos a khi the tich khoi chop S.ABC nho nhat. 


A. cos a = - 
3 

Huang dan 

S' 


R $ 

d. cos a = — 

3 



r & 

C. cos a = — 

2 


D. cos a = 


, AH ABC 

Ke i => AK = X 

AK1SH A ^ SBC) ' 


Ta co : 

ah=AO- AH=-BC 

sin a 2 V2 


; a = SHA 


AB = 


ak4i 


sm a 


V s .abc =|.SA.S, gc A (AH.tana).^ 


1 3 tana 
6 sin a 


3V2 


v 


1 




cos a 1-cos'a 


CALC timg dap an cho nhanh nhe cac em : Khoanh B 


Dap an A 
9 


E Math A 


Dap an B 


E Math A 


30.375 23.3826859 


Dap an C 
9 


E Math A 


Dap an D 


E Math A 


K<l-X 2 ) 




25.45584412 24.3 

Cau 45. Tim tat ca cac gia tri there cua tham so m de do thi ham so y = x 4 - 2mx 2 co ba diem 
cere tri tao thanh mot tam giac co dien tich nho hon 1. 

A. m > 0 B. m < 1 C. 0 < m < y[4 D. 0 < m < 1 
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Huang dan: Cac em co the lam tu luan hoac thay cac gia tri m dac trung cho dap an roi giai 
ra A,B,C xong tinh dien tich xem co nho hem 1 hay khong 

Cau 46. Cho ham so y = fix). Do thi cua ham so y = f'(x) nhu hinh 
ben. Dat g(x) = 2 f 2 (x) + x 2 . Menh de nao duoi day dung ? 

A. g(3) < g(-3) < g(l) 

B. g(l) < g(3) < g(-3) 

C. g(l)<g(-3)<g(3) 

D. g(-3)<g(3)<g(l) 

Huang dan: Lam tuang tu nhu ma 101 

Cau 47. Cho hinh non (A) co dudng sinh tao vdi day goc 60°. Mat phang qua true cua ( N ) 
cat ( N ) duoc thiet dien la mot tarn giac co ban kinh duong tron noi tiep bang 1. Tinh the 
rich V cua khoi non giai han bai ( N ). 

A. F = SK/3;r B. V = 9n C.V = 3j3n D. V = 3n 

Huang dan 



A. Vo so B. 2 C. 0 D. 1 

Huang dan: Lam tuang tu nhu ma 101 

Cau 49. Trong khong gian voi he toa do Oxyz, cho hai diem A( 3;-2; 6), ^(0;1;0) va mat cau 
(S) :(x-lf +(y-2f +(z-3) 2 = 25. Mat phang (P)\ax + by + cz -2 = 0 di qua A, B va cat (S) 
theo giao tuyen la dudng tron co ban kinh nho nhat. Tinh T = a+b + c. 

A. 7 = 3 B. 7 = 5 C. 7 = 2 D. 7 = 4 

Huang dan 
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[AM 

/ 





d , <p) = AH <AK = d IMAB) 


Vay r nho nhat khi AH=AK hay K la hinh chieu cua I 
len ( P ) 


Phuong trinh AB 


x = 3 1 

y = l-3t tarn 1 (1;2;3) 
z = 6t 


\ BI,u] 

Cac em tmh khoang each tir I tai AB theo cong thiic : d = —pi— 

u 

rmdei rsi m m rn r=i m r=i rsn f=i ishifi rsi m rxi m rsn r=i f3~i r=i rsi f=i 

VCTB VCTB 

_ 3 6 

(ac! fsHiFfl thiypl [sHiFTl f5l f3~1 fsHirfl f5~| |~4~1 fH fWI fsHIFfl |Hy^| fsHirfl f5~| RH m [=1 


VCTB VCTB 

Abs(VctAVctB) jA> Ans^ 

2.236067977 5 

IK 1 = 5 o (3 1 -1) 2 + (-3? -1) 2 + (6t- 3) 2 = 5 
Ve mode 1 dung Solve 

B Math 

C3X-D 2 +(-3X-l> 

X= 0.3333333333 
L-R^ 0 

Vay IK = (0;-2;-l) la vecto phap tuyen cua (P) do do no ciing phuong vai n T = (a;b;c) 
Ma i? e (P) —» b = 2 => a = 0 ? c = 1 => T = 3 


9 1 

Cau 50. Xet ham so f(t) = — -- vdi m la tham so thuc. Goi S la tap hap tat ca cac gia tri 

9+w 

cua m sao cho f(x) + f(y) = 1 Voi moi so thuc x, y thoa man e x+y < e(x + y) . Tim so phan tu 
cua S. 

A. 0. B. 1. C.Vosa. D.2. 
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Hudng dan 

_ [ e x > ex 

Dung table de dang suy ra : \ => e x+y > e(x + y) 

[e* = ex <=> x = 1 

Ket hap vdi yeu cau de suy ra : x+y = 1 


fix)+f(y) = 1« fix) +fi 1 - X) = 1 o /(X) = - +-A—^ = 1 

9 +777 9 + m 

Cac em thay x=l vao giai cho nhanh hoac rut gon di 

9" 9 1 -* _ 9 X ) 9 _ 9 X _ 77? 2 .9" 

9 X +777 2 + 9 1 " X + 777 2 ” <=> 9 X +777 2 + 9 + 777 2 .9" 9" + 7?7 2 9 + 777 2 .9 X 

<i> 777 2 (9 X +777 2 )= 9 + 777 2 .9 X <=> 777 4 = 9 <=>177 = ±^3 

Huang dan ma 104 

Cau 46. Xet cac so nguyen duong a, b sao cho phuong trinh <3ln 2 x + blnx + 5 = 0 co hai 
nghiem phan biet x p x 2 va phuong trinh 5 log 2 x + blogx + a = 0 co hai nghiem phan biet x 3 ,x 4 
thoa man x 5 x 2 > x 3 x 4 . Tim gia tri nho nhat S min cua S = 2a+3b . 

A. SV = 30 B. 5 min = 25 C. S min = 33 D. S rai „ =17 

Huong dan 

Di'eu kien de 2 phuong trinh co nghiem phan biet: b 2 - 20a > 0 -» b > >20a 

—6 it 

x,x, = e inx,+lnX2 = e ° x 3 x 4 = I0 ,ogl3+logjri = 10 5 

X] x 2 > x 3 x 4 <=> e “ >10 5 o — > Alnl0=> — < -A£ —»a>—+-~2.17 —»a min = 3—»& min =8 

a 5 a 5 mlO 

chu y la a,b nguyen duong va S mitl nen ta tim a mm ,b mm 

S m . = 2a+36 = 30 

min 

Cau 47. Trong khong gian vdi he toa do Oxyz, cho ba diemo4(-2;0;0), B(0; -2; 0) va C(0;0;-2). 
Goi D la diem khac 0 sao cho DA, DB, DC doi mot vuong goc vdi nhau va I(a;b;c ) la tarn 
mat cau ngoai tiep tu dien ABCD. Tinh S = a + b + c . 

A. S = -4 B. S = -l C. S = —2 D. S =-3 

Huang dan 
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Cac em de y mot chut thi A,B,C nam tren Ox, Oy, Oz 
nen D thoa man thi chinh la goc toa do luon khong can 
giai he. 

Tam giac DBA vuong can nen I la trung diem AB do 
do /(-1,-1,0) 


IH 


-DC-. 


a-4-1 = 0 
b +1 = 0 <=> 
c-0-1 


a = -1 

c -1 


Cau 48. Cho ham so y = f (x) . Do thi cua ham so y = f\x) nhu 
hinh ben. Dat g(x) = 2/(x) + (x + l) 2 . Menh de nao dudi day 
dung ? 

A. g(l)<g(3)<g(-3) 

B. g(l)<g(-3)<g(3) 

C. g(3) = g(-3)<g(l) 

D. £(3) = s(-3)>g(l) 

Huong dan: Tuong tu nhu ma 101 

Cau 49. Trong tat ca cac hinh chop tu giac deu noi tiep mat cau co ban kinh bang 9, tmh the 
rich V cua khoi chop co the tich ldn nhat. 


1 ' 

. \ . 

2 . 

i a 

; 0 

: ^ ; .v 

• \ __2 

A\ 

\ ’/ 

. r .\ 

V 

~ 4 1- . 

\ 

\ 


A. V = 144 

Huong dan 


B. V = 576 


C. V = 516y[2 


D. V = 144^6 



E la tarn cua day, SE la dudng cao cua chop 

Tu M ke dudng vuong goc SA cat SE tai T thi I la tarn 

cua mat cau 

V = -SE.S 4RCD = —.SE.a 2 A MSI ~ A ESA — = — 

3 ABCD 3 ES SA 


SE - 


-SA 2 
2 _ 

SI 


SE 2 + AE~ 
2 R 


SE 2 + — 


2 R 
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SE 2 +— 2 

SE = -2_ 0 SE 2 - 2R.SE + — 

2 R 2 

*TH 1: 


■ 0 A' = R- 


- — >se=r±Jr 2 -— 
2 V 2 


0 Math 

m f 

13 IE ■FTnr 

IM 13 ERROR 

IE IM ERROR 

2SS 

*TH2: 

K = + L 2 =- 

3 V 2 3 


is 11:3 Mi 

19 IEiB ERROR 

451.6367972 


0 Math 

FCKJ I 


a = _ 9 + J9 2 k 


0 Math 

K F (KJ 

IE II 5M5.EI 

13 IS IWiTr 

IM 13 ERROR 

576 


0 Math 

F(KJ I 


ID I 1.9 STSjSM 
I I IE KCirr 
IE IE.I 5nS.MB 


Cac em dung Table cho nhanh nhe, dau tien la Start 0= End 20= Step 1= sau khi xac dinh 
duoc khoang chua gia tri Ion nhat thi minh xet hep hon Start 11= End 13= Step 0.1= 

Cau 50. Goi S la tap hop tat ca cac gia tri thuc cua tham so m de ton tai duy nhat so phiic z 
thoa man zJ = 1 va \z - V3 + zj = m . Tim so phan tu 5 cua S. 

A. 2 B. 4 C. 1 D. 3. 

Huong dan: 

z = a + bi (a 9 b e R) z.z = 1 <=> \z\ = 1 o a 2 +b 2 = 1 |z — V3 + zj = mo[a — V3^ +(b + \f =m 2 



. Ttr- 

A'"" j 


i ’'"V 

A j 

j 

j 1 

/ 



i 1 

j 

1 S ‘ i 

1 H 


OJ 

J 

r -v ! 

r ^ ! 

- \ : 

1 

1 ' r 

i i 

j i j 

1 1 

!. -n. 



I / 


i j 


jl: 

h 







\ 'S ; 



j 

^ ! 



6 day cac em thay z la giao diem cua dudng tron 
tarn 0(0; 0), R = 1 vdi dudng tron tarn 
/(V3;-1),R = m de ton tai 1 so phuc duy nhat thi 
2 dudng tron nay phai tiep xuc vdi nhau ma chi 
co 2 kha nang la tiep xuc trong hoac ngoai 

Vay khoanh A. 

Cau nay dung hinh hoc ve nhu vay cho nhanh 
khong can tinh cu the mat thdi gian 
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B0 GIAO DUC VA DAO TAO KY THI TRUNG HOC PHO THONG QUOC GIA 2017 
DE THI THE/ NGHIEM Bai thi: TOAN 

(De thi gom 06 trang) Thai gian lam bai: 90 phut, khong ke’thai gian phat de 

Ho, ten thi sinh... 

So bao danh. 

Cau 1. Cho ham so y = x 3 -3x co do thi (C). Tim so giao diem cua (C) va true hoanh. 


A. 2. B. 3. 

Cau 2. Tim dao ham cua ham so y = logx. 


A. y' = 


1 


b. y = 


In 10 


Cl. 


c. / = 
i 


i 


xlnlO 


D. 0. 


D. y' = 


1 


lOlnx 


Cau 3.Tim tap nghiem S cua bat phuong trinh 5 X+1 — >0. 

A. S' = (l;+oo). B. S = (—l;+oo). C. S = (-2;+oo). D. S = (- 00 ;-2). 

Cau 4. Ki hieu a , b Ian luot la phan thuc va phan ao cua so phuc 3 - 2-Jli. Tim a , b. 

A. a = 3;b = 2. B. a = 3\b = 2^[2. C. a = 3;b = x/2. D.a = 3;b = -2\[2. 

Cau 5. Tinh modun cua so phuc 2 biet z = (4 - 3z')(l + z). 

A. |z| = 25V2. B. \z\ = l-j2. C.|z| = 5>/2. D. |z| = -Jl. 

r X — 2 \ 

Cau 6. Cho ham so y = -- . Menh de nao dudi day dung ? 

x + 1 

A. Ham so nghich bien tren khoang(-oo;-l). B. Ham so dong bien tren khoang(-oo;-l). 
C. Ham so dong bien tren khoang (-oo;+oo).D. Ham so nghich bien tren khoang(-l;+oo). 
Cau 7. Cho ham s oy = f(x) co bang bien 
thien nhu hinh ve ben. Menh de nao dudi 
day dung ? 

A. y CD =5. B. y CT = 0. 

C. min y = 4. D. max y = 5. 


-f"QG 




/ 


Cau 8. Trong khong gian vdi he toa do Ox)?z, tim toa do tarn I va ban kinh R cua mat cau 
(x -1) 2 + (y + 2) 2 + (z- 4) 2 = 20. 

A. I(-\;2;-4),R = 5-j2. B. I(-];2;-4),R = 2^l5. C. 7(1;-2;4), R = 20.D. /(];—2;4),7? = 2V?. 
Cau 9. Trong khong gian vdi he toa do Oxyz, phuong trinh nao dudi day la phuong trinh 

x = 1 + 2 1 
y = 3t . 

z =-2+ t 


chinh tac cua dudng thang 
x + 1 y _ z-2 


A. 


1 


B. 


x — 1 

I 


y _ z + 2 


C. 


x + 1 y _ z-2 


1 


3 -2 


D. 


x 1 y z + 2 
2 " 3 ” 1 


Cau 10. Tim nguyen ham cua ham so /(x) = x 2 + —. 
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_ - t _ _1-:- 


A.J/(x)dx = y-- + C. 
C.J/(x)dx = y + Hc. 


B.J/(x)dx = y-i +C . 

D.J/(x)dx = y + hc. 


Cau 11. Cho ham so y = f (x) co bang bien 
thien nhu hinh ve ben. Hoi do thi cua ham 
so da cho co bao nhieu dubng tiem can ? 

A. 1. B. 3. C. 2. D. 4. 


x 

DO -2 


, / /—\2017 / j —\ 2016 

Cau 12. Tinhgia tri cuabieu thuc P = (7 + 4v3 J \7 -4v3 J 

A. P = l. B. P =1-4^3. C. P = 7 + 4>/3. D. P = (7 + 4V3) 2 °' 6 . 

Cau 13. Cho a la so thuc duong, a khac 1 va P = log^ a 3 . Menh de nao dudi day dung ? 

A. P = 3. B. P = l. C.P = 9. 

Cau 14. Ham so nao dudi day dong bien tren khoang (-oo;+oo) ? 


D. P = -. 
3 


A. y = 3x 3 +3x-2. B. _y = 2x 3 -5x+l. C. y = x 4 +3x 2 . 


D.y = 


x + 2 
x + 1 


Cau 15. Cho ham so /(x) = x In x. Do thi nao dudi day la do thi cua ham so y = f\x) ? 


A. 


B. 


C. 


D. 


v 1 



\ 

1 

_^ 


0 

X 


Cau 16. Tinh the tich 1/ cua khoi lang tru tarn giac deu co tat ca cac canh deu bang a. 

. r— „ r— ^ r— o I — 


A. V 


a 3 y/3 


B.V = 


aV3 


C. V : 


A 


D.F = 


a 3 ^3 


6 12 2 4 

Cau 17. Trong khong gian voi he toa do Oxyz , cho cac diem x4(3;-4;0),P(-l;l;3) va 
C(3;l;0). Tim toa do diem D tren true hoanh sao cho AD = BC. 

A. D(r 2;0;0) hoac D(-4;0;0). B. T>(0;0;0) hoac D(-6;0;0). 

C. £>(6; 0; 0) hoac £>(12;0;0). D.T>(0;0;0) hoac D(6;0;0). 

Cau 18. Ki hieu z, va z 2 la hai nghiem phuc cua phuong trinh z 2 +z + l = 0. Tinh 


P = Z\ + z\ + ZjZ 2 . 


A. P-i. B. P = 2. C. P = -l. D.P = 0. 

4 

Cau 19. Tinh gia tri nho nhat cua ham so y - 3x + — tren khoang (0; +oo). 

x“ 
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iiili 


A. min y = 3^9. 

(0;+oo) 


B. min y-1. 

(0;+oo) 


^ . 33 

C. mm y- —. 

(0;+oo) 5 


D. min v = 2^/9. 


Cau 20. Hinh da dien trong hinh ve ben co bao nhieu 
mat ? 


A. 6. B. 10. 


C. 12. 


D. 11. 



Cau 21. Goi S la dien tich hinh phang (H) gidi han 
bdi cac dudng y-f(x\ true hoanh va hai dudng 

thang x = —1, x — 2 (nhu hinh ve ben). Dat 

0 2 

a = J /(x)dx, b = J /(x)dx, menh de nao dudi day 


dung ? 

A .S = b-a. 
C. S = —b +a. 


B. S = Z> + a. 
D. S = -b-a 



Cau 22. Tim tap nghiem S cua phuong trinh log 2 (x-l) + log 2 (x+l) = 3. 

A. 5 = {-3;3}. B. S = {4}. C.S = { 3}. 

Cau 23. Duong cong trong hinh ve ben la do thi cua 

mot ham so trong bon ham so duoc liet ke 6 bon 

phuong an A, B, C, D dudi day.Hoi do la ham so nao ? 

A 2x + 3 „ 2x-l 

A. y = 

C. y = 


x + l 
2x-2 
x — 1 


o-y = 
D- y = 


x + l 
2x +1 
x — 1 



y 

j 

! 



^ ~ 

~i 

b % 

i 


Cau 24. Tinh tich phan I = J2x%/x 2 -ldx bang each dat u = x 2 - 1, menh de nao dudi day 
dung ? 

3 2 3 

A./ = 2jVwdw. B./ = JVi/dw. C./ = JVwdw. 


D./ = 


— JV?7dw. 


Cau 25. Tren mat phang toa do, diem M la diem bieu 
dien cua so phuc z (nhu hinh ve ben). Diem nao trong 
hinh ve la diem bieu dien cua so phuc 2z. 

A. Diem N. B. Diem Q. C. Diem E. D. Diem P. 
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Cau 26. Cho hinh non c6 dien tich xung quanh bang 37ra 2 va ban kinh day bang a . Tinh 
do dai dudng sinh l cua hinh non da cho. 

^ a . B. l = 2-j2a. 


A. / = - 


C. / =—. 
2 


D. l = 3a. 


Cau27.Cho f — — a + b\n^-^-, voi a,b la cac sohu-u ti. Tinh S = a 3 + b\ 

le x +1 2 


l + £ 


A. S = 2. 


B. 5 =-2. 


C. £ = 0. 


D. S = l. 


Cau 28. Tinh the tich V cua khoi tru ngoai tiep hinh lap phuong co canh bang a. 

L Y y- 71Q TD T7~ 3 /-I rr ^ -r r 

A. V = -. B. V = Tta . C. V =-. D. K =-. 

4 6 2 

Cau 29. Trong khong gian voi he toa do Oxyz, cho mat cau ( S ) co tarn 7(3; 2;-1) va di qua 

diem ^4(2; 1; 2). Mat phang nao dudi day tiep xuc voi ( S ) tai A ? 

A. x + y — 3z-8 = 0. B. x—y — 3z + 3 = 0. C. x+y + 3z-9 = 0. D.x + y-3z + 3 = 0. 

Cau 30. Trong khong gian vbi he toa do Oxyz, cho mat phang (P):2x-2y-z + l = 0 va 

7 x — 1 y+ 2 z — 1 , x 

dudng thang A: —— = — = —— • Tinh khoang each d giua A va (P). 


A. d = ~. 
3 


B. d = ~. 
3 


C. d = - 


D.d = 2. 


Cau 31. Tim tat ca cac gia tri thuc cua tham so m de ham so y = (m-l)x 4 -2(m-3)x 2 +1 
khong co cue dai. 

A. l<m<3. B. m<\. C.m>l. D. l</w<3. 


Cau 32. Ham so y = (x-2)(x 2 -1) co do thi nhu hinh ve ben. Hinh 
nao dudi day la do thi cua ham so y = |x-2|(x 2 -1)? 


V 1 

\ 

\ 

1 

1 

I 

, i r- 

\o 

/V .■ 

v 

/ 




Hinh ] 

A. Hinh 1. 


Hinh 2 

B. Hinh 2. 


Hinh 3 

C. Hinh 3. 


7 / 

r 

i 

\ i 

/ 

\ /. 

/ °i 
i 

v * 


y\ 

1 u\ 

\ 

i 

\ ' 1 

j 

F 

\ / ! 
\ 

\ / 

\ i 1/1 

\ 1 
Vs/ 

\ i \ 

\ i V 

v/ °\ 

\J * 0 



D. Hinh 4. 


Cau 33.Cho a, b la cac so thuc duong thoa man a * 1, a * \fb , log o b = VJ. Tinh P = log^ 

a 

A. P = -5+3^3. B. P = -l + ji. C.P = -1-V3. D. P = -5-3y/3. 

Cau 34. Tinh the tich 1/ cua phan vat the gidi han bdi hai mat phang x = l va x = 3, biet 
rang khi cat vat the bdi mat phang tuy y vuong goc vdi true Ox tai diem co hoanh do 

x(l < x < 3) thi duoc thiet dien la mot hinh chu nhat co do dai hai canh la 3x va ^3x 2 -2. 
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A. V = 32+2^15. 


B. V = 


124x 


C. V: 


124 


D. V = (32+2^\5^n. 


Cau 35. Hoi phuang trinh 3x 2 - 6x + ln(x+ 1) 3 +1 = 0 co bao nhieu nghiem phan biet ? 

A. 2. B.l. C.3. D. 4. 

Cau 36. Cho hinh chop S.ABCD co day la hinh vuong canh a , SA vuong goc vdi mat day, 
SD tao vdi mat phang (SAB) mot goc bang 30°. Tinh the tich V cua khoi chop S.ABCD. 


A. V = 


Vfor 
~ 18 ~ 


B. V = Sa 


C. V ■ 


■J6a 3 


D. V = 


V3a 3 


Cau 37. Trong khong gian vdi he toa do Oxyz , cho duong thing 

. Phuang trinh nao dudi day la phuang trinh hinh chieu vuong goc 


x-\ _ y + 5 _ z -3 


2-14 
cua d tren mat phang x + 3 = 0 ? 


A. 


(x = -3 


x = -3 


x = -3 


'n V 

II II 

1 1 

CO 

+ 1 

B. < 

y = -5 + t. 

z = 3 + At 

c. • 

y = -5 + 2t. 

z-3-t 

D.< 


x = -3 
y — 6 t. 
z = 7 + 4t 


Cau 38. Cho ham so f(x ) thoa man j (x + l)/ f (x)dx = 10 va 2 /( 1 )-/( 0 ) = 2 . Tinh 

o 

i 

I = | f(x)dx. 

0 

A. I = -12. B./ = 8 . C. 7 = 12 . D. 7 =- 8 . 

Cau 39. Hoi co bao nhieu so phiic z thoa man dong thbi cac dieu kien: \z—i\ = 5 va z 2 la so 
thuan ao ? 

A. 2. B. 3. C.4. D. 0. 

r In x A \ -v 

Cau 40. Cho ham so y =-, menh de nao dudi day dung ? 

x 


A. 2y' + xy” = — 


B. y' + xy" = — 7 . 

x' 


c. = —v. 


D. 2y' + xy" = —y. 

x ' 


Cau 41. Hoi co bao nhieu so nguyen m de ham so y = (m 2 -l)x 3 +(m-l)x 2 -x + 4nghich 
bien tren khoang (-oo;+oo)? 

A. 2 . B.l. C.O. D. 3. 

Cau 42. Trong khong gian vdi he toa do Oxyz, cho mat phang (P):6x-2y + z-35 = 0 va 
diem v4(—1;3; 6 ). Goi A' la diem doi xiing vdi A qua (P), tinh OA\ 

A. OA' = 3-Jl6. B. 04' = 573. C. OA' = V46. D. OA' = -Jm. 

Cau 43. Cho hinh chop hi giac deu S.ABCD co canh day bang 3\fla, canh ben bang 5 a. 
Tinh ban kinh R cua mat cau ngoai tiep hinh chop S.ABCD. 


A. R = Jia. 


B. R = -j2a. 


C. R -- 


25 a 


D. R = 2a. 
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Cau 44. Cho ham so / (x) lien tuc tren R va thoa man /(x) + f (— x) = V2 + 2 cos 2x, Vx e I 

3 n 

T 

Tinh 7= J f(x)dx. 


A. I- - 6 . B./ = 0. C. 7 = - 2 . D.7 = 6 . 

Cau 45. Hoi co bao nhieu gia tri m nguyen trong doan [—2017; 2017] de phrrong trinh 
log(777x) = 21og(x+1) co nghiem duy nhat ? 

A. 2017. B. 4014. C. 2018. D.4015. 

Cau 46. Goi S la tap hop tat ca cac gia tri thuc cua tham so m de do thi cua ham so 

y = ^x 3 -mx 2 +(in 2 -l)x co hai diem cue tri la A va B sao cho A, B nam khac phia va each 

deu dudng thang y = 5x-9. Tinh tong tat ca cac phan tu cua S. 

A. 0. B. 6 . C. - 6 . D. 3. 

Cau 47. Trong khong gian vdi he toa do Oxyz , cho mat phang (P):x-2y + 2z-3 = 0 va 
mat cau ( S ): x 2 +y 2 +z 2 +2x-4y-2z+5 = 0. Gia su diem M e (P) va N g ( S ) sao cho vecto 
MN cung phuong vdi vecto w(l;0;l) va khoang each giua M va N ldnnhat. Tinh MN . 

A. MN = 3. B. MV = 1 + 2V2. C. MV = 3 %/ 2 . D. MV = 14. 

Cau 48. Xet cac so phuc z thoa man [z + 2 -/|+|z- 4 - 7 ;| = 6 %/ 2 . Goi m,M l'an luot la gia tri 
nho nhat, gia tri ldn nhat cua \z -1 + z|. Tinh P = m + M. 


A. P = -Jl3+y[T3. B ,P = 


5>/2+2V73 


C. P = 5V2 + n/73 . 


D. P = 


5>/2 + V73 


2 2 
Cau 49. Cho mat cau tam O, ban kinh R. Xet mat phang (?) thay doi cat mat cau theo giao 
tuyen la dudng tron (C). Hinh non (N) co dinh S nam tren mat cau, co day la dudng tron 
(C) va co chieu cao la h (h > R ). Tinh h de the rich khoi non duoc tao nen bdi (N) co gia tri 
ldn nhat. 

A./j=V3P. B.h = -JlR. 


c. h = A A 

3 


D.A = —. 
2 


Cau 50. Cho khoi tu dien co the tich bang V. Goi V' la the tich cua khoi da dien co cac 

^ V' 

dinh la cac trung diem cua cac canh cua khoi tu dien da cho, tinh ti so —. 


A. —= —. 
V 2 


B.^ = I. 

V 4 


C.^ = l 

V 3 


D. - = 

V 8 


HET ■ 
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Full tuyet ki Casio Ha Guc De Minh Hoa Lan 3 

Cau 1: Cho ham so y = x 3 - 3x co do thi (C) . Tim giao diem ciia (C) va true hoanh. 

A.2 B.3 C. 1 D.O 

Huong dan: 

Cac em vao giai phuong trinh bac 3 trong may tinh 

I [«D (33 QD (=) [o] [=) B SD (=1 IS CD ti] 


Xi= 


B MathY 


X2= 


■13 


B MathYA 


-43 


X3= 


Vay khoanh dap an B. 

Cau 2: Tinh dao ham cua ham so y = logx 


A. 

x 


B. / =—. 


c. /= 


1 


xlnlO 


Huong dan 

Cac em xet hieu dao ham tai X vdi cac dap an 

@(®@iimm®iSiT)®B(S)iTi®iicii 

B Math 


<(10900 


B Math A 


0 


d. / = 


1 


10 b x 


(calci rn foi f=i 

B Math A 

^(10900 

-0.05657055181 

No khong bang 0 minh sang dap an khac, khong can bam CALC nu*a nhe, bam [=) luon 
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Math A 


Kin CIO) 


i 


B Math A B Math A 

^nogOi))| K=K -t> ^ClogCX))| x=K -> 
-1.532xii 13 0°0’0” 


Vaykhoanh dap an C 


Cau 3.Tim tap nghiem S cua bat phuong trinh 5 X+ ' -1 > 0. 

A. 5’ = (l;+oo). B. 5 = (-l;+oo). C.5 = (-2;+oo). 

Hu o ng din 

Cac em nhap bieu there roi CALC tirng dap an 


B Math A 

ejK+i.i 

5 


D. S = (- 00 ;-2). 


Xet cac gia tri dac tru'ng tung dap an 
X = -10 (Dap an D) X = 10 (Dap an A,B,C) 

HBBOi (calc) (T) (T) (=) 


X = -1.9 (Dap an D) 

fcALci h rn r t~9~i [=1 


B Math A B Math A B Math A 

5X+1-1 PjK+l_l f;K+1_1 

-0.1399994SQ 48S28124.S 0.03492378862 

Cau 4. Ki hieu a , b Ian luot la phan thuc va phan ao cua so phiic 3-2-J2L Tim a, b. 
A. a = 3;b = 2. B. a = 3\b = 2^2. C. a = 3;b = j2. D.a = 3;b = -2>/2. 

Huong dan: D 

Cau 5. Tmh modun cua so phuc z biet z = (4-3z)(l + 0- 

A. |z| = 25a/2. B. \z\ = 7>/2. C. \z\ = 5^2. D. |z| = VI 

Huong din 

|z| = |z| nen cac embam thangluon 
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CMPLX E Mtfh A 

I (4-3i)(l+i)I 

572 

Cau 6. Cho ham so y = ——. Menh de nao dudi day dung ? 
x+1 

A. Ham so nghich bien tren khoang (- 00 ;-l). B. Ham so dong bien tren khoang (- 00 ;-l). 
C. Ham so dong bien tren khoang (- 00 ; + 00 ). D. Ham so nghich bien tren khoang 
(-l;+oo). 

Huong dan 


Ham so khong xac dinh tai x = -1 loai C. 

B Math A 

-£Lf2S=2’|i 

dx L K+i Jl x=-l0 

0.03703703704 

Vay khoanh B 

Cau 7. Cho ham soy = f (. x ) co bang bien 
thien nhu hinh ve ben. Menh de nao dudi 
day dung ? 

^•XcD = ^* XcT = 

C. min y = 4. D. max y = 5. 

R R 

Huang dan: khoanh A 



Cau 8. Trong khong gian vdi he toa do Oxyz , tim toa do tarn I va ban kinh R cua mat 
cau (x - 1) 2 +(y + 2) 1 + (z—4) 2 = 20. 

A. /(—1;2;-4),7? = 5V2. B. 7(-l;2;-4),7f = 2>/5. C. 7(1;-2; 4), 7? = 20. D. 7(1;-2;4),7? = 2^5. 
Huang dan: Khoanh D 


Cau 9. Trong khong gian vdi he toa do Oxyz, phuong trinh nao dudi day la phuong 

(x = \ + 21 


trinh chinh tac cua dudng thang 


<y = 3t 
z = -2 + 1. 
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* x + \ _y _z-2 -pj x-l_y_z + 2 ^ x + \_y _z-2 

' ~~~3 ~~ T ~‘ '~ 3 ~- '~ T ~~ 3 ~ -2 ’ 

Huang dan: Khoanh D 


2 

Cau 10. Tim nguyen ham cua ham so /(x) = x 2 +—. 

A.J/(x)dx = y-^ + C. 


C.|/(x)dx = y + ^ + C. 

D . J /(x)dx = y +1 + C. 

Huang dan 



Xet hieu dao ham cac dap an vai bieu thuc can ti'nh 


D. 


x — 1 
2 


y _z + 2 



O Math A 




SEE! 

d \ x 3 2 
fjx L 3 


Math A 




Bang 0 hay xap xi la dap an dung an 0 de kiem tra. 


Cau 11. Cho ham so y = f(x ) co bang bien 
thien nhu hinh ve ben. Hoi do thi cua 
ham so da cho co bao nhieu duong tiem 
can ? 

A. 1. B.3. C.2. D.4. 



Huang dan 

Tiem can dung x = -2,x = 0 Tiem can ngang y = 0 
Cau 12. Tinh gia tri cua bieu thuc P = ^7 + 4v3j ^7-4V3j 
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A. P = \. B. P = 1-4^3. C. P = 7 + 4>/3. D. P = (l+ 4^3 

Huong dan 

Cac em bam true tiep y nhu vay se khong ra duuc cac em bam thanh : 

/■-[(7+W5)(7-W3)]”.(7+W3) 


C(7+4J3H7-4J3)> 

7+4J3 

Cau 13. Cho a la so thuc duong, a khac lva P = log^ a 3 . Menh de nao dual day dung 


A. P = 3. 

Huong dan 


Chon a = 2 


(T| [sHiFTl IrcD F>1 


B. P = l. 


C.P = 9. 


D. p = ~. 
3 




S Math A 


1os Sjt -CA 3 3 


Vay khoanh dap an C. 


Cau 14. Ham so nao dudi day dong bien tren khoang (-oo;+oo) ? 
A. y = 3x 3 +3x-2. B. y = 2x 3 -5x+l. C. y = x 4 +3x 2 . 

Huang dan 


D. y = - 


Cac em co the dung Table hoac nham nhanh y = 3x 3 +3x-2—>y' = 9x 2 +3 > 0 


Cau 15. Cho ham so f(x) = xlnx. Do thi nao duoi day la do thi cua ham so y = /'(x)? 
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y ' 

l 

i 

y 1 

: / 

/ 

y 1 

, 1 

y 1 

\ 


O 

1 * 0 

A * o 

1 l / 0 

X 



j 

/ 




B. 

C. 

D. 



Hu o ng dan 


(wt) O S 0 03 S CD CD ® GDtU 


SiEi 


0 Math A 

^ 0 !lnOOD| x=n 


0 Math 

Math ERROR 

CAC 3 :Cancel 

Z *3 Z ►::Goto 


0 Math A 

^•CXlnOOJI M1 

1 


Tai 0 khong xac dinh, tai x=l,y=l nen khoanh C 

Cau 16. Tmh the tich V cua khoi lang tru tam giac deu co tat ca cac canh deu bang a. 


A. V = 


a 3 A 


B. V = 


a\/3 

12 


C. V = - 




D.k = 


W3 


Huong dan 


... a’ i i t r a 2 'Is a 3 -J 3 
Nham nhanh : V =- .a =- 


Cau 17. Trong khong gian voi he toa do Oxyz, cho cac diem ^(3;-4;0), £(-];l;3) va 
C(3;l;0). Tim toa do diem D tren true hoanh sao cho AD = BC. 

A. D(-2; 0;0) hoac D(-4;0;0). B. D(0;0;0) hoac D(-6;0;0). 

C. D( 6;0;0) hoac D( 12;0;0). D.Z)(0;0;0) hoac D( 6;0;0). 

Huong din 

Thiet lap nhanh phuong trinh tren may: (A-3) 2 +(4) 2 +(o) 2 -(4 2 +3 2 ) 


CALC ra dap an D 

Cau 18. Ki hieu z, va z, la hai nghiem phuc cua phuong trinh z 2 +z+l = 0. Tinh 
P = z \ +z l +ZjZ 2 . 

A. P = 1. B. P = 2. C. P = - 1. D.P = 0. 

Huong dan 
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Vao giai phuong trinh bac 2: @ [~5l f3~1 fTl f=l [T1 f=1 fTl f=1 f=1 

Lim nghiem XI vao X : I shift] (rcl) Q] X2 vao Y : (=) I shift] [rcl] Is*d1 Roi [MODE] UTI 


Xi= 

13 Mi.tliT 

X2= 

B MathTA 

CMPLX B 

x £ +y £ +xy 


i . ■j's’- 


I-*- 

«1 



-2+—1 


"2 2 1 



4 

Cau 19. Tinh gia tri nho nhat cua ham so y = 3x+— tren khoang (0;+co). 

x~ 

33 

A. min v = 3-\/9. B. min y = 7. C. min v = —. D. min y = 21[9. 

(0;+oo) (0 ;-ko) (0;+oo) 5 (0;+oo) 

Huang dan 

Dung Table : Start 0= End 9= Step 0.5= 


@0(I]@mffl®E®@m(D(U(E(D®(Dlo][E[I](D 


E Math 


B Math ▲ 


3 

M 

5 


F CK> 

I 1 

1.5 nwm 

6.27777777S 


3 S V9 

6.240251469 


Vay khoanh dap an A 


Cau 20. Hinh da dien trong hinh ve ben co bao 
nhieu mat ? 

A. 6. B. 10. C. 12. D. 11. 


Huang dan : Bern xong khoanh D 

Cau 21. Goi S la dien rich hinh phang (H) gidi han 
bdi cac dudng y = f(x), true hoanh va hai dudng 

thang x = - 1 , x = 2 (nhu hinh ve ben). Dat 

0 2 

a = jf (x)dx, Z> = J / (x)dx, menh de nao dudi day 

-1 0 

dung ? 

A. S = b-a. B. S = b + a. 

C. S = -b + a. D. S--b-a. 
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Hwang dan: Dap an A. 

Cau 22. Tim tap nghiem S cua phuong trinh log 2 (x-l)+log 2 (x+l) = 3. 

A. S = {-3;3}. B. 5 = {4}. C.5 = {3}. D.S , = {-VlO;Vio}. 

Hwang dan: 

Cac em nhap phuong trinh vao may : 

fio^s] i~2i eg) [Mi rri h rn cR) [+i noj^ai iti cr> hph m r+i rn r—i rsi 

E Math A 

0+log 2 (X+l)-3 


[caEcI r iti i=i 

E Math 

Math ERROR 

CAC3 :Cancel 

[4 3 Z 1-3 : Goto 

Vay khoanh dap an C 


E Math A 

log 2 CX-l)+log £ (t> 

0.9068905956 


ICALCl f3l [=1 

E Math A 

log 2 (X-l)+log 2 (i> 

0 


Cau 23. Duong cong trong hinh ve ben la do thi cua 
mot ham so trong bon ham so duoc liet ke 6 bon 


phuong an A, B, C, D duoi day.Hoi do la ham so 


nao ? 

A. y = 

2x + 3 

B.y = ■ 

x + 1 

II 

A 

u 

2x-2 

O 

V 

II 

x — 1 


2x-l 
x + 1 
2x + l 
x—1 



Huang dan: Dua vao tiem can dung => A,B , dua 
vao giao Oy => B 


Cau 24. Tmh tich phan I = j2xVx 2 -ldx bang each dat u - x 2 -1, menh de nao duoi day 

i 

dung ? 


Bikiptiieluc.com 


Bi kip CASIO cong pha Trac Nghiem Toan 


Hotline: 0977.543.462 






Wmm CASIO EXPERT : Nguyen Thl Lye - fb: Ad.theluc - Youtube :MrTheLuc95 


A .1 - 2^yfudu. 

0 1 

Huang dan 

Tinh tich phan roi so voi gia tri 6 cac dap an 


2 3 | 2 

B./ = JVwdw. C.I = jyfudu. D./ = — JVi/dw. 


B Math A 


B Math A 


Ji2XixM"cfe 

3.464101615 


loVXdx 

3.464101615 


Cau 25. Tren mat phang toa do, diem M la diem 
bieu dien cua so phiic z (nhu hinh ve ben). Diem 
nao trong hinh ve la diem bieu dien cua so phuc 2z. 



A. Diem N. B. Diem Q. C. Diem E. D. Diem P. 

Huong dan: Chon C 

Cau 26. Cho hinh non co dien tich xung quanh bang 3 ncr va ban kinh day bang a. 
Tinh do dai dudng sinh l cua hinh non da cho. 


A. / = 




B. / = l-Jla. 


C. / = 


3 a 


D. / = 3a. 


Hudng dan: S x = mi ~^l = 3a 


Cau 27. Cho f A —= a + Hnltf vdi a,b la cac sohuu ti. Tinh S = a 3 +b 3 . 
J^+1 7 

C. 5 = 0. D. 5 = 1. 


1 + e 

o^+l l_ 2 

A. 5 = 2. B. 5 =-2. 

Huong dan 


Tinh tich phan luu vao A 

0 Mtth A 

0.379885493 

A = a+b\n^Y~=>b= A ^ e thayvao S = a 3 +b : ' = Dap an giai ra xem a,b dep khong 
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Nhap vao may: 

fAppHAi m fsHiFTi iFiffimm imi q h imi m (t> rnri pmi rn fr immi ixio^i (▼) m (►-> m cri 

m fsHirrl f3c^l 


X° + 


0 Math A 

A-X -i 3- 


i-m. 

Dap an A : Q l~2l 

i+ ( 


i 


E Math A 

3 -2 


[sHirrl fcALc] [=1 f=) 

12 Math A 

l ln lTJJ 

-0.410302725 
L-R= 0 


X= 


Tuong tu vdi cac dap an khac cuoi cung la C: 

12 Math A 

X= 1 

L-R= 0 

Vay khoanh dap an C. 

Cac em co the dung Table neu thich : Start -4=, End 4=, Step 0.5= 


A-X 

ID 

1 1 

K 

FCH? 

i I 

f 1+e 1l 

D. 5 

1 

l £ J' 

IE 

1.5 

-I.BDE 


-1 


V ay a — 1, b — —1 —^ S — 0 —^ C 


Cau 28. Tmh the tich V cua khoi tru ngoai tiep hinh lap phuang co canh bang a. 

A. V =—. 

4 

Huong dan: 


A.V = —. B. V = na 3 . C.V = —. D.V = — 

4 6 2 


Ve hinh nhanh: 


II 

a 

r \ 

« a ->V = 7r\ 

a 

r= Ti 



.cl —^ JD 
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Cau 29. Trong khong gian vdi he toa do Oxyz , eho mat cau ( S ) co tarn 7(3; 2;-1) va di 
qua diem >4(2; 1; 2). Mat phang nao dudi day tiep xuc vdi (S) tai A ? 

A. x+y-3z-8 - 0. B. x—y—3z+3 = 0. C. x + jp + 3z-9 = 0. D. x + y-3z + 3 = 0. 

Huong dan: 


6 day chung ta dung dieu kien tiep xuc : d } ) =IA = Vll 


Dap an A 

[2 Math A 

I 3+2-3C-l3-Si 
Vi+1+9 


7—>(mp) 

Dap an B 

[2 Math A 


Dap an C 


E Math A 


■4 1 + 1+9 


■4 1 + 1+9 


0 


7m 1 11 
11 


?JTT 

11 


Dap an D: 


E Math A 

I 3+2-3(-1)+31 

■Vi+ 1+9 _ 

In 

Vay khoanh dap an D. 

Cau 30. Trong khong gian vdi he toa do Oxyz, cho mat phang (P) : 2x-2y-z + l = 0 va 


. x-] _ y + 2 _ z —1 


dudng thang A: -y 


. Tinh khoang each d giua A va (P). 


A. d = ~. 

3 

Huong dan 


B. d = ~. 
3 


3 


D.d = 2. 


a day A va ( P ) song song vdi nhau nen mdi co khoang each va no bang khoang each 
tu 1 diem tren d tdi (P) do do ta co : 


E Math A 

I2X1-2X-2-1+1I 


V4+4+1 


Vay khoanh dap an D. 
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Cau 31. Tim tat ca cac gia tri thuc cua tham so m de ham so j; = 0-l)x 4 - 2{m -3)x 2 +1 
khong co cue dai. 

A. \ <m<3. B. m<\. Q.m>\. D. \<m<3. 

Huang dan: 

Cac em kiem tra nhanh bang meo nhu sau : 

m = 10 -> y = 9x 4 - 14x 2 +1 cac em de y ab trai dau la co 3 cue tri roi vdi y = ax 4 + bx 2 + c 
m = -10 -a* y = -llx 4 +2 6x 2 +1 tuong tu nen chung ta loai duoc B,C 
Xet m = 1 -a y = 4x 2 +1 -> Dung nen chung ta khoanh A. 


Cau 32. Ham so y = (x-2)(x 2 -1) co do thi nhu hinh ve ben. 
Hinh nao duoi day la do thi cua ham so y = |x - 2\ (x 2 - 1) ? 


J 


r 

1 

\ 

/ 

\ /A 

r 

\J 4 : 


A. Hinh 1. 
Huong dan 


Hinh 2 

B. Hinh 2. 


\ 

\ / 
\ j 

1 V J 

\ / 1 r 

\ j \ j 

s 

! 1 
l 1 

i\ 1 

!W.... 

\ / 0 

\J * <:>| 



C. Hinh 3. 


Hiiili 4 

D. Hinh 4. 


j = |x-2|(x 2 -1)<0-»-1<x<1-s>A 

Cau 33.Cho a,b la cac so there duong thoa man a*l,a*\[b ,log a b = A Tinh P = log 

A. P = -5+3y/3. B. P = -\ + -j3. C.P = -\—j3. D. P = -5-373. 

Huong dan 

Cac em chon a = 2 -» b = 

GD (wt) go) O [~2l F^I [~3l fsHiFTl IrclI 


^-\a 
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E Math A 


2- 3 +B 


‘Mjb Uf J 


E Math A 


3.321997085 


-2.732050803 


Vay khoanh dap an C 

Cau 34. Tinh the rich V cua phan vat the gidi han boi hai mat phang x = 1 va x = 3, biet 
rang khi cat vat the bai mat phang tixy y vuong goc vdi true Ox tai diem co hoanh do x 
(1 < x < 3) thi duoc thiet dien la mot hinh chu nhat co do dai hai canh la 3x va ^3x 2 -2. 

A. V = 32 + 2j]5. B. F = C. F = E1. D. K = (32 + 2v / 15')^r. 

Huong dan 

3 

V (x) = J S(x) dx bam may ta duoc C. 


B Math A 


Ji 3XJ3X 2 -2 dx 
41.33333333 


Cau 35. Hoi phuong trinh 3x 2 -6x+ln(x+l) 3 +1 = 0 co bao nhieu nghiem phan biet ? 
A. 2. B. 1. C.3. D. 4. 

Huong dan 

Dung Table : Start -0.99= End 9= Step 0.5 = 

mr 7 ][ 3 i»m[^RrF)« 

E Math 

rcx)=^icx+i) 3 +n 


B[o)0[I](l](=)(l](=][o]0[5)(D 

E Math E Math 

K FjTjl X F (XJ 

I -D.E9 ETGWTT 3 Dr □ I Oj. 9M03 

5 -Dr M3 M. 355 M D.5I BTHHiP 

3 D.DI D.9MD3 5 I.DI -I.EE9 

- 87.78427243 - 1.209709619 


E Math 

k f 

E 1.51 -D. MM 

n e.di RtPn? 

B E.5I E.BI9B 

2.398354914 


Ham doi dau 3 lan la co 3 nghiem phan biet. 
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fky&W Casio 


Cau 36. Cho hinh chop S.ABCD co day la hinh vuong canh a, SA vuong goc vdi mat 
day, SD tao vdi mat phang (SAB) mot goc bang 30°. Tmh the tich V cua khoi chop 
S.ABCD. 

A.V = ^~. B. V = Sa\ C.V = ^~. D.v = ^~. 

18 3 3 


A. V = ^~. B .V = Sa\ C.V = ^~. D. V - 

18 3 

Huong dan: 

Cau nay kha don gian cac em ve hinh va xac dinh duoc goc la ASD = 30° 
=> V =i.SA.S.^ n =-.ADcot30V 


^ ^ r ^ A x 7 _ | -1) ^ J 

Cau 37. Trong khong gian vdi he toa do Oxyz , cho dudng thang d : = — — = —— . 

Phuong trinh nao dudi day la phuong trinh hinh chieu vuong goc cua d tren mat 
phang x+3 = 0 ? 

(x = -3 [x - -3 fx = -3 fx = -3 


z = 7 + At 



fx = -3 


fx = -3 


\x = -3 


A. < 

\y = -5-t . 

B. - 

y = -5 + t. 

c. < 

<N 

+ 

ir> 

1 

II 

D.< 


[z = -3 + 4 1 


[z = 3 + At 


z = 3-t 



Hudng dan 


[ x = 1 + 2 1 

7 x — 1 v + 5 z -3 

d: -= -— =- =><y = -5-t 

2-14 

z = 3 +At 


Cac em tim giao cua d va x+3 = 0 thi diem nay cung thuoc d' la hinh chieu cua d 

x+3 = 0 -»(1+2/)+3 = 0 -> / = -2 —» #(-3, -3, -5) em thay toa do diem nay vao cac dap an 
xem no thuoc dap an nao ? 

x = -3 

Duy nhat chi co dap an D thoa man < y = -6 -t = -3 -a t = -3 

z = 7 + 4/ = 7 + 4(-3) = -5 
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_1--- 

1 

Cau 38. Chohamso /(x) thoa man J(x+l)/'(x)dx = 10 va 2/(1)-/(0) = 2. Tmh 

0 

] 

7 = J/(x) dx. 

o 

A. I = -12. B.7 = 8. C. 7 = 12. D. 7 =-8. 

Huong dan 

Minh co 2 du kien nen se tim ham 2 an thoa man 2 dieu kien tren : Gia sii /(x) = ax + b 


2/(1)-/(0) = 2. 

2(a+ b) - 

b = 2 

'2a-b = 2 

1 < 
j(x + l)adx = 10 

.0 

x 2 

0.— + 0X 
2 

1 => \ 
= 10 

0 

a <=>< 

- + a = 10 

12 


b = 


a = - 


-34 

3 _> f(x)= 20 x _3£ 
20 * 3 3 


B Math A 


j; (¥**)* 


-8 


Vay khoanh dap an D. 

Cau 39. Hoi co bao nhieu so phuc z thoa man dong thdi cac dieu kien: \z-i\ = 5 va z 2 
la so thuan ao ? 

A. 2. B. 3. C. 4. D. 0. 

Huong dan 


a 2 + (b-1) 2 =25 \a 2 +(b-If =25 I a 2 + (a-1) 2 = 25 

,2 a = ± b *0 ~ 2 ■ • I ' 2 ■ 


a -b +2abi = 0 

El Ml tli' 

Xi- 


2 +(a-l) 2 ■ 
fl 2 + (a+1) 2 = 25 


X2= 


E MittiTA 


Xi- 


B MathT 


X2= 


-3 


Vay khoanh dap an C 




Cau 40. Cho ham so y = —, menh de nao dudi day dung ? 

x 


A. 2 y' + xy” = - 

Huong dan: 


n , , 1 
B. y +xy =—. 


C. / + x/ = 


D. 2y' + xy” = —. 

x 


y\ g | - -1 
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Cac em six dung each tinh dao ham cap 2 bang Casio nhu sau: 


y 


Ay' 


Ax dx 

Ap dung vao bai: 


T inh-(/( x )) M -xC -(/(x))^ x+0001 -a D Suy ra: f"(x) = 


D-C 


dx 


0.001 




(shD® (SIQKIH CD CD® H (3® ® El [ESS® 

E Math A 

dxl x JI x= i o ,k 

-0.01302585093 

(^> (dep (dep rn foi roi foi m [rcj fiiFn 

E Math A 

dxL x Jl 10. k 
-0.01302569041 

iHiHHHa^foinfoimroimHHR 

E Math A 

-4iij 

o.oooi M 

1.605156378^3 

Nhu vay la ta vua tinh dao ham cap 2 cua ham y = tai X = 10 dang luu vao A 

x 

Bay gib xet hieu cac dap an, xet dap an A: 

S3 HD GD 15) CUD S CD 0 <2> ID CD <S> ® CD GD <g> (±) El El HD O ffl (B CD 
® Cl]®® 

Cac em an them 0 xem no co ve 0 hay khong la dune. 


E Math A 


g .d_f lntxn . > g—f lniX} )\ k 

X JlK=lC k X Jlx=iG p 

-1.380798728x1^ 0°0’0” 
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Cau 41. Hoi c6 bao nhieu so nguyen m de ham so y = (m 2 -l)x 3 + (w-l)x 2 -x+4nghich 
bien tren khoang (-oo;+oo)? 

A. 2. B. 1. C.O. D. 3. 

Huong dan 

Cau nay cac em lam tay thoi: y' = 3(m 2 -l)x 2 +2(m-l)x-l 


y’ = 0 -> A' = (m-l) 2 + 3(m 2 -l) =4ra 2 -2m-2 


De ham nghich bien ( —oo; +oo ) 


thi 


\m 2 -l<0 -1 

< —» — < ra < 1 -> m = 0. m = 1 -+ A 

[ A'<0 2 


De cho chac cac em cu kiem tra lai. 

Cau 42. Trong khong gian voi he toa do Oxyz , cho mat phang (P): 6x-2y + z-35 = 0 va 
diem A(-l;3;6). Goi A' la diem ddi xung vdi A qua (P), tinh OA\ 

A. OA'= 3^26- B. OA' = 5+3. C. OA' = jA6. D. OA' = Jm. 

Huong dan 

Tim nhanh hinh chieu H cua A len (P) ket hop tham so hoa va giai phuong trinh tim 
thamsoluon: 6(-l + 6?)-2(3-2/) + (6+i)-35 = 0 


feimRrnmfeiHmmRriimmRfiiHmmmmreimHmm 

R |~3~| [5] fsHIFTl fCALCl [H] 


6(-l+6X)-2(3-2X> 
X= 1 
L-R= 0 


H(5,1,7) la trung diem cua A A' nen A , (11,-1 / 8)-+OA = a/i86 

Cau 43. Cho hinh chop tii giac deu S.ABCD c6 canh day bang 3^2, a, canh ben bang 5 a . 
Tinh ban kinh R cua mat cau ngoai tiep hinh chop S.ABCD. 

A. R = -j3a. B . R = s[la. C. R = — . D. R = 2a. 

8 

Huong dan: 


wm i s 
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Cau 44. Cho ham so / (x) lien tuc tren R va thoa man / (x)+/(-x) = \/2 + 2cos 2x, Vx e I 

— 

2 

Tinh 7= J /(x)dx. 

B./ = 0. C.7=-2. D./ = 6. 


3;r 

"T 


A. 7 =-6. 

Huong dan 


Gia sir /(x) la ham chan -> /(x) = /(-x) = - 


E Math A 




2 ■J2+2GOSt2X\ 
3JT . 2 


0 Math A 

i a— ■ J— ‘° % jui i ■ K 

3 TP 2 * 


Vay khoanh D 

May tinh cac em tinh se hoi lau khoang 2-3 phat trong thbi gian do cac em cii de day 
chuyen xuong lam cau khac. 

Cau 45. Hoi co bao nhieu gia tri m nguyen trong doan [-2017; 2017] de phuong trinh 
log imx) = 21og(x+l) co nghiem duy nhat ? 

A. 2017. B. 4014. C. 2018. D.4015. 

Hudng dan 

Di'eukienJ"” 0 
\ x>-l 
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1 og(rax) = 2 log(x +1) <=> log(rax) = log(x +1) 2 « mx = (x+1) 2 <=> m = 2 + x + — = /(x) 

Chung tase khaosatham tren2khoang (-1;0) va (0;+oo) 

*Xet (- 1 ; 0 ) vdi Start-0,99= End-0,01= Step 0,05= 


-EL 93 

-□.EM 

-D.B9 


raPRf 

-3‘in3 

-□.□13 


Math 


E 

f i:hj 

-□.139 


-□.EE -D.139 IS 

:S:iSiM I? 

- 0.2849152542 


K 

<□.□3 

-□.DM 


FCK5 




> m ( 


-O.OOOIOIOIx.dO 

Gia tri ham giam dan tii 0 tdi 
gia tri tu -1 tdi 2017 

*Xet (0;+oo) vdi Start 0.0001= End 29= Step 1 


- 23.04 


(0,+oo) ket hop vdi [—2017;2017] thi m co 2017 


K 

I-idM 
I - ODD I 
E.□□□I 




Math 


M 

4.51 

0002.0001 


K 

I-.dM 
I.□□□I 
E.□□□I 


Math 


13 

FCH.1 

4.00000001 


EB 

EE 

3D 


, FCK) 

i mm 


Math 


30.03581416 

No di tir +oo ->4— »+oo vay de phuong trinh co nghiem duy nhat thi m = 4 

Vay tong hop 2 trudng hop thi ta co 2018 gia tri cua m 

Ngoai ra cac em co the khao sat ham bang each lap bang bien thien. 


Cau 46. Goi S la tap hop tat ca cac gia tri thuc cua tham so m de do thi cua ham so 
y = i x 3 - mx 2 +(iv 2 -l)x co hai diem cue tri la A va B sao cho A, B nam khac phia va 

each deu dudng thang y = 5x-9. Tinh tong tat ca cac phan hi cua S. 

A. 0. B.6. C. -6. D. 3. 

Huong dan 


A,B luon doi xung vdi nhau qua diem uon len 2 diem nay doi xiing vdi nhau qua 
dudng thang y = 5x-9. thi diem uon se thuoc dudng nay 


V 
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Jfl 5 ^ ^ 7 

y " = 2x - 2m -> ^(m, — - m) thay vao duong thang ta duoc : 

m 3 m 3 

— = 5m-9<r* -5m + 9 = 0 

3 3 


Theo Vi-et bac 3 : x 1 +x 2 + x 3 = —= 0 -+A 

Cl 


Cau 47. Trong khong gian vdi he toa do Oxy>z , cho mat phang (P) : x-2j + 2z-3 = 0 va 
mat cau (S):x 2 +y 2 +z 2 +2x-4y-2z+5 = 0. Gia su diem M e (P) va Ne ( S ) sao cho vecto 
MN ciing phuong vdi vecto z7(l;0; 1) va khoang each giua MvaiV ldn nhat. Tinh MN. 
A. MN = 3. B. MN = 1 + 2V2. C. MN = 3yfl. D. MN = 14. 

Huang dan 


N 



Do goc NMH khong doi nen MN ldn nhat khi 
NH ldn nhat => N d vi tri nhu hinh ve. 

JNH = r + ^/_^p = 1 + 2 = 3 


cos MNH = 



= -ir —> MN = 
V2 


N iG =3V2 

cosMNH 


Cau 48. Xet cac so phuc z thoa man |z+2-z'|+|z-4-7zj = 6%/2. Goi m,M l'an lirot la gia tri 
nho nhat, gia tri lbn nhat cua |z -1+z'|. Tinh P=m+M. 

A. P = >/l3 + V73. B ,'p jJhM2± ' C. P = 5^ + V73. D. P = , 

2 2 

Huang dan: 

*Cach 1: Tu dap an cac em co nhan thay 

5/2 It * 

Min co kha nang la —y, Vl3,5x/2 Max co the la V73,-y 

Y tudng la tu |z -1 + z| = A chung ta rut ra b roi the vao phuong trinh tren Solve xem co 
ton tai a khong vdi z = a+bi 

Gia su m = -^y->(fl-l) 2 +(b+l) 2 = 12.5 -> b = ^12.5 - [a -1) 2 -1 thay vao 
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|z + 2-z| + |z-4-7z| = 6>/2 


-> 


^ + 2) 2 + ( N /iT-( a -l) 2 -2) 2 +^-4) 2 +(Jl2.5-( fl -l) 2 -8)'-6V2 


[2 Math 


AX+2) 2 +Ul2.5-l> 
X= -1.5 

L-R= 0 


5%/2 


Vay co ton tai so phuc z de min la m = —— Chu y khi xet Max 
Ta co 


J 73 > 2^ > 2^ ra se thu 5 so M = 2^ xem co ton tai so phuc nao khong ? 
V3 2 V3 * 


Cac em su chut cho 12.5 thanh 73:3 thoi. 

13 Math 


Math 


^2 I hn.n , V iCX+2) 2 + U73-3-> 
<) nJ/J-3-^-U y= fi.93242 

L-R= ' 0 


Nhu vay ton tai so phuc de M = ^2- > vay M = ^73 la dung 


6 day anh da thu giai true tiep M = V73 nhung may khong tinh dupe ra x co the no 6 
dang Bat dang thuc nen mdi bi Can't Solve nhu vay (kinh nghiem) 

*Cach 2: Tir gia thuyet \z + 2-i\ + \z-A-li\ = 6-Jl. 


Cho Y thay doi roi giai ra X vdi z = X+Yi 

Math 


Math 


Math 


kX+2) 2 +<Y-D 2 * <X-4) z +(Y-7) a -> 4 i 2 +(Y-7) 2 -£>]2 


Solve 


Y 

1 

2 

3 

4 

5 

6 

7 

8 

X 

Can't 

-1 

0 

1 

2 

3 

4 

Can't 


2 ben xung quanh la no vo nghiem chi co vimg tu 2 toi 7 thoi: cac em thay quy luat la 
Y-X = 3 —>y = x + 3 
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__I___ 


Do do |z -1 + z] = ^(x- 1) 2 + (x+ 4) 2 dung Table : Start -2= End 5= Step 0.25= 

K 


E 


-1.35 


3.5531 


Math 


3.535533906 

Xap xi dap an B nhe cac em. 


33 

3M 

35 


3.5 


3.15 B.333 

Mli'rtdil 


f «:k? 

1.3D5E 

a 


Math 


3.544003745 


Cau 49. Cho mat cau tarn O, ban kinh R. Xet mat phang (?) thay doi cat mat cau theo 
giao tuyen la dudng tron (C). Hinh non (N) co dinh S nam tren mat cau, co day la 
dudng tron (C) va co chieu cao la h ( h > R ). Tmh h de the tich khoi non duoc tao nen 
boi (N) co gia tri ldn nhat. 

A.h = j3R. 

Huang dan: 


C. h — 


4 R 


D. h ■ 


3 R 


s A- 


B.h = sf2R. 

3 2 

Cac em thiet lap nhanh phuang trinh tmh the tich non.Chon R=1 


»] SH = h = R + IH=>IH = h -1 Ban kinh AH = -\flA 2 - 1h 2 = -(h-1) 2 

CALC ttmg dap an 


>V = -x 
3 L 


ICALCl IVil [T 1 [=1 (S^Dl 

xa-cx-n 1 ) 


E Math A 


fCALCj f^l [~2~| f=1 (shdI 

xd-cx-n 2 ) 


E Math A 


1.171572875 


IcaEcI IT] fa |3l [=1 (s^Dl 

E Math A 

xCi-cx-n 2 ) 

1. (185) 


0.8038475773 

(caEc! m R l~5l [=1 

E Math A 

Xd-CX-D 2 ) 

1.125 

Nhin vao ket qua la minh khoanh C. 


Cau 50. Cho khoi tii dien co the tich bang V. Goi V' la the tich cua khoi da dien co cac 

V 1 

dinh la cac trung diem cua cac canh cua khoi tu dien da cho, tmh ti so —. 


A.— = ~. 
■ V 2 


v ' 1 
B. — = -. 
V 4 


v ' 2 
C. — = 

V 3 


y 1 5 
D. — = 

V 8 
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Huang dan: 





MHQKNP 


-i 

= v-(v +v +v +v +v )=v-A-v 

V \ V A.BCD ^ V A.MNK ^ v B.MNQ ^ V C.HNP ^ v D.PNK ) v Q 


V_ 

2 


l ■ ■ . ■ 


Bildptheiuc.com 


Bi kip CASIO cong pha Trac Nghiem Toan 


Hotline: 0977.543.462 






CASIO EXPERT : Nguyln The Luc - fb: Ad.theluc - Youtube :MrTheLuc95 


Cac ki thuat Casio va dang toan co ban can nam 

I. CALC - Tinh nhanh gia tri bieu thuc voi gia tri cac bien cho truoc 

Tinh nang nay chu yeu de thu dap an, tinh giai han ... khi dap an da chua san ket qua 
chi viec thu vi du nhu thu nghiem cua phuong trinh, bat phuong trinh co rat nhieu vi 
du cac em tham khao 6 phia dudi nhe. 

II. SOLVE - Do nghiem cua phuong trinh mot an bat ki 

Vi du em muon tim nghiem cua phuong trinh /(x) = 0 thi em chi viec nhap /(x) vao 
may 6 he COMP roi bam (=] de luu phuong trinh lai (khong can bam = 0 ) 

Sau do bam IshiftI |CALC| de may do nghiem, neu ra nghiem xau thi em luu vao A 
IshiftI [rcl! F>1 roi day len de tim phuong trinh cu va day sang trai sua thanh 
/(x): (X-A) roi lai xet lap lai nhu luc dau de tim nghiem thu 2 , thu 3 ... 


Vi du 1: Tim tich tat ca cac nghiem cua phuong trinh 4.3 
A. 100. B. 10. Cl. 


i°g( io °^ 2 ) +9 4 io g (ioq 


D. —. 

10 


Huong dan 


Q Math 

^g(iOX)_ 13 x 6 ih-y 


E Math 

4x3 lO9ki00X^ +C> 

X=" 10 

L-R= 0 


E Math 

l4x3 1O9U00 ^Ot> 
X= 0.1 

L-R= 0 


Luu y: Solve do Mu-Log cue lau neu khong dung Table tim khoang nghiem 
trudc,c6n no giai phuong trinh vo ti kha la nhanh, cac em nen luu y dieu nay de 
tranh mat thoi gian dqi no, trong luc dgi thi co the loi may khac ra lam bai khac. 

III. Table - Skill linh hoat ung dung nhieu 

Kho ma co the liet ke het ung dung cua no chu yeu la manh ve do tim ngoai chuc 
nang chinh la Max - Min, mot do thi thu nho tu do ung dung sang cue tri, tuong giao 

IV. Cac dang toan co ban va ket hop cac ki thuat 
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Xin lim y, vi day la cuon sach luyen 8-9-10 nen cac ki thuat co ban nay anh chi rut gon 
lai moi dang 1-2 vi du thay vi day du nhieu vi du va co nhieu bai tap tu luyen nhu 
Tuyet Ki Casio 2018 verl.O 

Tuyet Ki 1: Su bien thien 

Vi du 1.1: Tim tap hop tat ca cac giac tri thuc cua tham so m de ham so 
y - x 3 + mxr -x+m nghich bien tren khoang (1; 2). 

A. |Oo;-Ej. B. (— oo;—l). C. [-l;+oo). D. ^-oo;-E . 


Huong dan 


Dung d/dx : tmh nang tmh dao ham tai 1 diem cua ham 1 bien. 



B Math A B Math A 


df (X® +YX 2 -X+Y) I ► ♦YX Z -X+Y)| . ia 


Ta se xet cac gia tri dac trumg cua cac dap an : Dap an C tinh tai X=10 


ICALCl [=1 |T| f0l f=1 

B Math A 



X 3 


+YX Z -X+ 



47S3 

100 


Ta se loai duoc C va xet tiep su khac biet A,B,D 


gilgBili ® (D 0 El GD GE) (=) @ HJ E) QD CD 0 HD El 

E Math A E Math A E Math A 

a5(X 3 +YX 2 -X+Y)|l> gjr(X 3 +YX 2 -X+Y)|l> ^CX 3 +YX 2 -X+Y)|t> 

13 171 

£0 " 50 


1937 
100 

Vay khoanh dap an D. 


■ mm 
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Tuyet Ki 2: Giai nhanh dang toan ve Max-Min, Cue Tri 

Vi du 1: Cho ham so f(x) = x + m+— - (vdi m, n la cac tham so thuc). Tim m, n de ham 

so dat cue dai tai x = -2 va / (-2) = -2. 

A. Khong ton tai gia tri cua m, n . B. m = -1; n = 1 . 


C. m — n~\. 


B. m~—\\n — \. 
D. m — n — -2. 


Hudng dan 

Cac em thay tung gia tri m,n vao ham roi dung Table : iMQDEl l~7l 


Dap an B: 

liCriElQDfflBECSHCafflCIICDBHtDadlEQ 

B Math S Math 

^v..v i j 4 1 K FOtt 

t^J^-l+x+r l -‘-.HUM 

E -1.5 -H.5 

-4 

Dap an C: Sira roi cac em an f=1 f=1 f=1 f=1 


fOO=K+l+vh- 


0 Math 

!■! F tKJ 

M -5.5 -5.I EE 

5 -5 wm :-- 

E -1.5 -5.5 


Thay no thoa man dung yeu cau la cue dai luon vay dap an dung la C 

Vi du 2: Cho ham so y; = 3sinx-4sin 3 x. Gia tri ldn nhat cua ham so tren khoang 

(-§ ; f) bjng: 

A.-1. B.3. C. 1. D. 7. 


Huang dan 

Chu y de che do goc d Radian: IshiftI IMODE] l~4~| 


Vao Mode 7: Start ~ End ^ va Step la ^ (day la bubc nhay mac dinh cho lirong 
giac.) 
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f(X)=3sin(X)-4s^ 


X 

D.5E n 
Um 5E35 
0.1B53 


B 

f 

UH 

D.ims 


Math 


Vay khoanh dap an C 

*Lxm y ve each chon Step : 

+Chi dung bang F(X) de tmh duoc 30 gia tri: din) ggjjg (▼) HT] fTl 

+Neu ngudi ta khong cho khoang ham so thudng la da thuc cac em de Start -9= End 
9= Step 1= 

Muon khao sat ki thi Start -4= End 4= Step 0.5 
Trong doan nho cho san thi de Step la 0.1 hoac 0,25 


/ ? TC 

+ Ham luong giac khong noi gi den khoang cac em de Start -n = End n = Step — = 
Tuyet Ki 3: Giai nhanh dang toan ve Tiem Can 


Vi du 1: So dudng tiem can dung va tiem can ngang cua do thi y - 


\4x 2 -1 + 3x 2 +2 


la: 


A. 2. B. 3. C. 4. D. 1. 

Huong dan 

Nhap bieu thuc nhu de bai: 

B Math 

+3X2+2 


*Tim tiem can dung : Thuong la nghiem cua mau nen ta se tmh gidi han bang each 
lay gia tri xap xi nghiem do 

Vi du x = 1 —> CALC X = 1.0000001 
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fcALci m rn roi roi ro~i roi roi roi m f=i 

' 0 Mirth k 

•j — 1 +3 i x i jL +£ 

"67320516.39 


icAEcimRroirFifoifoiroimmfHi 

E Mirth 

Math ERROR 

[ AC] :Cancel 
:•«]:►]: Goto 


Vay chi co mot tiem can dung la x = l 

*Tiem can ngang: Ta se tinh giai han tai 10 6 (+a>) va -10 6 (- 00 ) 

(CALC) (T) [ 0 ] @ H] (=) fCALCl R m ITI fiTl f6~| f=l 


0 Mirth k 

+3*2+2 


^ 3.000005 


0 Mirth k 

+3X2+2 


^ 2.999999 


Vay la co them mot duong tiem can ngang y = 3 

Tuyet Ki 4: Giai nhanh Tirang Giao 

Li thuyet chung la khi gia tri ham doi dau am sang duong hay duong sang am hie nay 
ham se phai di qua so 0 tuc la co 1 nghiem le, qua nghiem chan thi dau cua ham khong 
doi 


Vi du 1: Tim tap hop tat ca cac gia tri thuc m de phuong trinh sau co nghiem thuoc 
doan [0;l] : x 3 +x 2 +x = m(x 2 +l) 2 

3 

A. m > 1 B. m < 1 C. 0 < ra < 1 D. 0 <m< — 

4 

Huong dan: 

*Cach 1: Co lap duoc m thi dung each nay nhanh hon 

3 2 / 2 -x2 X 3 +X 2 +X r/ , 

x + x + x = ra(x+1) -»m = —--— = /(x) ->Mm f(x) <m<Max f(x) 

(x +1) 

Table : Start 0= End 1= Step 0.1 = 
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Y v'i-^±+2i£±^ 


f(X) = 


<X2 + 1)' 


E Math 

m f 

d mUm 

e □.i d.I DBS 
3 D.E D.EESE 


IS Math 

F CK5 I 


ID D.5 


*Cach 2: thu t£mg gia tri dac trung cac dap an va quan sat doi dau 
Dap an A : m = 10 khong thay str doi dau 

IS Math B Math 

f(X)-«X-<10>CK*> | 

3 Ob E -ID.5E 

-10.09 


Dap an B : m = -10 khong thay su doi dau 


B Math 

X | F(X) | 


ftX)=«-(-lQHX^ « "D.ll BH| 


5 D.U IM.D B 
e D.slBnmFl 


16.5 


Dap an C : m = 1 khong thay su doi dau 


fCX)=-<-(l)CX 2 hlV l K g-« -n.ana 


3 D.E -D.B33 
D.E HiKill 


-0.7711 


Vay khoanh dap an D, cac em thu m = 0.5 ma xem 


f(X)=<Q.5)tX 2+ > s a-a -B-iSa 


B Math 

F (X) | 


5 D.M -Q.DME 
E D.5 liffiOT 


0.09375 


Tuyet Ki 5: Ham so Mu - Log 


Vi du 1: Tinh dao ham cua ham so f( K x) = \r\(e lx + l j. 

A./'(*) = -!— B. /'(x) = -^—• C. f'(x) = -f^— D. / , (x) = — 

y ’ e 2x +l W e 2x +l V ’ e z '+l K 1 l[e lx + l) 

Huong dan 

Nhap bieu thiic dao ham roi xet hieu voi cac dap an 
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fsHini rnn fiiFTi [¥1 in (alpha! m cr> ffi m m (R> fALPHAi in r (si m (▼) fsHiFTirnnin 
SCD® (BCE) 


E Math A 


Math A 




SQ]®i 

B Math A 

^ClnCe 2X +l))|j.t 

1.999999994 

Tuong tu xet B,C,D 

B Math A B Math A B Math A 

^Cln(e 2x O))|^ ^jCln(e 2X +l))| x t ^ClnCe^+lOl^ 
1.999909196 9.079161541k, i 5 1.499999997 

Vay khoanh dap an C 

Vi du 2: Tim tat ca cac gia tri cua m de ham so y = 2^~ x2+nix dong bien tren [1,2]. 


A. m > -. 

3 


B. 777 > — . 

3 


C. 777 >— 1. 


D. m>- 8. 


Hucmg dan 

Lam tuong tu nhu phan su bien thien 


fCALCl ID R f71 (=] 

B Math A 


SiBGJi S@Q]SlI]i 

B Math A B Math A 


^( 2 X3 - X2+VX )| 1 t ^(2 X3 - X2+VX )|^ i( 2 x3- X 2 + Y X )| it> 

-0.02019176667 0.1512117539 1.713808028 

Vay khoanh dap an C 

Tuyet Ki 6: Rut gon, bieu dien mu-log 

Vi du 1: Cho a, b la cac so thuc duong khac 1 va thoa man log fl b = 3. Tilth gia tri cua 
bieu thuc T = log - 
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3 


A. T = \. 

Huong dan 

Cac em chon a = 2^-b = a^ 


B. T = 4. 


C. T = - 


D. T = -4. 


2+A 


E Math A 


2 


2 3 -»B 


E Math A 


E Math A 


8 




l 


Vi du 2: Tinh gia tri cua bieu thiic P = log a2 ^a ]0 b 2 ^ + \og^^-^j + \og^b 2 ( voi 

B. P -1. C. P = V3 . D. P = \[l. 


0<a^l;0<b^l). 

A. P-2. 


Hircmg dan 

Ve ban chat no chi la bai toan nit gon tuy nhien ket qua khong phu thuoc a,b nen cac 
em chon a,b thoa man dieu kien la duqc. 


2*A 


E Math A 


3+B 


E Math A 


E Math A 


2 


log A2 (A 10 B 2 )+lti» 

1 


Tuyet Ki 7: Phuong trinh, bat phuong trinh Mu-Log 


Vx du 1: Biet phuong trinh 9‘ -2 +1 =2 +2 -3 2jr 1 co nghiem la a. Tinh gia tri bieu thuc 
P = a+dog 9 2. 


A. P = - 


B. P = l-log 9 2. C. P = l. D. P = l--log 9 2. 

t 2 r 


Hircmg dan 

Cac em nhap phirong trinh vao may 

mi^iALiiimc^Rfn^MmmrnRrsic^Rmriif^i 

E Math A 
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S Math A 


□ Math A 


X= 0.7695772897 2 4,5 

L-R= 0 1 

Vi du 2: Tim tap nghiem S cua bat phuong trinh 2 X_1 > 


16 


A. S = (2;+oo). 

Huang dan 


B. 1 S , = (-oo;0). C. S = (0; + oo). D. S = (-oo; + oo). 


Cii gap BPT la cac em nliap nguyen lai roi CALC timg gia tri dac trung cua dap an 
thoi 

f2iii^[ALPimRmcRRmfiim(^mr^c^mfi i if¥im(T)wm 


E Math A 

1 


1 -I* 


fCALCl m fO~l f=1 


B_ Math A 

jX-i_r 1 4 


511.2421417 

Vay khoanh dap an C. 

Tuyet Ki 8: Tim nhanh nguyen ham 


icalci r m (~o~i r=i 




GDGDQDd] 


-1.31901963 




Math A 


0.5358867313 


Vi du 1: Tim gia tri cua m de ham so F(x) = m 2 x 3 +(3w + 2)x 2 -4x+3 la mot nguyen ham 
cua ham so /(x) = 3x 2 +10x-4. 

A. 777 = 2. B. 777 = ±1. C. 777 = -l. D. 777 = 1 . 

Huang dan: 

Cac em xet dao ham F(x) tai 10 roi tru di / (10) CACL xem gia tri m nao cho KQ bang 
0 

fsHiFTl r^l lALPHAl fs^Dl [ALPHAl m (sHIFTl f+1 m r3l f/IPHAl [S^Dl f+l m m (ALPHAl mf^FI R f4l 

SQ]El[S®ii[I]00[D[3]B[)lii[i][ilH[D0S[I] 
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12 Math A 


[2 Math A 


&(v 2 X 3 +(3Y+2)> <.„-(3X 2 +10X-4)l 


ICALCl [2l f=| fTl f0l (=1 


@E)[I](=](=I fcALci m f=l f=1 


[2 Math A 

^(V 2 X 3 +i;3Y+2)> 

960 


[2 Math A 

Hj(Y 2 X 3 +C3Y+2)> 

-120 


12 Math A 

^(Y 2 X 3 +(3Y+21> 

0 


Vay khoanh dap an D 

Tuyet Ki 9: Nguyen Ham Nang Cao 
Xem phan bai tap nguyen ham 
Tuyet Ki 10: PT so phuc bac 1 
Xem phan bai tap so phuc 
Tuyet Ki 11: PT so phuc bac 2 


Dang he so thuc thi vao EQN, ho so phuc dung nhanh bieu thuc sau de tinh can : 


Va = ^ A Z — xem them phan so phuc 


Tuyet Ki 12: PT so phuc bac bat ki 
Xem them thuat toan Newton - Raphton phan so phuc 
Tuyet Ki 13: Ung dung Casio giai nhanh Oxyz 
Xem File Update tai: http://bikiptheluc.com/sach 
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Phan bai kho lap 11 nay anh se cap nhat chu yeu a file online kem sach, theo kip xu hudng 
a cac de thi thu tren toan quoc va xu hudng thi nam nay cac em chiu kho theo doi nhe, con 
nam nay nhung bai phan loai chu yeu nam 6 kien thuc lop 12 nen trong sach co gan nhu 
day du cac dang kho toan 12, anh se cap nhat them 6 file online nua. 


Luang Giac 


Cau 1: Tim m de phuong trinh sau co nghiem 


cosx + 2sinx+3 
2cosx-sinx+4 


la: 


A. -2 < m < -1 B. 0 < m < 1 


C. >2 < m < 0 


D. — <m<2 

11 


Hudng dan 

m =-= /(x) co nghiemkhi Min,,. <m<Max,,. 

2cosx-sinx + 4 6 /(x) /(x) 


Cac em dung Table 


Dung quen de he Radian : Ishift) iMODE] [~4~] 


ImodeI [7] 

0 Math 

+" i-'y ’-i — j -S in ) +3 

1 ^J-T-sin(X)+4 


Start -n - End n = Step — = ( Tat G(x): [shift] [MODE] (▼) HT1 IT1 ) 


12 


ED 

El 

EE 


K 

I.B3E5 

E.03M3 

E.35EI 


E Math 

F CM) 


1 m 


.31351 

1.983177689 


!■! 

-E.03M 

-I.B3E 

-1.51 

0. 


E 

FCKJ 


□■19 HE 
hm"IT 


D.EI 
819417606 


Do do cac em khoanh D. 


Cau 2: Cho 0 < a < ^ thoa man sin a + ~J2 sin(^ - a) = . Khi do tan(a + —) co gia tri bang: 


A. 


9+4^2 


B. 


-9 + 4V2 


9-4V2 


D. - 


9 + 4V2 


Huong dan 


Cac em nhap phuong trinh ho he comp : sinX+V2sin(-j-X)- V 2 
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sinGO+J2sin 


Math 



fsirfl fcALcI m [=1 

E Math 

simxm^sinif-i* 

X= 1.230959417 
L-R= 0 


B Math A 

tan(x+f) 

-2.093836321 


B Math A 

9+4-72 

7 


-2.093836321 


Cac em lira y minh phai khai dau la 1 , neu cac em khai dau la 0 se ra them nghiem X=0 Illc 

f(X) 

nay thi phai xet de tim nghiem khac. 

X 


Cau 3: Tim tat ca cac gia tri cua tham so m de phuang trinh cos2x-2cosx+m+2 = 0 co 
nghiem? 

A. —5 < m < —0,5 B. 777 > -1 C. m < -5 D. 0,5 < m < 5 

Huang dan 

Lam ttfong tu nhu vi du tren cac em khoanh A. 

Cau 4: Trong khoang (0;2;r), phuang trinh sin 2 x+3smxcosx-4cos 2 x = 0 co bao nhieu 
nghiem : 

A.l B.3 C.4 D.2 


Huang dan 

Cac em dung Table : 

fiiarammE^fflrr]iii^rammE5iiMmmRr^i^(MimiTi^ 

B Math 

fQO=M4cosQ0 2 l 


Start 0 = End In = Step — = 
Y 12 


X 

D.5E35 

D.1B53 

I.DMII 


B 

FCH) 

I ■ DM3 


Math 


0 


X 

I ■ 3DB3 
I.51DH 
I-B3E5 


B 

f m 

MM 

-□.DBM 


Math 
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WnSmBHI 


H 

E 

F (K) 

Math 


K 

E 

FCK5 

3.EESi 



IB 

M.1IE3 


3.BEES 


ED 

M.BTM1 


M.IBB1 

I.DMB 


SI 

5.E35S 

-I.5MB 


0 


Math 


-0.08493649054 


Cac em quan sat thay co 2 vi tri bang 0, 2 vi tri gia tri ham doi dau tu duong sang am (hoac 
ngiroc lai) do do phuong trinh co 4 nghiem. 


Cau 5: Cho phuong trinh ——(l+V3]tanx + Vs-1 = 0 . Goi x 1 ;x 2 Ian luot la nghiem am ldn 

cos 2 x v J 

nhat va nghiem duong nho nhat cua phuong trinh. Tinh gia tri cua bieu thiic S = 3xj +8x 2 . 

55;r 


A. S = - 


7T 


B. S = —. 
12 


C. 5 = 0. 


D. S = -- 


12 


Huong dan 


Cac em lai dung Table nhu trudc nhimg Start -k - End n - Step ^ = 

Math . E _ Math 


K 


F tM) 

□ 

D 

5.MEM I 


|IK=U 

■I.B3EI 

-2.094395102 


K 


□■5535 

I.DMTI 


F CM) 

D.MBB 
D 
D 


3*-2.0944+8x0.7 > 
0 


0.7853981634 

Vay khoanh dap an C 

Cau 6: Tinh tong cac nghiem thuoc doan [0;2017;r] cua phuong trinh sin4x = sin2x+2sinx. 


A. 2035153^. 

Hudng dan 


B. 


12207893^ 

3 


15259109^ 


D. 3052225^. 


sin 4x = sin 2x + 2 sin x o 2 sin 2x. cos 2x = sin 2x + 2 sin x 
o (2cosx.cos2x-cosx-l)sinx = 0o |4cos 3 x-3cosx-l jsinx = 0 


sin x = 0 

1 

cos x = — 
2 


x = kn -> 0 < k < 2017 

x = — + £2;t->0<£<1008 =>s-- 
3 

x = — + k2x-*l<k<ms 

3 


2017 1008 


1008 / 


P + ?l3 +2 T + ?r3 +2 " 


n 
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r-i r 

4069297.667 



E Math A 


12207893 


Vay khoanh dap an B. 

Cau 7: Goi M, m Ian luot la gia tri Ion nhat va gia tri nho nhat cua ham so 
y = 8 sin 2 x 4 - 3 cos 2x . Tmh P = 2M-m 2 


A. P=1 B. P=2 C. P=112 D. P=130 

Huong dan 
Cac em dung Table : 


K 

B 

F CH’J 

Math 


!■! 

B 

-I.B3E 

-1.51 

^yj|E 


IE 

13 

-D.EEI 

D 


-I.3DB 

M. BEE 


IM 

□.EE 11 

3.1333 


^ N cos2x \ x sm2x -cos3x A , 

Cau 8: Cho ham so /(x) =-r— va g(x) = J - L —5 - menh de nao sau day dung 

1 + sin" 3x 2 4- tan" x 

A. f(x) leva g(x) chan B. /(x),g(x) chan C. f(x) chan va g(x) le D./(x),g(x) le 

Huang dan 

Cac em CALC tai x = 1, x = -1 neu la ham chan /(x) = /(- x) con ham le /(x) = -/(- x) 

® @ CD H) Q3 (T) ® d) SI @3 CE @ CD CD d3 §1CD (D (calc) E) (T) (=) 

B Mall A B Mitt, A 

COS<£K) COS 

l+sin(3X) 2 i+sin(3X) £ 

-0.4030211537 -0.4080211537 

Tuong tu voi g(x) nhe cac em 

To Hap - Nhi Thiic 

Cau 1. Cho khai trien (l+2x)'° (3+4x+4x 2 = a 0 + a t x+a 2 x 2 +...+a l4 x 4 . He so a 6 bang : 

A. 2441424 B. 482496 C. 209674 D. Ket qua khac 

Huang dan 
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(1 + 2xf (3 + Ax + 4x 2 f = (1 + 2x)'° [(1 + 2 xf + it = (1 + 2x)'° [(l + lx) 4 + 4 (l + Ixf + 4] 

Cac em xet khai trien (1 + 2x ) u , (1 + 2x) n , (l + 2x) ] 0 trong cuon co ban anh da hubng dan rat ki 
phan tim he so trong khai trien nay roi, cac em ap dung duoc 

0 Math 0 Math 

I H I FCK) I i 

E 
1 


K 

f«:kj 

G (KJ 


M 

FCH^ 

Gtttt 


K 

f «:k:i 

KW) 

5 

EUOEU 

IDDDDD 

E 

5 

E53MM 

IDDDDD 

E 

5 


IDDDDD 

E 

II: hit h- 

1 *idE 

T 

E 

B-ifth 

1 *idE 

1 

E 

■tlluii 

1 *idE 

n 

M3BE3E 

I-ibT 

B 

1 

IDI31E 

l-ml 

B 

n 

1 SEED 

I-idI 


192192 

Cac em cong lai: 192192+4.59136+4.13440 


59136 


13440 


Cau 2: Trong khai trien (V3-</5) 124 co bao nhieu so hang hhu ti 

A. 32 B. 64 C. 16 D. 48 

Huong dan 

Xet khai trien: 

(A-</5) 124 =C* 4 .3°- 5(,24 - k) .5 0 ^* 


0.5(124 - k) e JV f62 - 0.5* . 4 v$ y c6 124:4 +1 = 32 so 


yC 1 0.25 keN | k\A 

Cau 3: So hang co luy thua cua xvay bang nhau trong khai trien 




la so hang thu 


may. 

A. 7 B. 6 

Huong dan 

J"= c k 22 (-iy.x^J./ 


C. 5 


D. 8 


yc->0.5(22-k)-^ = k^k = 6^>A 


Cau 4: Ket qua ( b,c ) cua viec gieo con sue sac can doi va dong chat hai Ian, trong do b la so 
cham xuat hien trong lan gieo dau, c la so chain xuat hien 6 Ian gieo thu hai, duoc thay vao 
phuong trinh bac hai x 2 +bx+c = 0. Tinh xac suat de phuong trinh co nghiem. 


a.E 

36 


B. — 
18 


C. - 

2 


D. 


17 

36 
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Cau 5: Tren cac canh AB, BC, CD, DA cua hinh vuong ABCD Ian luot lay 1,2,3,4 diem phan 
biet ( khong trimg voi cac dinh cua hinh vuong). Hoi tu 10 diem do co the lap duoc bao 
nhieu hi giac? 

A. 209. B. 210. C. 178. D. 202. 


Huang dan 
A B 



Tong kha nang xay ra : Cf Q chung ra se xet cac TH khong 
tao duoc hi giac roi tru 5 di 

TH1: 4 diem cimg thuoc 1 canh : 1 


D C 

TH2: 3 diem cung thuoc 1 canh, 1 diem con lai di dong : C 4 . 6 +C 3.7 
Vay so tii giac dung duoc la C 4 -(l + C4.6+C 3 3 .7) = 178 


7 

Cau 6 : Nghiem cua phuong trinh C 3 + C 4 +1 - - C;_ 2 - 2 C 4 = 0 la 
A. x =8 B. x=5 C. x=7 D. x =6 


Huong dan: Cac em nhap bieu thiic roi CALC 


Cau 7. Tim he so cua x 4 trong khai trien cua j^x 3 - 

man 4 + C n „~ l +C”~ 2 = 92. 

A. 820 B.1120 C. 560 



(x > 0 ) biet rang n la so tu nhien thoa 

D.1792 


Biro'c 1: Tim n A] +C ” 1 + 6 ™ 2 = 92 dung Table 


CD 0 ca CD B ® CD 


0 Math 

fcx)=xP2+xc(X-n 
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HKD 


Start? 


Math 


End? 



Math 13 Math 

Step? 

19 1 


Cach nay cac em chi can nhap cho dung do* mat cong khai trien. 

Bi r&c 2: Tim he so cua x 4 tirong tit nhir VD trade 

Theo cong thuc khai trien C 8 (x 3 ) 8 "* ( —khai trien nay co 2 phan : phan he so C 8 (- 2) k va phan 


so mu (x 3 ) 8 k 


Cac em thay X = 10, k = x de thay doi gia tri cua k nhe 
[modeI [7] 

13 Math 

fCX5-8CXx(-25M 




13 Math 

9 «M 0 3 < 6 _X, x[ 

* 

► 

S Math 

*>»=<*( A)" 


(D 


mtu 

®(D 

[3 Math 


13 Math 

13 Math 

Start? 


End? 

Step? 


1 

20 

1 

m© 
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5 

E 


K 


3 

4 

5 


0 

■Ir-fi 
I 


Math 

G CM) 

! -inS 
i □□□□ 
D. I 

1120 


Cap So Cong - Cap So Nhan 

Cau 1: Timxbiet — + x + x 2 + ... + x” +... = — va Ixl < 1 
x 2 



Huong dan 

1 o 9 

Cac em thay day con thieu x°=l => — + x°+x + x 2 +... + x"+... = — 

x 2 


«> 9 A 20 9 ^ 

Cac em xet t6ng : ^Y x =— a day cac em chi can xet Y x « — vi 7 20 « 0,|F| < 1 

A'=—i 2 jr=-i ^ 

Cac em nhap vao may 

[swfti ra ialphai (s^di (g 5 ! (alpha! m (?) r mc^mroi 

B Math 

2d 

r cyo 

x=-l 

lMLClf2llSlf3H=1l=l (CALCl ITI [Ml f3l |=11=1 

□ Math A 0 Math A 

S CY X ) |° (y k ) 

X=-i 


iLL.1 

Z 

x=-i 


HD E) CD (H (D H) [=) 

0 Math A 


4.499398543 

Vay khoanh dap an D. 


4.5 


2fi 

z Cy x ) 

x=-l 


-2.25 


Cau 2: Tilth tong £■(«) = 1.1!+2.2!+.+2007.2007!. Khi do cong there cua S(w) = 

.4.2007! B. 2008! C.2008!-l D. 2007!-] 

Huang dan: Cac em xet S(7) = l.l!+...+7.7! 


7 


Z CX*X!) 

x=i 


Math A 


40319 



0 Math ▲ 

(XxX!)-C8!-l) 

0 
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Vay khoanh dap an C 

Cau 3: Cho tong S(n) = l 2 + 2 2 +... + n 2 . Khi do cong thuc cua S(n) la 


7? (77 + 1 ) (2/7 + 1) 


77 + I 


77 ( 77 -l) (2/7+ l) 


A.S ( 77 ) = ' ' tl B.S ( 77 ) = —— CS(? 1 )= v J D.S ( 77 ) = 

6 2 6 

Huong dan 

Xet S( 10) 

13 Math A [3 Math A 

10 , 10(10+1) C2X10+1. 

Z Cx^j -6-► 

x=i 


« 2 (2w + l) 


385 


385 


Vay cac em khoanh A 


Gidi Han - Dao Ham 


Cau 4: Khi tinh gidi han lim ^ X ~ x + ^ — 
& ‘ *-+-» 3 — 41 jc| 

— ,aeZ,beZ,b^0. Tinh a + b ? 
b 


ta duoc ket qua la mot phan so toi gian dang 


A. a + b = 5 B. a+b- -1 C. a+b = -3 D. a + b- 7 

Huong dan 

Cac em nhap bieu thuc roi CALC tai X = -10 6 tri tuyet doi cac em bam [shift! (hyp] 

0 Math A 

7x2-x +2X 

3-4 IxI 

0.2500000625 

- = I-»a + 2> = 5-».4 
6 4 

Cau 5: Cho ham so y = x sinx. Ket luan nao sau day dung: 

A. xv"-2(y’+sinx) + x)7 = 0 B. xy"+2(p'-sinx) + x); = 0 

C. xy u -2(y- sinx) + xy = 0 D. xy 2(ysin x)-xy = 0 
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Huang dan 

Chung ta se tmh dao ham cap 1 va cap 2 tai X = 2 

E Math A E Math A 

^CXsinOO^^t* «sin(X»| M2 +A 
0.07700375373 


Math A 


Math A 


dx ( as i h (X) )\ x _ 2 1" ^ J )| x= 2 . ooo i 
0.07673865541 


6-A 


E Math A E Math A 

-*c 2sin(2)*Y 


0.0001 

-2.650983258 1.818594854 

Vay la dao ham cap 1 lim vao A, cap 2 luu vao C, y cac em luu vao Y, xet hieu cac dap an 

E Math A 

2C-2(A-sin(2))+> 

- 0 ° 0 ’ 0 . 68 ” 

Duy nhat co dap an C ket qua xap xi 0, nen cac em khoanh C 
Cau 6: Dao ham cua ham so y - (4x 3 -2x 2 -5x)(x 2 - 7x) 

A. y' = 20x 4 — 120x 3 + 27x 2 + 70x B. y' = 20x 4 -120x 3 -27x 2 -70x 

C. y = 20x 4 -120x 3 -27x 2 +70 D. y = 20x 4 -120x 3 -27x 2 + 70x 

Huong dan 

Cac em tmh dao ham tai X=10 roi xet hieu voi cac dap an 

E Math A 

a5((4X 3 -2X 2 -5X> 


83400 


Dap an A 
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0 Math A 0 Math A 

ll>A 20X 4 -120X 3 +27X% 

10 83400 


Vay khoanh dap an A. 

Cau 7: Hinh vuong co canh bang 1, nguoi ta noi trung 
diem cac canh lien tiep de dime mot hinh vuong noi lai 
tiep tuc lam nhu the doi voi hinh vuong mdi (nhu hinh 
ben) Tong dien tich cac hinh vuong lien tiep do bang 


A. 8 B. 4 C. 2 
Huang dan 




Ta thay hinh vuong thu 5 2 co canh la (0.5.1)V2 = -]= hinh thu 5 3 la moi Ian 

v2 


giam -j= ta co ham tinh dien tich hinh thu n la S(n) = 


*V2 / 


no 


a) 


2(w—1) 


= 0.5" 1 vay 


Minh tinh 10 hinh dau tien thoi, tu hinh 11 dien tich no cung kha be roi cong vao cung 
khong thay doi nhieu lam 

E Math A 

jEho.S*- 1 ) 

* 1 1.998046375 

Cau 8: Biet lim l + 2 + 3 + ... + n __ a a_ ^ p^ n § q ^ gian. Tinh tong a + b . 

2/7 +72-1 b b 

A. 5. B. 6. C 4. D. 3. 

Huang dan 

1 + 2+3+... + /7 = ——— saudo CALC bieu thuc tai X = 10 6 
2 

0 Math A 

2X2+X-1 

0.250000125 

Vay khoanh A. 
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BSD I 


Cau 9: Cho ^ 

(4x-3)JTx 

A. j-j 

b. {-IT) 

L3J 

1 3 3] 

Huong dan 

Cau 10: Cho 

A. E = - 1. 

Huong dan 

US) 


X +1 


mx + n 
yjlx +1 

l 
3 


. Tinh A — m—nl 


D. 


1.2 
3 ’ 3 


ax-b 


r. Tinh £ = -? 

b 


B. E = 4. 


C. E = - 16. 


Cac em xet X=100 
3-2x 


ax-b = 


y/4x-l 


(4x-1)a/4x-1 


Nhap bieu thuc roi CALC X= 100 

B Math A 

Mm)™** 

-404 

100<3 —b = —404 —> = —4, b — A —> vi 

Cau 11: Cho ^2x 2 -3)VxJ = • Tinh P = a.b ? 

A. P = 30. B. P = -30. C. P = 10. 

Huang dan: Cac em lam tuong to nhu 5 vi du tren, khoanh A 


Cau 12: Cho 


2x 2 -3x + 5 
x-3 


ax 2 -Z?x + c 

: w 


. Tinh 5 = a + Z? + c? 


v ~ j 

A. 5 = 18. B. 5 = 0. C. 5 = 10. D. 5 = 6. 

Huang dan: 


D. E = - 4. 


D. P = -10. 
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Nhung dang nay cac em tinh dao ham tai X=100 vi khi cac em tinh tai X=100 no se hien ra 
cac he so cua ham bac 2 vi du nhu 

B Math A 

2X 2 +3X+4 

20304 


miMimRf3imf^f=i 

B Math A 

18804 

=> a. 100 2 - b. 100 + c = 18804 a = 2, c = 4 cac em nhin ra dime ngay a va c, de tim duoc b thi ta 
se mo tu 20 -12 = 8 do do 

B Math A 

2X 2 -12X+4 

18804 

Cau 13: Cho tarn giac ABC vuong can tai A 
co AB = 1 cm. Dung hinh vuong AMNP co 
cac dinh M, N, P Tan luot la trung diem cac 
earth AB, BC, CA cua tarn giac; tiep tuc 
dung hinh vuong PM X N X P X vdi M X ;N X ;P X Ian 
luot la trung diem cua cac doan PN, NC, 

CP... Qua trinh cu tiep tuc nhu vay mai 
mai (nhu hinh ve). Tinh tong dien tich tat 
ca cac hinh vuong thu duoc. 

A 4 ? t>3? 1 2 •»— v 1 j 

A. —cm . d. — cm . C. —cm . D. —cm . 

3 16 2 3 

Huang dan 



d f 2X^-3X+Z 
dx l. x-3 


lx 2 - 3x + 5 ^ _ ax 2 -bx + c 

*-3 J ' (x-3) 2 


> ax 2 -bx + c = 


2x 2 -3x + 5 


(x-3) 2 
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Tunng tu nhu bai hinh vuong trunc, cac em can xay dung dune ham tinh dien tfch, 6 day 
ta thay canh cua hinh vuong moi Ian cu be di 1 nua nen S(x) = (0.5) 2 ” 


E Math A 

Z (Q.5 2 *) 

X=1 

0 OOOOOOOOQO 
m uuOuOOO'JUU 


Cac em xet 20 hinh dau thoi la dune roi, ta khoanli D. 
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Ham so 

x A , sin 3 x-3sin 2 xcosx + (l-m)sinx.cos 2 x + cos 3 v 

Cau 1: Tim m de ham so v =-— i - 


COS X 


nghich bien 


trenkhoang 0;— . 


A. —2 < m < 1 


B. m>l 


C. m < -2 


D. m>0 


Hudng dan: 

Dau tien chung ta phai dung Radian : |shift| iMODEl [T| 

Sau do su dung ^-(bieu_thuc) |x va thay m=Y 
Cac em chon x=0.1 roi CALC Y=m=10 

Vay dap an B hoac D co kha nang dung vi dung vbi m=10 de cho chac chan thi em tinh 
tai m=0, m= -10 thi thay gia tri duong nen loai A va C 


fCALCl [=1 m l~0l [=1 


[calci [=i in r=i 


s (D E) cn go m 


Math A 


(X) 3 -3sir K 


d T sin tx 


B Math A 


d f sin tx) 3 -3sii v d f sin 
dx [ v dx[ K dx 

- 9.668166717 0.4325037466 10.53317421 

Xet tiep tai m=0.1 ta dupe : ICALCl f=1 fol FI ITI [=1 


d f sin 
dxl. 


S Math A 

(X) 3 —3S i r k 


0.331497042 

Vay cac em khoanh dap an B. 

Cau 2: Cho cac so thuc x,y thoa man x 2 +2xy+3y 2 =4. Gia tri Ion nhat cua bieu thiic 
P = (x-y ) 2 la: 

A. max A = 8. B. maxA = 12. C. max A = 16. D. max P = 4. 
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Huong dan: 

Chay coi rut ra y : x 2 +2xy+3y 2 = 4. 

A , = y 2 -(3y 2 -4) = 4-2y 2 >0->-V2<^<%/2 

x = -y±yj4^2/- vao Table: F(X) = (-2 y - ^4 - 2y 2 J ;G(X) = [~2y + A -2y 2 j 


w 

1 

13 

FCItt 

11 ■ E5E 

Math 

•3 CH) 

D.3M3I 

1 

X 

-I.M 

E 

F <X> 

E.33E 

Math 

GCKJ 

3p5Q3S 

1 a E 

ilA^ 

I ® BOD E 

a 

- 1 ■ E 

I3DDI 


1 . 4 

S.5033 

E.33E 

3 

-1 

Q.3M3I 

1 I.E5E 

1: 

L. 959 

S4252 

1i.95984252 


Vay khoanh B 


Cau 3: Biet duong thang y = (3 m - 1) x + 6m +3 cat do thi y = x 3 - 3x 2 +1 tai ba diem phan 
biet sao cho co mot giao diem each deu hai giao diem con lai. Khi do m thuoc khoang 
nao duoi day: 

A. (-l;0) B. (0;1) C. (uf) D. [|;2] 


Huong dan 

Cau nay cac em nen ve hinh ra se de dinh hinh bai toan hon thi giao diem 6 giua la 
trung diem cua 2 diem con lai, nen chi can ap dung vi-et bac 3 la ra : 

fx 1 +x 2 +x 3 = 0 

(3m-l)x + 677? + 3 = x 3 -3x 2 +1 -A*j X] +x 3 ->x 2 = l 

l 2 " X2 


Thay vao phuong trinh roi giai tim m ta duoc : 

0 Math ▲ 

(3X-l)+6X+3=l-3i> 

X= -0.333333333 
L-R= 0 


Vay khoanh dap an A. 
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Huong dan 

, .1^1 j a11 CT bac 3 ia se thay 

Cacemvephacdothidango. 


J \/\ • • 7 • 

’ dap an roi gbn 
*Cach 1: Th^ m a tung 

sau:]/(^ = ° 

Do 2 phan khi bang nhau nhiang trai dau 

Cacemnendung^ay^J 

. w , giai nghi# m ' na$t may de tinh tic P 

4"" ^ trung diem cua 2 diem con lai do do x, = ^ twang 

, Ci ch2 ; «ce m *,n to y»>« ^ totndwc; 

nhnbaitruoctbayvaogiaiph g 

s Math A 

1-3+3X+X-1 



X = 
L-R= 


0.75 

0 


Vay khoanh dap an B. +6(m _ 2 )x+3 ngbichbien 

«u 5 :r rotS c 4g i i «c 4 a»d,'h to soy = 2« + ( 

^nkhoangcodddaildnhonj. 

^ Do 


A. m> 6. 


Bo rn-9. 


C.»<0hoac™>6.D-” <0 ' 


Huong dan 

Taco y = 6x 2 +6(m-l)x+6(m- 2 )- _ 

___;-77 tTti " Hotiine7o9T^543. 

- ———-■ TTrrkc Tosh 
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y = o <=> 


x = -1 
x-2-m 


Ham so nghich bien tren khoang co do dai 1 on hon 3 khi va chi khi 


2 - 77? - ("l)|>3o|3 - 777 1 >3 <=> 


3 - 777 > 3 
3 - 777 < -3 


<=> 


777 < 0 
777 > 6 


Cau 6: Biet rang tap tat ca cac gia tri thuc cua tham so 

y = \x 2 -(m-\)x 2 -(m-3)x+20\lm dong bien tren cac khoang (-3;-l) 
3 

T = [a;b]. Tinh a 1 + b 2 . 

A. a 2 +b 2 =13. B. a 2 + Z? 2 =8. C. a 2 +b 2 = 10. D. 

Hnong dan 

TXD: D = R, y' = x 2 -2(m-l)x—(m-3)<=>x 2 + 2x-f3> w(2x+l) 


* Ham so da cho dong bien tren khoang (0;3)o/>0, Vxe(0;3) 


x + 2x + 3 
2x + l 


> 777, Vx € (0;3) -»min/(x) > m . 


K 

□.15 

I 

1.25 


13 Math 


2. DUB 


*Ham so dong bien tren khoang(-3;-l) <=> y' > 0, Vx e (-3;-l) 


<=> X * < 777, Vxe(-3;-l)-»max/ (x) < m . 


!■! 

-2. I 
-2 
- 1.3 


[3 Math 

F(HJ 


i m 

-I.DD3 


Do do m e[—l;2]=$ a 2 +b 2 =5. 


m de ham so 
va (0;3) la doan 

a 2 +b 2 = 5. 
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Cau 7: Cho ham so y = X -~C co do thi (C). Tim toa do diem M co hoanh do dirong 

thuoc (C) sao cho tong khoang each tir M den hai tiem can nho nhat. 

A. Af(0;-l). B. M(2;2). C. M(l;-3). D. M(4;3). 

Hirong dan 

+Loai B vi lam gia tri ham khong xac dinh, loai A vx hoanh do khong duong bay gib 
con 2 diem M thi cac em tinh khoang each toi 2 tiem can 

Doth; (C) co tiem canngangla d, : j> = 1 <=> j; - ] = 0 tiem can dung la d 2 :x = 2<=>x-2 = 0 


Goi iM 


*o+2 ' 

*o-2 y 


(C),(x 0 * 2;x 0 > 0), ta co tong khoang each tir M den hai tiem can la 


d = d(M,d I ) + d(M,d 2 ) = 


*o+2 t 
*o~2 


13 M-Ath A 


+ |*o-2| 

(calci m f=l 


|p§-ll+IX-21 


X+2 
X—2 


-1 +IX-2I 


® CUE) 

Math A 0 Math A 

@=|-1l+IX-21 


Vay khoanh C. 

2 y tj-j _ 1 

Cau 8: Tim tat ca gia tri cua m de gia tri nho nhat cua ham so / (x) =--— tren doan 


[1;2] bang 1. 

A. 777 = 1. 


B. 777 = 2. 


C. 777 = 3 . 


X + l 


D. 777 = 0. 


Huang dan 


Cac em thay tung gia tri m 6 cac dap an vao roi Table, start 1=, end 2=, step 0.1= 

a Math 

UPIHE 
I■D9QS 

i 


K 


I 

I. I 
I.E 
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De dang khoanh dupe dap an A. 

Cau 9: Cho ham so y = -x 3 - mx 2 -x+w+1. Tim tat ca gia tri cua m de do thi ham so co 2 

5 

diem cue tri la A(x A ;y A ),B(x B ;y B ) thoa man x A +x B = 2. 

A. 777 = 0. B. 777 = ±1. C. 777 = ±3. D. 777 = 2 . 


Huong dan 


Cac em co the lam theo kieu tu luan roi ket hop voi Solve de tim nhanh m, each don 
gian hon la cac em thay timg gia tri cua m vao giai phuong trinh bac 2 cua may tinh 
roi xem 2 nghiem co thoa man khong. 


Cau 10: Tim cac gia tri thuc cua tham so m de phuong trinh >]2-x+\/l + x = \lm + x-x 2 co 
hai nghiem phan biet. 


A. 777 e 



B. 777 e[5;6]. C. 777 € 5;^- u{6}. D. 777 E 


5 ’f 


Huong dan 

Cac dang toan tuong giao nhu the nay thi cac em cii dung Table ma chien thoi, dau 

oo c oo 

tien ta xet —— > — ma B co con A,D,C khong co vdi Start -1=, End 2= Step 0.2- do 


dieu kien cua phuong trinh 


mx -J— 


4 


■■HK+ 


K 

-I 
-D. B 
-0. E 


E 

% 

Q.DIM5 


I□.DEIS I 
-0.2364511609 


K 

-D. E 
□ 

D.E 

3. 35 


F m 

MR 


Math 


-9-id3 

-D.DISI 

1394325W3 


Thay ham doi dau 2 Ian la yen tarn co 2 nghiem phan biet nhe, vay khoanh B 

y/l-X ~2x 2 


'Jx +1 


Cau 11: Goi M va m Ian lupt la gia tri ldn nhat va nho nhat cua ham so y = - 
Khi do gia tri cua M-m la: 

A. -2. B. -1. Cl. D. 2. 

Huong dan: Dung Table chu y dieu kien 0 < x < 1 de chon start end 
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0 Math 0 Math 


w 

F (K) 



F(K) 

□ 


ID 

D.S 


D. 1 

0.HD55 

1 1 

1 

Os E 

D.5ES1 

IE 




i -1 

Vay khoanh D. 

Cau 12: Cac gia tri cua tham so m de ham so y = nvc 3 -3 mx 2 -3x+2 nghich bien tren M 

va do thi cua no khong co tiep tuyen song song vdi true hoanh la 

A. -l<m<0 # B. -1 < m< 0 Q-l<m<0 Y) t -l<m<0 

Hirdng dan: 

O' day ho cho san khoang nghich bien roi nen chung ta khong can thu d/dx ma 6 day 
do thi khong co tiep tuyen song song vdi true hoanh tuc la khong ton tai m de y' = 0 


Ta se thay m = 0,m = -1 y' = 0 vao giai phuong trinh xem co ton tai x hay khong? 

0 Math 0 Math 

1-3 -3X 2 +6X+3 

X= -0.414213562 
L-R= 0 


Vay khoanh dap an D, do m = -1 ton tai x de y’ = 0 


Cau 13: Cho ham so / (x) = mx+1 . Gia tri ldn nhat cua ham so tren [l; 2] bang -2. Khi do 
gia tri m bang 

A. 777 = 3. B. m-\ . C. 777 = 4 . D. 777 = 2. 

Cac em thay tung gia tri cua m vao roi Table 


lyyj- {-l)x — 5777 ? 

Cau 14: Tim m de do thi ham so y = - --- co tiem can ngang la dudng thang 

2x - 777 

T = 1 • 


A. 777 = 2. 

Hudng dan 


Bo 777 = —. 

2 


C. 777 = 0. 


D. 777 = 1 . 


Bi kip CASIO cong pha Trac Nghiem Toan 


BiJdptheluc.com 


Hotline: 0977.543.462 




Laiyen $-9-1# 


Cac em nhap : 

fwi m fAiMi (s^pi r+n rn m (aephai m rsi (alphai is^di m !alphai m r^i [imi (s^di 

13 Math 

CV+UK-5V 

2X-YI 


(=) CD GO d3 CHI (D IcalcI i~ 2 ~i Finn [=i [=1 


CV+DX-5V 


13 Math A 


1.4999965 


(CALCl 1~0~I f=1 f=l 

(Y+nK-sv 1 

2X-Y 


tv+ux-sv 

2X-Y 


[3 Math A 


1.749995937 
DEI (Ddl 


(Y+ljK-5Y 
2K-Y 


13 Math A 


0.999998 


Vay cac em khoanh D 

Cau 15: Goi M va m Ian luot la gia tri Ion nhat va gia tri nho nhat cua ham so 

X 2 — x +1 \ 

y = ~-Khi do tich m.M bang bao nhieu? 

x~ +x + ] 

A. B. 3. C. —. D. 1. 

3 3 

Huong dan: Table Start -9=, End 9-, step 1= 


K FCK) 

0 -E 

ID D I 


K FtKJ 

!l I 

IE E D.MEB5 


Vay khoanh D. 

Cau 16: Cho ham so y = x 4 —mx 2 +2m—\ co do thi la (C W7 ). Tim tat ca cac gia tri cua m de 
(C 777 ) co ba diem cue tri cimg vdi goc toa do tao thanh bon dinh cua mot hinh thoi. 

A. m = 1 + V2 hoac m = -1 +V2 . B. Khong co gia tri m. 
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C. m = 4 + V2 hoac m = 4-V2 . D. 777 = 2 +V 2 hoac m = 2-^2. 

Huong dan: Anh cho them de cac em ren tay 
Xet ham so y = x 4 - mx 2 + 2m — 1 => y' = 4x 3 — 2mx = 2x (2x 2 - 777 ) 

x = 0 => y = 2m -1 
x = ±- 


Khi m > 0: y' = 0 => 


\[lm m 


. y = -h 2m -1 

2 4 


mm n 

,-+ 2/77-1 

2 4 


Ta co ba diem cue tri la ^4(0; 2/77-1),^ = 
tarn giac ABC can tai A. De OBAC la hinh thoi khi H = 


,C = 


j 


m m 

-+ 2/77-1 

2 4 


^0;-—+ 2m-l 

v 4 , 


la trung 


BC cung la trung diem cua OA. Suy ra —+ 2m -1 = 1 : 


777 = 2 - V2 
/77 = 2 + V2 


Cau 17: Do thi cua cac ham so y = x 3 + x 2 -3x-2 va y = x 2 -x-1 cat nhau tai 
phan biet M,N,P. Tim ban kinh R cua dubng tron di qua 3 diem M,N,P. 


B. R = -. 
2 


C. R = 2. 


A. i? = l. 

Huong dan: 

Phuong trinh hoanh do giao diem: x 3 + x 2 - 3x - 2 = x 2 - x -1 <=> 

Toa do giao diem M(-l;l),A 
Goi I la tarn duong tron ngoai tiep A MNP. 


D. R = -. 

2 


x = —1 

1 + V? • 

x =- 


f'+o] 

,p 

' 0 

I 

2 J 


l 2 ) 


Ta co / thuoc duong trung true cua NP => l\ — ;y |. 
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Lai co IM = IN => 



2 


+ y 2 y = 1. 


■ R = IM = - 


Cau 18: Cho ham so y = — + 1 co do thi (C). Lap phuong trinh duong thang (d) di qua 

x —1 

diem M(0;-2) va cat (C) tai hai diem phan biet A,B sao cho M la trung diem cua AB. 
A. (d): y = -x-2. B. (d):y = -2x-2 . C. (d):y = -3x-2. D. (d):y = -4x-2. 


Huong dan 

Ta se tim nhanh Giao diem cua (C) va (d) bang Solve chu quy dong len giai phuong 
trinh bac 2 ngai lam 

’’'Dap an A: Nghiem xau kha nang la sai roi sang dap an co nghiem dep xet trude 


2X+1 

K 


0 Math 


“r-c-x- 2)1 


’‘'Dap an B: 


X= -3.302775638 
L-R= 0 

*Dap an C 


Math 


0 Math 


^rf - (. -2X-2 ) C. -3 X-2 ) 

X= -1.366025404 X= -0.767591879 
L-R= 0 L-R= 0 


Dap an D 

i ^rf-(.-4X-2J 


Math 


0 Math 


X= 
L-R= 


■0.5 

0 


<iX-2))-KX+0.5) 


u a 

[^rf-t-4X-20^ 
X= 0.5 

L-R= 0 


Vay dap an D thoa man roi AA 

Cau 19: Cho ham so y = f (x) co dao ham 
f(x) tren R va do thi cua ham so /'(x) cat 
true hoanh tai diem a,b,c,d (hinhsau). 
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Chon khang dinh dung trong cac khang dinh sau: 

A . f(a)>f(b)>f(c)>f(d). I 

\ I 

B .f(a)>f(c)>f(d)>f(b). \ / 

\ / \ / 

C. f(c)>f(a)>f(d)>f(b). - -t- f~ 

D .f(c)>f{a)>f(b)>f(d). \J 

A 

Huang dan: Cac em tham khao vi du phan tich phan 
Do bang thude cho de 0 = O.2,fr = l.l,c = 2.5,d = 4.1 
Ham f'(x) = (x-0.2)(x-l.l)(x-2.5)(x-4.1) 

Luu y la neu x -» +oo ma i/a- qo thi ta phai them dau // - // vao f\x) phan rich phan 
cung co vi du tuong tu 5 do. 

/(b) = /(a) + J/'(x)dx /(c) = /(a) + f/'(x)dx /(d) = /(a) + J/'(x)dx 


E Math A 


B Math A 


1^2(X-0.2)(X-H> Jo“2 CX “ 0 - 2KX_1> 

-0.7803945 ' 0.8577735 " -3.8853945 

Vay /(c) > f(a) >f(b)> f(d) 


2 i 

Cau 20: Cho ham so y = A ~ — -co do thi (C) (a,b la cac hang so duong, ab-4 ). 

4x 2 +bx+9 ’ V ’ 6 6 ' 

Biet rang (C) co tiem can ngang y = c va co dung 1 tiem can dung. Tinh tong 


T = 3a + b-24c 

A. T = 1. 


B. T = 4. 


C. T = 1. 


D. T = 1 


, - u „ o 

Huong dan: lim _y = —. Tiem can ngang y = c => — = c . 

*->±00 4 4 
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(C) co mot tiem can dung nen phuong trinh 4x~ + bx + 9 = 0 co nghiem kep. 

A = 0-t5>Z) 2 -144 = 0-»6 = ±12. Vi b > 0=>Z> = 12=> a = 1=> c = -l. Vay 7 = 11. 

3 12 


Cau 21: Tat ca cac gia tri thuc cua thamso m deham so y = 2 x 3 +3(/??-l)x 2 + 6(/w-2)x+2017 


nghich bien tren khoang (a;b) saocho b-a> 3 la 

A. m >6. B. m = 9. C. m <0. 

Huong dan 

Chon m = 10 xem A, D dung khong 


D. 


m < 0 
m> 6 


*Cach 1: Dung Table + dao ham tay 


B Math 

f(X)=6X 2 +54X+48 



Doan nghich bien no keo dai tu -8 den -1 nen thua sue ldn hon 3 nhe 


Tuong tu xet m = -10 xem m < 0 dung khong? 


Cach 2: Nhap ca ham vao Table roi quan sat su tang giam 

B Math B Math 

fCX)=2X 3 +27X 2 +^ i 

u 

2318 


-B 

-1 

-B 


FCKJ 

mm 

EBBS 


3 

ID 

II 



FCK> 

3 01 3 

Wmuuu 
ed i n 


Math 


1994 


Vay ta cung duoc ket qua tuong tu. 

Cau 22: Cho ham so y- f(x} = ax 7> +bx 2 +cx+d. Biet /(x + l) = x 3 +3x 2 +3x + 2. Hay xac 
dinh bieu thuc / (x). 

A. /(x) = x 3 +3x 2 +3x+l . B. /(x) = x 3 +l. 

C. /(x) = x 3 +3x 2 . D. /(x) = x 3 +3x+2. 

Huong dan 

Minhcoi t = x + l = 100->x = 99 
Cac em nhap bieu thuc roi CALC 99= 
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E Math A 

X 3 +3X 2 +3X+2 

1000001 

Day chinh la /(x+1) = /(99+1) = 100 3 +1 = (x+ 1) 3 + 1 = £ 3 + 1 = /( t) 

Cau 23: Gia su do thi (C) cua ham so f(x) = ax 3 +bx 2 +cx+d c6 hai diem cue tri la 
M(-l;7),N(5;-7) . Goi x v x 2 ,x 3 la hoanh do giao diem cua (C) vdi true hoanh. Khi do 
Xj+x 2 + x 3 bang ? 


Huong dan: f'(x) = 3ax 3 +2bx 2 +c->-^- = -l + 5-> — = 6 = x 1 +x 2 +x 3 


Cau 24: Gia tri m cua ham so f(x) = m(l+y/l+x)-x co gia tri Ion nhat tren doan [0;3] 
bang 2 la 


A.2 B.V3 C.l D.3 


Huong dan 


Thay tung gia tri cua m vao roi ngam Table : start 0=, End 3=, Step 0.25= 

E Math E Math 

fG04l+/FX)-X I K >Jft 

E 0,EE I ■BEE 
3 □■» 5 I.HEMI 


Cau 25 :Tap gia tri cua ham so y = x + l+vx 2 +1 la : 


A.(-oo;l] B.[l;+oo) C.(0;+oo) D.(l;+oo) 


Huang dan 


Cac em vao Table: Start -100=, End 100=, Step 10= 

5 B Math 

□ D 

9D I•DDS5 
SO I.DDES 

1.004999875 
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Vay khoanh dap an D, cac em co the giai them y = x +1 + V* 2 +1 = 1 xem co ton tai x hay 
khong hoac danh gia don gian x+^Jx 2 +1 >x+ V7>x + |x|>0 

Cau 26: Cho m, n khong dong thdi bang 0. Tim dieu kien cua m,n de ham so 
y = m sin x - n cosx- 3 x nghich bien tren R 

A. m 3 +n 3 >9 B.ra 3 +n 3 <9 C.ra = 2,n = l D.m 2 +n 2 <9 


Huong dan 

Dang bien thien tren mot khoang rong R nhu the nay thi cac em nen thay cac gia tri 
dac trimg cua tham so roi dung Table 


Xet dap an A : m = 5,n = l vdi Start -10, End 10=, 


m Math 0 Math 

f(X)=5sin(X)-co^ fCX)=<os(X)-3fl 


k 

0 

FCfrtt 

-B 

131 1 .SB 

-n 


-E 

IB.USE 

16.961 


Math 


Chung ta thay no khong giam deu do do dap an A bi loai 
Xet dap an C: m - 2,n = 1 


0 

FCKJ 

-'■MM 

-E EE.I EE I 

27.08689329 


Cac em thay no giam deu nen co thoa man nhung xem da du chua bang each kiein tra 
cac dap an khac 


B. m 3 + n 3 <9^>m = -l0,n = l 

Math 


D. m 2 + n 2 <9 —>m = -2,n = 2 

Math 


K 


-ID 

-3 

-B 


FI-.K5 


■FM 
SU.D33I 
32.03231511 


M 


-B 

-1 

-E 


0 

FCK) 

EE.EES 


im 


15.52082843 

Vay khoanh D vi dap an D giam deu con B thi tang 
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Cau 27: Cho ham so /(x) = x 3 +ax 2 +bx+c . Neu phuong trinh /(x) = 0 co ba 
nghiem phan biet thi phuong trinh 2/(x)./"(x) = (/'(x)) 2 co bao nhieu nghiem? 

A.3 B.l C.2 D.4 


Huong dan 

Giai nhanh cac em chon a = c = 0,b = -l-»x 3 -x = 0H>-x = 0,x = ±l 


Sau do Solve phuong trinh : 2(x 3 -x)(6x) = (3x 2 -l) 2 


0 Math A 

2(X 3 -X)C6X)-(3X> 
X= -1.467889825 
L-R= 0 


E Math A 

l2CX 3 -X)(6X)-C8t> 
X= 1.467889825 
L-R= 0 


B Math 

Can’t Solve 

CACD :Cancel 
1C►]:Goto 


Vay khoanh dap an C 

Cau 28 : Cho ham so y = /(x) = x 3 - 3x 2 - 3x +4 . Goi m la so nghiem thuc cua phuong 
trinh 7/(/( x )-2)-2 =3-/(x) . Khang dinh nao sau day dung? 

A. m = 7 B. m = 4 C. m = 6 D . m = 9 

Huong dan 


Dat t — f (x) — 2 —^ 7 ~f (t)—2 — 1 — t 


f<l 

f 3 - 3f 2 -3f+ 2 = l + f 2 - 2f 


0 M&thT a Mi.thTA B Math A 

Xl= X2= X3= 

4.181943336 0.4064206546 -0.5883639907 

Loai di XI con X2 va X3 Luu vao A,B 

Vao giai phuong trinh bac 3 : xet y = /(x) = x 3 -3x 2 -3x+4 = A + 2 

B MathT B MathVA B Math A 

Xi= Xz= Xs= 

3.695162648 0.395435314 -1.090597962 

y = f(x) = x 3 -3x 2 -3x+A = B+2 
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Ai = 


X2= 


E MathYA 


E Math A 


Xs= 


3.630012813 

Vay khoanh dap an C 


0.5862562912 


1.216269105 


mmmmm 
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Mu -Logarit 

V* v 


' 0<S £Ta 


vdi a,b la cac so thuc thay doi 


Cau 1: Gia tri nho nhat cua P = (log^b 2 ) 2 + 6 
thoa man 4b > a > 1 

A.30 B.40 C.50 D.60 

Huong dan: 

Dung Table: cho a=l.l chay tu 5 l.l 2 + 0.01 tdi 3 step 0.1= 

®[H01I]0®l@H[I]®®[I]0[I]®®®i (U 


f(X)=(los 1 .iCX 2 ^ 

Vay khoanh D 


E 

F(H) 

I ■SS I BEE.BE 
I.3E iTffTlT 


K 


I ■ ME 


E3.MIB 


60.28421432 


Cau 2: Xet cac so thuc a, 6 thoa man a > b > 1 . Biet rang bieu thuc P = —-— + Jlog a - 


lo 8 ab “ 


dat gia tri ldn nhat khi b = o k . Khang dinh nao sau day dung ? 


A.k e (2; 3) B. ke\—;2 C. Jfce(-1;0) D. ke 0; 


Huong dan 

Chon b=l.l sau do dung Table kiem tra xem b bang bao nhieu ham dat gia tri Ion 
nhat 


S[Z)(3[D®®[E0ESE 

B0®000 

Sart 1.1= End 3= Step 0.1= 
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K 


1.2 

1.3 

I.M 


E.IEEE 
2.IE3B 


2.213585234 
Vay b=1.2 thi ham gan dat gia tri Ion nhat 
Do do: £ = log a Z? = log 12 1.1 = 0.523 


■Jb 


l0g ^^ 


V a - ~ J 


Cau 3: Gia tri nho nhat cua x P = (log a tr )* + 6 
thoa man \[b>a> 1 

A.30 B.40 C.50 D.60 

Huong dan: Dung Table: cho a=l.l chay tu l.l 2 +0.01 tbi 3 step 0.1= 


vdi a,b la cac so there thay doi 


<S> E 0 d) ® ® G5 © @ Q] ® (v=) CD 0 CD ® ® ® §3 (D 


fCX)=(log 1 . 1 (X 2 i 


Vay khoanh D 


K 

1.22 

1.32 

I.LI2 


E Math 

F(KJ 


IH 


E9.MIBI 

60.28421432 


Cau 4: [Chuyen KHTN Lan 5] : Cho f[x) = 
/(/(2017D bang ? 


2log 4 x o 3 l 0 M 2 


8 v +1 


-1 . Gia tri cua 


A.2000 


B. 1500 


C. 2017 


D.1017 


Huong dan: 

Buoc 1: Nhap Ham y xi nhu tac gia cho 
Buoc 2: ICALCl [Tl fol [T| [71 [=1 
Buoc 3: ICALCl lAnsl f=l 
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Cau 6: Phuang trinh 2017 sin * = sin^ + v2-cos 2 x co bao nhieu nghiem thuc trong 
[-5n-,2Q\ln] 

A. Vo nghiem B. 2017 C.2022 D.2023 

Huong dan 

Cac em vao Table de tim nghiem cua phuang trinh tren : 

BiTir^irimiTii^fsiniMmm^RiiiiiiMmmR^fTiRicosiMm 

03® 

B Math 

fOOMi-cosa) 2 ! 


Chung ta chi nen dung f(x) thoi bang each : (shift) (mod! Ct) f5l IT1 


Start -n- End -n- Step — 

v 12 


B Math B Math B 



ft 

p ijOjl 


K 



K 

F CHJ 

1 

-3. mi 

HHHT 

11 

-D.5E3 

-□.535 

EM 

E.B131 

5. B1M3 

E 

-E.B13 

-D.E3M 

IE 

-D.EEI 

-□■E3M 

E5 

3.1 Ml 5 

wmmb 

3 

-E.EI1 

-□.535 

13 

□ 

■Hli 

EE 




0 0 


Math 


0 


Nghiem cua phuang trinh co dang: x = /or e [-5;r;2017;r] 2023 


Cau 7 [Chuyen Thai Nguyen]: Goi a,b,c la ba so thuc khac 0 thay doi va thoa man 
dieu dien 3° =5* =15“ c . Tim gia tri nho nhat cua bieu thuc P = a 2 +b 2 +c 2 -4(a+b+c) 

A.-3-log 5 3 B.-4 C.-2-V3 D.-2-log 3 5 


. f b = a\og K 3 , _ , , 

3 ° = s b = 15 c -a < vao Table ta duoc : 

[c = -alog 15 3 


1.5 

I.E 

i.i 


Ftltt 

■-m 


Math 


-3.311 
3.998144483 


Vay khoanh B 
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Cau 8 [Sa GD Hai Phong]: Cho cac so thuc duong x,y thoa man 


log(x+ 2y) = log* + logy . Tim gia trinho nhat cuabieu thuc P = ye 1+2y .e 


y 

0 


A. t 


Huong dan: 


B.e 


C.e 5 


D.e 8 


Bien doi tx : log(x + 2y) = logx + logy —>x + 2y = xy—>y = 


Table : Start 2.1=, End 9=, Step 0.5= 


x-2 


* *2 


1 + 


£K 


fQ0= Je x ' 2 *► 


w 


3.E 
M. I 
IRE 


F(K) 


MMli A 


5.El I 

4.974030432 


£ 


4.953032424 

Cau 9: Cho /(x) = aln|x + X 2 + 1 j + 6sinx + 6 voi a,beR . Bietrang /(log(loge)) = 2 . Tinh 


gia tri cua /(log(ln 10)) 

A.10 B. 2 


C.4 D.8 


Huong dan 

Chung ta chi co mot phirong trinh duy nhat /(log(loge)) = 2 ma co tod 2 an a va b do 
do ta se chon 1 an a gia tri tiiy y don gian la a=l roi giai phuong trinh tim b, de 
phuong trinh don gian thi ta luu log(loge) A 

B Math A 

log(log(e))+A 

-0.3622156887 

. ,-- In (A + V A 2 +1 j+4 

/(A) = ln(A + VA 2 +l +frsinA+6 = 2->fr =----- 

\ / sinA 

Cac em rut ra nhu the nay cho de hieu han Solve 
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Math A 


Math A 


ILn 


(x+JxM)-M iA^sincxj+e 


icalci ra fini m fo~] m m f=i t=i 

B Math A 

in(x+Ji?+D 1> 

10 

Cau 10: Voi x,y,z,t la cac so tu 5 nhien doi mot nguyen to ding nhau thoa man 
xlog 20]6 2+ylog 2016 3 + zlog 20]6 7 = t . Tinh gia tri cuabieu thuc P = x* +y* +z* 

A. 3130 B. 28 C. 58 D. 57 

Huong dan: 

X 1^02016 ^ y ^°§2016 ^ Z ^°§2016 ^ — ^ ^ ^°§2016 ^ ^°§2016 ^ ^°§2016 ^ ~ ^ 

o log 2016 (2 1 '.3 y .7 2 ) = t« 2 x .3 y .7 z = 2016' 

*t = 1 cac em bam (T) [o] DD CID (=) HD E3 

E Math A 

2016 

2 5 x3 £ x7 

Ta duoc x = 5, y = 2,z = l,t = 1 thoa man la so nguyen to 

E Math A 

5 2 +2 1 +l 1 


Cau 11: Cho x, y la cac so thuc duong thoa log, x = log 6 y = log 4 1 . Tinh ti so — 

6 J y 


\ X A 

A. — = 4. 


B. — = 3. 


C. — = 5. 


D. — = 2. 


Huong dan 

log, x = log, y->y = 6 hg,x => log, x = log, 


fx+6 1 - 


Chung ta dung SOLVE de giai tim X 
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Cau 14: Cho hai so thuc a.,b thoa man a>0, 0<b<2. Tim gia trinho nhat P min cuabieu 


(r-b-y 


26° 


A. P min =- 


B. />=. 


C. P = 

min 


13 


D. P, =4. 


Huong dan 


Casio: Cac em chon a = 1 roi dung Table , Start 0.01= End 1.99= Step 0.1= 


fCXM 


_ C 2 K )_. 2+2 
(2-X)2 2* 


K 


B.BI 


F (Ki 

!:i! 


3.31B5 


13 

4 


3.261764803 


Math A 


3 


25 


Tvr Luan : Ta co: P 


(2 by 2°+ 26° 

(T-b°) 2+ 26° 



mid6:P = g (t) = j-^ + ^(t>l)g'(t) = ^^ ,g'(t) = 0^t=3. 
Bang bien thien: 



Vay P min = l j. 
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Cau 15: Cho cacsothuc x, y, z, t, a, b , c thoa man = V a x); = z 2 t z . 

a b c 

Tinhgiatri P = a+b-2c bang 

A. 4. B. C. -2. D. 2. 

2 

Huang dan: 


Casio : Chon 


In 2 

x = y = 2,a = b = 2->t = e 2 ,z = 



■ 0 Macth A 

inVZ) 

£ 2 

1.414213562 



B Mali A 



lniEO 

lrn'A) 


Mali A 


1 


Vay P = a + b-2c = 2+2-2A = 2 

Tu 5 Luan: 


lnx ln>> In z , lnx . 7 lnv t In z t 

-=-=-= In t=>a = -= In, x;b = —— = In, y;c = -= In, z 

a b c In t In t In t 


P = a + b - 2c = In, x + In, y - 2 In, z = In, 


4? 

II 

s* 

( 2,2 \ 

Z t 

2 

\ z ) ' 

l z J 


= 2 . 


Cau 16: Tim m de phtrang trinh m In (l - x) - In x = m co nghiem x e (0; l) 

A. 7??e(0;+oo). B. me(l;e). C. 77 ?e(-oo;0). D. m e(-oo;-l). 

Huang dan 


In x \ 

Cach 1: Cac em co lap m = -j—— -—- = f (x) roi xet ham bang Table 


19 

ED 

El 


m 

□.91 

D.9E 


F(HJ 

Mm 


Math 


0°0 ? 34. 83” 


K 

Da D I 

□■DE 
D. I I 


n Me 


E.EM9M 
I.9HEBI 

4.559347215 


Vay cac em khoanh dap an B 


— 
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Cach 2: Thay tung gia tri m roi quart sat doi dau 


Xet m = -10 


B Math B Math 

f(X:j=-101riCl-X)> f(X)MCX)-C-lO) 


B 

f m 

I IB.1B9 
D.BMigjI 
EE IFTHrif 


K 

D.5E 


Math 


21.20361206 

Chung ta khong thay su doi dau nao ca do do loai C, D tuang tu vdi m = 10 loai A 

Can 17: Tim tap hop tat ca cac gia tri thue cua tham so m de phuong trinh 
4 X + (l- 3m)2 X + 2m 1 -m = 0 co nghiem. 

A.(0;+oo) B.(-oo;0) C.[0;+oo) D. (-oo;0] 

Huong dan 

Cac em co the lam tu luan xet Delta hoac thay tung gia tri m dac trung cho dap an roi 

Table start -9 = End 9= Step 1= 


m = 0 


m = 10 


FtK) 

D.3I25 

yys 


13 

IM 

15 


-IB 

2BE 


22 


Vay khoanh A, do tai m = 0 ham khong doi dau, con m = 10 doi dau 

2 2 

Cau 18: Tim tat ca cac gia tri cua m de phuong trinh (7-S-E) + m(l + 3-75 j = 2* _1 
co dung hai nghiem phan biet. 


A. m < —. 
16 


B. 0 <m<- 


16 


^ 1 1 

C. — <m< —. 
2 16 


D. 


— <m< 0 
2 


m = - 


16 


Huong dan 

Chung ta cung dung Table, 2 nghiem phan biet thi doi dau 2 Ian, 

Start -4=, End 4=, Step 0.5= 


wm 
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Vdi m - — khong thay sir doi dau 


Math 


f(X)=^)C7+3^ || 

Vdi m = -10 cung khong doi dau 
s Mxth 

fOOM *+(- 1 ( 1)0 ,jj 

11 

Vay loai QD,A cuoi ciing chon B 


K 


FW) 

0. 51 D j_g E □ B 

i m■nTm? 

LB 


ED.EB3I 

.435588133 


H 


□ 
□ n 5 
I 


Mk- 

-IB. I 

-lii.n 


12 Math 


-9.5 


Cau 20: Cho log 7 12 = x, log ]2 24 = y va log 54 1 68 = 


axy +1 


bxy + cx 


nguyen. Tmh gia tri bieu thhc S = a + 2b + 3c. 

A. 5 = 4. B. £ = 19. C. S'= 10. 

Huang dan : log 7 12 = x, log 12 24 = y -> xy = log 7 24 

log 54 l 68 = Egz E8 = log^4 + l = axy + 1 _^ = 1 
log 7 54 log 7 54 bxy+cx 


, trong do a , b, c la cac so 


D. S = 15. 


Ta co: log 7 54 = Mog 7 24+clog 7 12-*c = 


log 7 54-Mog 7 24 


l°g 7 12 


(Nhap thoi, di thi vao Table luon) 
Dung Table : Start -9=, End 9=, Step 1= 


^54)-X1037 

log 7 (i2) * | 


w 

-1 

-B 

FCHJ 

|ygp 

-M 

E.1EI 


Math 


3 


Vay fl = l,b = -5 / c = 8->S = 15 
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Cau 21: Tim tat ca cac gia tri thuc cua tham so m de phuong trinh 
4logj x - 2log 2 x + 3 - m = 0 co nghiem thuoc doan 




A. m g [2;3] 


B. m g [2;6] 


C. m g 


Huong dan 

O day dung Co lap m xet ham cho nhanh AA 


f(X)=fllog 4 (X:> 2 -> i 


□■ 5 
□.IS 


M.DDE3 

3 


rv 

D. 777 G 

T; 9 1 

4 J 


L 4 J 


k 

i.ns 

E.E5 E.QEBB 


Math 


Vay khoanh dap an B. 


ln 2 x 


Cau 22: Biet rang gia tri ldn nhat cua ham so y =- tren doan [: l;e 3 ] la M = —, trong 


do m, n la cac so tu nhien. Tinh 5 = m 2 + In '. 

A. 5 = 135. B. 5 = 24. C. 5 = 22. 

Huong dan 
Table Tan 1: Tim Max 
K 


Fm 

uM 


Math 


BID.5MD5I 
0.54093S044 


Table Ian 2: 0.541« M = — -> 0.54k?" = m Tim n nguyen duong de m nguyen duong 

e n 


D. 5 = 32. 


K 

FCK? 

1 

I.MIDS 

E 


3 

ID.BEE 


E 
3 

3.99747935 

Vay 77 = 2, m = 4 -» S = 32 


i: mm 
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A. 2017 B. 2018 C. 6666 D. 6665 

Huong dan 

De xem N co bao nhieu chu so em chi can lay phan nguyen cua logN+1 la duoc 

E Math A 

2017109(20161+1 
6666.157395 

Vay khoanh dap an C. 

Cau 27: Cho hai so thuc duong x,y thay doi thoa man he thuc 3 + \n x+ ^ y+l =9xy-3x-3y. 


3 xy 


Tim gia tri nho nhat m cua bieu thuc P = xy. 

l 


A. m — 


Huong dan 


B. m = 0. 


C. m = -. 

3 


D. m = -. 
2 


Y tuong: Cac em xet P = xy = {AJB/QD} roi the y theo x vao phuong trinh tren xem co 
ton tai x thoa man hay khong? Neu co la dung con khong la sai 

Gia tri m chung ta thay bang Y trong may tinh con y = 


Y 


Nhap vao may: 

H] EE COD ® @ CD1+1 ® ID d§ ® @ CD ® GB CO ® GO d§ dH ® CD 0 
CD d] (alpha) js§ 0 GE) m (T| Q CHJ [x] ® HD d^i) (▼) (H E DD 


E Math 


E Math 


G+ln 


' y v \ 

K+vT+1 ^ 1 V ..V 

<-J-(9Y-3X-3*£) 


dnl (MiD (33 d] (=) (jg §j) ID [D [=3 

a Math IS Math 

■j+ln[——J-[y> Can’t Solve 

x= 1 CAC3 :Cancel 

L~R= 0 c*3C>3:Goto 

(3) liiFTl IcaEcI l~o~l R |T| [=1 [=] 


(3) fsHirfl IcEcI |T| R-l IT) [=1 f=| 

E Math 

Can’t Solve 

CAC3 :Cancel 

C4 3 C fr-3 S Goto 
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B Math 

Can’t Solve 

CAC] :Cancel 
1 4 3 C►]:Goto 

Vay khoanh dap an A la gia tri nho nhat 


Cau 28: Cho x,y,z la 3 so there khac 0 thoa man T = 5 V = 10 2 gia tri cua bieu there 
A = xy+yz+zx bang? 

A. 3 B. 0 C. 1 D.2 

Huong dan 

Gia su: 2 X = 5 1 ' = KT 2 = 2^x = 1(A ),y = log 5 2(B),z = -log 10 2(C) 

B Math A 

AB+BC+CA 


0 


Cau 29 [Chuyen Vinh Ian 4]:: Tim tat ca cac gia tri cua tham so m de phirong trinh 
4* -1 

log 2 —- = m co nghiem 

A.m<0 B. -l<m<l C. m<-l D. -l<m<0 


Hu'6'ng dSn : Table Start 0.1= End 10= Step 0.5= 


B Math 



B Math 



H 

F CK> 

IB 

B, E 

-1 ‘inS 

IS 

ED 

5. 1 
S.E 

-3-mE 


-O*O 7 Q.02” 


Vay khoanh dap an A. 


B Math 


!■! 

F (HI 

D. 1 


D.E 

-I.3M5 

1. 1 

-D.E3B 


-3.853O02372 
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Nguyen Ham - Tich Phan Hay & Kho 

Cau 1: Biet f —dx = 3 In--- trong do a,b nguyen duong va - la phan so toi 

• J 0 x‘+6x + 9 b 6 b 

gian. Hay tinh ab 

A. ab = -5 B .ab = — C.ab = \2 ' D ,ab = 6 

4 


Huong dan: 


El Math A 


B Math A 


I 1 ——rjy^-A ■4 , [ A+ 7 , 1 
J0K2+6K+9 a, H ' 6# 

0.02971288402 


4^3 


13 Math A 


4 

3 


12 


Cau2: Cho 0<a< — va (xtanxdx = m . Tinh ff —— dx theo a va m 
7 J J l cos x 


A.I = atma-2m B.I = -a 2 tana + m C. I = a 2 tana-2m TD.I = -a 2 tana-m 

Huong dan: 


Chon a = — sau do cac em xet hieu 
3 


E2 Math A 


B Math A 


0 Math A 


J"'°XtanGOdx->A ^(crwW) i *<* B B_ ((§t tan (§)~ , “ 

0.5074708032 0 


Cau 3: [Chuyen DHSP - Ian 3]: Giai phuang trinh J(/- log 2 x)dt = 2 log 2 - (an x) 

0 x 

A. x = l B.xe{l;4} C.xe(0;+°o) D. xe{l;2} 

Huong dan 

Trong may tmh thi mac dinh x la bien nen cac em se sua lai la t thanh X va x thanh Y 
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[2 Math 


<Y))dx-21og 2 (£| 


icalci m fo~i 1=1 m gd f=i 

0 Math A 

[o(X-log 2 (Y))dxl> 

0 

Vay dap an C dung 

Cau 4[Chuyen Vinh-3]: Cho ham so y = f (x) thoa man f'(x) = (x+\)e x va 
\f{x)dx = (. ax + b)e x +c, vdi a,b,c la cachang so. Khi do: 

A. a + b = 2. B. a+b = 3. C. a+b = 0. D. a + b = 1. 

Hu^ng dan: 

Ta co f(x) = [cx+d).e x nen de dang ta co the tim c,d nhu sau : 

} /’(x]dx = /C0)-/(-100]«/(0) = d j /■(x)dx = /(0)-/(-100)«/(l) = (c+d)e 

-100 -100 

0 Ma.th A 0 Math A 0 Math A 

[°io 0 (X+l)e*dx j! 100 G< + l)e x d^ ^ 100 CX+l)e x dx^e 
O'" 1 

Vay f(x)=x.e x Tuong tu 5 vdi each tu duy tren tinh a + b nhu sau : 

0 Math A 

I-iooXe*^ 

QOQ’0” 

Vay khoanh C. 
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Cau 5: Neu /(x) = (ax 2 + bx +c)y2x-l la mot nguyen ham cua ham so g(x) = 


tren khoang [ — ;+oo | thi a+b+c c6 gia tri la? 


10x-7x + 2 


V2x-1 


A.3 B.O C.4 D. 2 

Huong dan 

Chung ta de y mot chut: /(1) = a+ b+ c /T) = 0 


1 

Do do : J g(x)dx = a + b + c tuy nhien g(x) khong xac dinh x = 0.5 do do ta phai xet 

0.5 

x = 0.5+Ax de lam cho tich phan van xac dinh 

i 

=> J g(x)dx = a + b + c cac em bam vao may nhn sau : 

0.5+Ax 

E Math A 

f 1 

JO. 5+10-6 ^2?^ 

1.998585785 

Vay minh khoanh dap an la D.2 

Cau 6: Ham so /(x) = (3 x+ 2) 2 co mot nguyen ham la F(x) = ax 3 +bx 2 +cx+d thoa man 
F(-l) = 5 khido a+b+c + d bang? 

A.5 B. 13 C19 D .20 


Huong dan 


De y nhu bai trade : f(l) = a+b+c+d 


i 

J (3 x+ 2) 2 dx — (a+ b + c + d) — f (-1) = ^ > a + 

-i 


i 

b + c + d = /(- 1) + J (3x+2) 2 dx 
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E Math A 


5+J‘j(3X+2) z dx 


19 

Cau 7: Biet F(x) = (ax + b).e x la nguyen ham cua ham so y = (2x + 3).e x . Khi do a+b la 

A. 2 B. 3 C. 4 D. 5 

Huong dan 

Y tuong giai nhanh a day van nhu trade : F(l) = (a + b) e F(-100) = (ax + b) e~ 100 « 0 

i i 

=> J (2x+3)e*dx = F(l)-F(100) «(a+b)e -Aa+b = J (2x+3 )e x dx:e 


B Math A 


-100 

B Math A 


00 


C2X+3)e*dx-e {‘ 100 (2X+3)e x d>i> 


Vay khoanh B 

Cau 8: Biet FXx) = (ax 1 + bx+ c) e x la mot nguyen ham cua ham so /(x) = x 2 e x . Tinh a, b, c 
A.a = \,b = 2,c = -2 B.a = 2,b = l,c = -2 C.a = -2,Z> = 2,c = l D.a = l,b = -2,c = 2 

Huong dan 

Cac em lam tuong tu nhu bai tren : 

M B Math A 


l-ioo* 2 ^^ 


Cau 9 : Biet rang J CQS x + s ^ nx dx = an + b+c\x\2{a,b,c e Q) Tinh tong S = a+b + c 


sinx 


A.S = 1 B.S = 


13 

24 


C.S = 


23 

24 


D.S = - 


24 
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Huong dan: 

Cac em phai tach ra 1 chut: 


2 cos 3 x + sinx 


f 


smx 


dx = j 


2 - / 'cOS 3 X + j' N 


smx 


, r cos 3 x , n 

ax = - ax +- > a = - 

{ sinx 3 i 


Cac em tien hanh tmh rich phan va vao giai he phuong trinh 

Y= 


b + cln2 = A- — 
3 


b + c = {A,B/C,D} - 


B Math A 


E MathT 


3 

Math A 


f ^+2 cos (X) 3 +sir y A= 

Jjt-a sintX) v 

1.365344732 

Vay khanh dap an C 

2 / , /^\2017 

Cau 10: Tmh tich phan J-—^— dx. 

i x 

^2018 _ 2 2018 


-0.375 


2018 o20J8 


A. 


3 itJ i -2 
2018 


22017 O 2018 


B. 


4036 


4034 2017 


D. 


->2020 o 2020 


4040 


Huong dan: Khi tich phan nay dung voi so mu Ion thi co nghla no co quy luat va 
dung vdi so mu nho hon tu do cac em tinh so mu nho hon va tim ra nhanh quy luat 
roi loai tru chon dap an dung nhat. 

®ffi[II(ALl)[I)E]C2]CII©@(Ei®ill[II(Z)®liiE)II3(5)[ri®[l] 


r2 , I x ± 2 1 v . 

Ji V-V+2 


Math 


[calci f=i m f=1 


ICALCl f=l ITI 1=1 


B Math A 


B Math A 


1 vV+2 Ua 


4 


(CALCl f=l (~3l f=1 


r 2 ig±22 y. dx f 2 

Ji X V+2 19 Ji 


2 tX+2 lX 
X V+2 


dx 


65 

8 
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De y chut cac em thay Tii la 3 y+1 - 2 y+1 ->A,B , Mau 2(Y + i)-+B 
Vay khoanh B. 

Cau 11: Tim tat ca cac gia tri thuc cua tham so a de bat phuong trinh sau day nghiem 
dung vdi moi gia tri thuc cua x: jf-t + 2(tf+l)ldt >-l 


3'_]_ 
’ 2 9 2 


B. <2e[0;l]. 


C. ae[-2;-l]. D. a< 0. 


A. ae 

Huang dan 

Dang nay giai tay cho chuah nhe: j f i f + 2 (a + 1)1 dt = -t 2 +2(a + l) 


= — + 2(a+l)x > -1 
0 4 


> x 2 +8(a+l)x+4 >()->• A'= 16(a+l) 2 -4<0-> — <a< — -+A 


Cau 12: Cho f sin" xcos xdx =---- .Tim gia tri cua n 

o 128(w + l) 6 • 

A. n = 5 B. n = 4 C.n = 3 D.n = 6 

Huong dan 

Cac em chi can thay n=Y roi CALC tung dap an 

M E Math M E Math 

'tf 

I *sin(X) v c0s(X> <X)dx- 12St 1 v+n 

fCALCl 1=1ITI f=1 

M E Math A 

QSiriCX) v cosCXi> 

0 

Vay khoanh dap an D, Khi Calc thi may hoi X cac em an = de bo qua, hoi Y thi nhap 
dap an vao. 

Bil 
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1 4 

Cau 13: Cho /(*) la ham so lien tuc tren R va J f{x)dx = 2017. Tmh / = jcos2x/(sin 2x)dx . 

A. /=—. B.;=-—. C. /=20i7. D. /=——. 

2 2 2017 

Huong dan: 

Nhung trubng hop ho cho 1 du kien nhu the nay cac em chi viec chon mot ham 
thoa man la duoc, ta se chon ham co ban la fix) = x roi sua de ham thoa man thubng 


la nhan them hang so roi bam bieu thuc can tmh 
/(x) = 4034x -> cos(2x)/(sin2x) = cos(2x).(4034sin2x) 

B Math A 




Jj2017x2Xdx Jo 


2017 


B Math A 

r CiDS(2X)x201f> 

2017 


Cau 14: Gia sir f C E- = aln5+bln3 + cln2. Ti'nh gia tri bieu thuc S = -2a+b + 3c 2 . 

J — V 


, X -x 


A. S = -2. 

Hirong dan: 

fs 1 


B. 5 = 3. 


I; 


B Math A 


0.1823215568 

A = flln5 + ^ln3 + cln2—= 5‘ ! .3 b .2 c 


a Mitli A 


C. 5 = 0. 


D. 5 = 6. 


b 

5 


5“.3\2 C = — = 2.3.5 1 -> a = -1, b = c = 1 Vay khoanh D 
5 


Cau 15: Cho f(x) = —r ^= =(2^Jx 2 +1+5), biet F(x) la mot nguyen ham cua ham so f(x) 

Vx 2 +H ' 


thoa F(0) = 6. Tinh F 


A. 


125 
16 ‘ 


B, 


126 
16 ’ 


C. 


123 
16 ' 


D. 


127 
16 ' 


Huong dan 
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12 Math A 

b+ J 0 jSr^«^ 

125 

16 

Cau 16: Cho ham so y = f (x) lien tuc tren R va thoa man / (x)+/(-x) = x 2 ,Vx € 

i 

Tinh I = jf (x)dx. 


A./ = T 
3 


Huang dan: 


B. 1=1. 


C. 1 = 2. 


D. / = -. 
3 


f(x) + f(-x) = x 1 Chon /(x) = ^- 6 day minh lay ham chan de f (x) = f (-x) 


->/w- T 




13 Math A 


1 

3 


u 

Cau 17: Tim a < 0 de J* 3" 2x -2.3 _x dz > 


0 


A. -l<a<0 B. a<—1. C. a<-3. 

Huang dan: 

Thay a=Y roi CALC cac gia tri dac trung cua tung dap an nhe 

12 Math A 


D. a = —3. 




15551 [=1R m fo~l [=1 


iBHi 
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12 Math A 

2K -2x3- : Oct> 

1586796472 


[2 Math A 

|?(3- 2X -2x3- x )t> 


0 


Vay khoanh B. 

Cau 18: Cho ham so y=f(x) co do thi y = /'(x) cat true Ox tai ba diem co hoanh do 
a<b<c nhu hinh ve. Menh de nao dudi day la 


dung: 

A. f(c)> f(a)> f(b ) 
B- f(c)>f(b)>f(a ) 
C. f(a)>f(b)>f(c) 
D- f{b)>f(a)>f{c) 


i n 

1 

i 

A 

:/ 


i 


i 


t j 

i 


\ 

/ | 


i c 

1 

: /fc e| 

T l 

f 1 

i 

! 1 

!■ 1 



Huong dan: 

Chung ta ang nghiem cua f'(x) -»a = = -0.8,b = x 2 = 0.3,c = x 3 = 2.6 

De y la khi x am thi y duong do do /'(x) = -(x+0.8)(x-0.3)(x-2.6) 

Taco: /(b) = /(a) + J/’(x) /(c) = /(a) + J/’(x)dx 


12 Math A [2 Math A 

J:^ 8 -CX + 0.3)r> 

-0.632225 3.9304 

Vay chung ta khoanh dap an A. 

Cau 19: Cho ham so /(x) lien tuc tren E va f(2)=16, £ f(x)dx = 4 . Tinh / = £ x.f'(2x)dx 
A. 13 B. 12 C. 20 D. 7 


Huong dan: 

-- — --:- 1 ----- 
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Cac em don gian hoa nhir sau: minh co 2 du kien /(2) = 16 , £ f(x) dx = 4 minh se chon 
ham bac nhat vi no co 2 an roi tim ra ham thoa man ca 2 dieu kien tren 


/(2) = 16 

2fl + fr = 

2 ^ ^ < 
J(ax+b) dx = 4 

.0 

ax 2 7 ’ 

— + bx 
2 l 


X* 


Y= 


0 Math A 


14 


-12 


-» /(x) = 14x-12 -A f(x) = 14 -> /'(2x) = 14 

Sau do chi viec bam may dung bieu thuc can tinh 


i; 


XxC14)dx 


Cau 20: Cho ham so f(x) lien tuc tren E va cac tich phan J /(tan xjdx = 4 va 

0 

\x 2 f(x\ 1 

J — j^-dx = 2 . Tinh tich phan I = jf(x)dx 

0 X +1 0 

A. 6 B. 2 C. 3 D. 1 

Huang dan 


TnLuan : Dat t = tanx -> j/(tanjc)ft = 4 = d x 

o o r +1 0 X + 1 

/ = J/(x)<ix: = J + J X {^d x = 6 Vay khoanh dap an A 

n n X-fT A X-l-l 
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Cau 21: Biet f - 


x +1 


(x-l)(2-x) 

thiic a + b . 

A. # + Z> = l. 

Huong dan: 


<k = a.ln|x-l|+Z>.ln|x-2| + C voi a,b eZ. Tmh gia tri cua bieu 


B. <2 + 6 = 5. 


C. a+b = -1 . 


D. a + b = -5. 


Cac em thay can 4 va 5 (chon khoang can khong chua gia tri lam cho ham khong xac 

dinh) roi tmh lnu vao A thay so giai he : < U 3 + ^ ^ 2 ^ 

0 + 6 = {^,£>,0,0} 

Y= 

2 


E Math A 


f 5 --dx-i> 

J 4 (K-i) (2-tf) Urt k 

-0.6410311794 


B MathT 


B Math A 


Vay khoanh C. 

Cau 22: Cho ham so /(x) xac dinh tren doan [—1;2] thoa man /(0) = 1 va 
f 2 (x)./'(x) = 1 + 2x+3x 2 . Gia tri nho nhat va gia tri ldn nhat cua ham so / (x) tren doan 
[—1;2] la: 


A. min f(x) = yf2, max /(x) = >/40. 

A-e[-l;2] ^ ' Xe[-1;2H V 7 

B. min f(x) = \f-2, max f(x) = l ]40 

C. min / (x) = %/--2, max f(x) = y[A3. 

xe[-\;2] J V ' 5 xe[-l;2 ] J V 7 

D. min f(x) = yf. 2, max f(x) = lj43. 

xe[-l;2] J V ' xe[-l;2r V 7 

Huong dan giai. 



Xet J f 2 (x)./' (x) dx = J (l + 2x+3x 2 )dx => - ^ ■ 


:x+x 2 +x 3 + C ( C la hang so) 


Do /(0) = 1 nen C = -. Vay / (x) = \l3x 3 + 3x 2 + 3x +1 voi x e[-1;2]. Khoanh C 


!■: 

-1 

- 0.15 

-0. B 


- 0.939 
- 0.5 
..25992105 


K 

1.15 

E 


B Math 

FCK) 


frM 


3.50339806 
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> r* UJ0 

Cau 23: Tich phan / = J ——dx co gia tri la: 


Huang dan 


Cxi dung vdi so mu ldn la no co quy luat lap di lap lai nen ta se thu cac so be de thay 
quy luat 


0 Math A 


2 :k ‘ 1Q d v 


2«+i 

Quy luat la : —- Vay khoanh dap C 


dx 2 

Cau 24: Gia su I = f-=— pr = a\n-+b vdi a,b la so nguyen. Khi do gia tri a-b la 


A. -17. 


C. -5. 


Huong dan 


0 Math A 


Cac em giai he nhu cac bai trude : 

J . . J 0 Math i 0 MathT 0 Math A 

* 4 _X= Y= 

i Yx + ^ a '" H 

8.567209352 6.000000001 11 

Cau 25: Cho so phuc z = m-2 + (m 2 -\}i vdi me R. Goi (C) la tap hop cac diem bieu 
dien so phuc z trong mat phang toa do. Tinh dien tich hinh phang gidi han bdi (C) va 


Huong dan 

Goi M(x;y), (x;y eR) la diem bieu dien so phuc 


D. -. 
3 


m , \x = m-2 \m = x + 2 fx = -3 “A „ , t, 

Ta co: i , oi , (C)nOx<=> =>S = I x 2 +4x + 3k& = - 

y = w? 2 -1 [y = (x + 2) 2 -1 L^" 1 -3 n 4 
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Cau 26: Voi a,b la cac tham so there. Gia tri tich phan J(3x 2 + 2ax+1)dx bang 


A. 3b 2 +2ab. 

Huong dan 
Chon b=l, a=2 


B. b i +b 1 a + b. C. tf+b. 


D. ct +2. 


S Math A 


B Math A 


|n(3X 2 +4X+l)dX 1 3 +1 2 x2+1 

4 4 


:/W 


Cau 27: Cho ham so y - f (x) lien tuc tren K thoa man J - dx = 4 va 

1 v X 

n/2 3 

J / (sin x) cos xdfr = 2. Tich phan I = J / (x) dx bang 


A. 1 = 2. 

Huong dan 


B. 1 = 6. 


C. 1 = 4. 


D. 7 = 10. 


Dat t = sin x; x e 


;r # ;r 
'~ 2 '’2 


:/(i) 

VJ ‘ 

nil 

>dt.=cosdx=> J /(sinx)cosx(Tt = J/(/)<7t = 2. 


Dat t = Vx => dt = —dx => J — - p— - dx = 2 J f{t)dt = 4 —> J f(t)dt = 2. 

x i v ^ j j 


a i a 

I = J/ (x) dx = J/(x) <ix + J/(x) <7x = 2 + 2 - 4. 

0 0 1 

1 

Cau 28: De ham so /(x) = tfsin;rx+7 thoa man /(l) = 2 vaj/(x)<ir = 4 thi a,b nhan gia 

0 

tri: 

A. a = 7r,b = 0. B. a = n,b-2. C. a = In,b = 2. D. a = 2n, 7 = 3. 

Huong dan 

Cac em thay a,b 6 cac dap an vao tinh /(l) = 2 -+ B, C 

E Math A E Math A E Math A 

jtsin(Ji)+2 2nsin(n)+2 


2 


JnCJisiri(JiX)+2)c> 
2 " 4 


- 
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x-1 


Cau 29: Gia su f —r-^—-—dx = <2 In 5+Mn 3; a,b e Q. Tinh P = a.b. 

{x 2 +4x +3 

A. P = 8. B. P = -6. C. P = -4. D. P = -5. 

Huang dan: 

Cach 1: 

Tinh tich phan luu vao A roi tien hanh e A len 


I; 


£ X-i 


□ k2+4X+3^^ 

-0.07696104114 




0 Math A 


25 

27 


Do do duoc 5 2 .3 3 -»a = 2,fr = -3 -» B 
Cach 2 cac em rut b theo a : 

“ CL In 5 

A = aln5+bln3^>b = — ; —-— roi sir dung dap an ab = {A,B,C,D} roi solve 


Xx 


In 3 

B Math A 

ft-.Xln (5? 


In (3) 


-+6I 


[shift] 

Xx 





n (3) 


+6 


Math A 


2 

0 


Cau 30: Cho ham so f(x) = (2x-3)e x . Neu F(x) = (nvc + n)e x (m,ne R) la mot nguyen 
hamcua /(x) thihieu m-n bang 

A. 7. B. 3. C. 1. D. 6. 

Huang dan: cau nay cac em giai nhanh nhu cac vi du trude: 


Dey: /(-l) = (-m+n)e 1 -An-ra« J f(x)dx:e 1 

-100 


E Math A 

J:; oo C2X-3>e x d» 


B Math A 

<2X-3)e*dx+e-‘ 


B Math A 

Jl| 00 (2X-3)e x d>i> 

.7 


Vay khoanh dap an A 
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Cau 31: Cho do thi ham so y = f'(x) nhu’ hinh ve, trong cac gia tri /(0),/(l),/(2),/(3) so 
nao co gia tri ldn nhat 


1,0 

- 0.5 
- ]. ,0 


-V- 

1 \ 


\/ 


A. /(0) 

B. /(I) 

C. /(2) 

D. /(3) 


Huong dSn 


6 day cac em nhan dang duoc no la dang do thi cua ham chua dau gia tri tuyet doi va 
cu the la ham y = /'(x) = |x-2|-l Tir do ta co : 


/(1) = /(0) + J/'(x)dx = /(0) + 0.5 /(2) = /(0) + J/’(x)dx = /(0) + 0 

0 o 

3 

f (3) = /(0) + J / '(x) dx = /(0) - 0.5 Vay khoanh B 

0 

5 

Cau 32: Tinh tich phan I = J x 3 2 X ' dx 


A. J = (2 625 -l)lnl6 B. 1 = 


In 16 


C. 


2 625 — i 
In 2 


D 


2 625 — i 


16 


( 2 * - 1 ) 


[3 Math A. 


Hxrong dan: Khoanh dap an B 

B Math A 

J‘x 3 x2 x4 dX inTi6) 

0.3606737602 0.3606737602 


Math A E Math A 

23636.75488 " 23636.75488 


JoX 3 *2* 4 dx 


mm m | 
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Cau33:Biet je x (2x+e x )6x = a.e 4 +b.e 2 +c voi a, b, c la cac so huu ty. Tmh S = a+b+c. 

o 

A. 5 = 2. B. S = -4. C.S = - 2. D. S = 4. 

Huang dan 

XetdapanA: S=a+b+c=2->c=2-a-b 

-2 + A- ae 4 + a 


A = a.e + b.e +c = a.e + b.e + (2 — a- b) -> b = - 


E Math A 


<? 2 -l 

0 Math 


fne x C2X+e x Jdx-*fl fCiO C 2 ^^ 4+? 
43.57713721 


Sau do xem cac gia trj dep, khong dep thi cac em thay so -2 thanh cac so khac o’ cac dap an 
0 Math _ .0 Math 


* / v \ __r"4+A—+X d 

TUJ=I ~2Z~ id 

C J. | | 


K 


F CK> 

.Jlhffi 

-E.ISM 


Vay khoanh dap an D. 

Cau 34 : Co bao nhieu so nguyen duong n sao cho n In n - J In xdx co gia tri khong vuot 


qua 2017? 

A. 2017. B. 2018. C. 4034. 

Huong dan: 

Cac em thay n=Y roi nhap vao may CALC timg dap an nhe 

icalci m foi m in i=i f=i 

0 Math A 

¥ln(Y)-fyin(XJci> 

2017 


D. 4036. 
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Cau 35: Cho biet Jh(9-x 2 )<& = aln5 + Mn2+c, voi a,b,c la cac so nguyen. Tinh 

i 

S = |ff| + |&| + |c|. 

A. S = 34. B. S = \3. C. S = 18. D. S = 26. 

Huong dan 

Dang nay cac em tinh tich phan roi e A len roi co the dung Table do khong thi thay Ian 
luot tung so 


E Math A 


Jjln(9-X 2 )dx+A 
1.888306479 

ITIITI [21ITI f=1 fsirrl ra 

E Math A 

3125 


e A +e “ 2 


B Math A 


64 


3125 

64 

ftp f4l f=| (sHiFTl ra 

E Math A 


2 6 


Vay: e A =5‘2 b .e c ->e A :e c =5 a .2 b ^■c = -2,a = 5,b = -6^-S = l3 

Cau 36: Tinh rich phan f . - --- - - -—-<dx = ^-(#73 + b + cx\ + 4 voi a,b,c la cac so 

\ x +1 8 ' ' 

nguyen. Khi do bieu thiic a+b 2 +c 4 co gia tri bang: 

A.20 B. 241 C. 196 D.48 

Huong dan 

Luu tich phan vao A roi tinh bieu thuc a^/3 + b+c7t 


E Math A 


E Math A 


i 2 =^ r > ca-4)^ b 

-3.172046243 


-40.57122027 

6 day a,b,c la cac so nguyen nen cac em co the yen tam chon c roi vao Table do 
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0 Mirth 

ht w C1 ) 71—X 


V 

5 

E 


E 

K F CKJ 

-n 

-IE 
-15 -IE.5H 



Math 


-16 


Tuy nhien theo thoi quen minh thubng do tir -9 den 9 va step la 1 se khong ra duoc vi 
a = b = -16 nen cac em can can trong khi gia tri bieu thiic to thi a,b,c cung to theo. 

a 2 

Cau 37: Co bao nhieu so ae(0;20n) sao cho Jsin 5 xsin2xdx = -. 


A. 20. 


B. 19. 


C. 9. 


D. 10. 


Huong dan: 


Ta tfnh mot so trcrcmg hop dac biet va dupe a = — 

_ B Mail A. 

Jo' i sinCX) 5 sin(> 

2 

7 

Chung ta thay ham tuan hoan vdi chu ki In : sin 5 (x+2;r)sin(2x+2/r) = sin 5 xsin2x 


Cac em co the xem tuan hoan vdi chu ki n khong bang each tinh a = ~ + n 


E Math A 


0 siruXrs]i> 
2 
7 


Vay: a = ^ + A:2^€(0;20^)->fc = 0,l,-,9 Vay co 10 gia tri 


Cau 38: Co bao nhieu gia tri cua a trong doan 
A. 2. B. 1. 

Huong dan 


n . 
4 ;2 " 

C. 4. 


thoaman [ . sinx dx = 
oVl + 3cosx 

D. 3. 
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Chung ta lai thu mot vai gia tri a dep thay co trudng hop nay duoc con da phan loi do 
lam cai mau bieu thhc trong dau tich phan khong xac dinh 


I 




n+2 sinm 

0 si'i+SGOSCK) 

0.6666666667 


m / \ 

Cau 39: Co bao nhieu gia tri ngu}^en thuoc [0;2017) cua m de j cos — \dx^0 

o v 2 J 


A.16 
Huong dan 




B.8 


0 Math A 


IB Math A 


C.1008 


D.1009 


IB Math A 


0 


IB Math A 


|>os(^)dx 

-0.6366197724 


Jo C0S (¥) * 


E Math A 


Jocos(^)dx 

0.6366197724 


J o cos dx 


0 


[2 Math A 


0 


Jo cos(f)dx 

0.6366197724 


Cu so chan la gia tri tich phan ra am do do ta se khoanh 1008. 

Cau 40[Chuyen Lam Son Thanh Hoa Tan 3]: Cho ham so y = /(x) thoa man 
/(x)./'(x) = 3x 5 +6x 2 Biet /(0) = 2 Tinh / 2 (2) 

A. / 2 (2) = 144 B. / 2 (2) = 100 C. / 2 (2) = 64 D. / 2 (2) = 81 

Huong dan 

Trong sach co huong dan roi do nhe : 

\ f(x).f\x)dx =J f(x)d(f(x)) = =.^ + C 

J f(x).f'(x)dx = /2(2) ~ /2(0) -> f(2) = 2} f(x).f'(x)dx + f 2 ( 0) 

0 ^ 0 

[2 Math A [2 Math A 12 Math A 

Ejp(3X 5 +6X 2 )d>i-h <3X E+ 6X 2 )dx+4 2jo(3X 5 +6X 2 )dX-(> 

100 


vr-- w 
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Cau 41: Goi F(x) = (ax 3 +bx 2 +cx+d)e* la mot nguyen ham cua ham so 
/(x) = (2x 3 + 9x 2 -2x + 5je x Tfnh a 2 +b 2 +c 2 +d 2 

A. 244 B.247 C.245 D.246 

Hiro’ng dSn 

100 

J /(x)dx = F(100)-F(-100) *F(100) = (alOO 3 + bl00 2 + c.lOO + d)e 100 

-100 

100 

=>al00 3 +bl00 2 +c.l00 + d= f /(x)dx:e 100 

-100 


E Math A B MathTA E Math A 

f‘“ (2X 3 +9X 2 -:t> 2 X s +3X 2 -8X+13 13 2 +8 2 +3 2 +4 

2029213 2029213 246 

Cau 42[Chuyen Vinh Ian 4]:: Gia su ham so y = /(x) lien tuc, nhan gia tri dirong 
tren khoang (0;+oo) va thoa man /(1) = 1, /(x) = /’(x)V 3x + 1 , Vx > 0 . Menh de nao sau 
day dung? 

A. 1 < /(5) < 2 B.4</(5)<5 C.2</(5)<3 D.3</(5)<4 

Hiro'ng dan: 



E Mlth A. B Math A 

e A xi 

3.793667895 

Vay khoanh dap an D 

Cac em vui vong truy cap vao http://bikiptheluc.com/sach de cap nhat them cac ki 
nang va bai tap moi 

Chi mua sach goc cua Nguyen The Luc - https://www.facebook.com/Ad.theluc thi 
mai dupe cap nhat nua cuon con lai va ho trp tai luc thi va hoc khoa LiveStream 7 
ngay cuoi dinh huang cac dang bai thi. 

Bikiptheluc.com - Luyenthipro.vn - 0977.543.462 

Dia chi: So 5 ngo 4C dang Van Ngu, Dong Da, Ha Noi 
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So Phuc 

I.Cac dang toan lien quan toi tinh toan so phuc 

Cau 1: [Chuyen Bien Hoa - Ha Nam]Cho ba so phuc z„z 2 ,z 3 thoa man dieu kien 
|zj | = \z 0 1 = |z 3 1 = 1 va Zj + z 9 + z 3 = 0 . Tinh A = Zj 2 + z 2 2 + z 3 2 

A.l B.O C.-l D. 1 + z 

Huong dan 

~ 1 %/3. 1 S. i 

Chon: Zl =-+—i,z 2 =--—i,z 3 =-l 


Bam may ta dune: 

CMPLX 0 Math A 

fo.5+#ir+fo.!t. 

0 

Cau 2: Cho so phuc z 9 w khac 0 sao cho |z-w| = 2|z| = |w|. Phan thuc cua so phuc u = — 
la: 


A. a = --. B. a = -. C. a = 1. D.a = K 

8 4 8 

Huong dan 

Bai nay co 4 bien ma co 2 phuong trinh tu do suy ra la chung lien he voi nhau theo 1 
moi quan he chii khong phai la 1 so cu the. 

Chon z = 1 -> |l - w\ = \w\ = 2 ta co phuong trinh nhap luon vao may: 

(l-x^ +(A-x 2 } = A 



CMPLX 


0.5+J4-0.52 i 
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0.5+J4-0.52 i 

1 715 - 
8 8 1 


1" - m 
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Vay khoanh dap an D. 

Cau 3.Cho cac so phuc z thoa man \z\ = 5. Biet rang tap hop cac diem bieu dien cua cac 
so phuc w = (3+4z)z-3z la mot dudng tron. Tinh ban kinh r cua dudng tron do. 


A. r = yfE. 

Huong dan: 


B. z =5. 


C. r = VT0. 


D. / =25. 


Cac em bien doi don gian nhu sau: w = (3 + 4 i)z -3 iow+ 3 i = (3 + 4z)z lay module 2 ve ta 
dupe: |i 0 + 3z| = |3 + 4z||z| = 25 vay tap hop bieu dien w la dudng tron tarn (0;-3) vaban 
kinh la 25 

Cau 4: Neu so phuc z * 3 thoa man \z\ = 3 thi phan thuc cua bang: 


Huong dan 

O day bai toan dung vbi moi so z * 3 thoa man |z| = 3 nen cac em chi can chon mot so 
z bat ki thoa man la dupe chung ta chon la 3 i 

CMPLX E Math A 

i + ii 

Vay khoanh dap an B 

Cau 5: Goi (C) la dudng tap hop cac diem bieu dien cho so phuc z thoa dieu kien 
|z + l| = |z-2z| Tinh dien rich hinh phang dupe gidi han bdi (C) true hokih va dudng 
thang x= -1 


Huong dan 
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Cac em CACL nhanh ra duong thang : |z + l| ; 2 -\z-2if 


(Cac em xem giai thich 6 Cau 2 Max-Min phia dubi) 


CACL 0= 


CALC i= 


CALC 1= 


CMPLX E Math A 


CMPLX B Math A 


CMPLX B Math A 


IX+ll^-IX-ar IX +1 l*-IX-2il* IX+l l^-lx-2i I ^ 

-3 1 -1 

13 

Vay phuong trinh la: 2x + 4y - 3 = 0 -a y = - - x + - tim giao diem cua do thi ham so vdi 
true tung (cac em nen ve hinh ra ) 

B Math A 


J^ 1 i |-0.5X+0.7Et> 


Vay khoanh dap an D. 

Cau 6: Neu hai so phuc z,,z 2 thoa man IzJ = |z,| = 1 va z,.z 2 * 1 thi so phuc w = co 

1 + Z r z 2 


phan ao 


A. bang 1 B. bang -1 


C. bang 0 


D. Ion hon 1 


Huong dan: 

Lam tuong tu nhu cau 1 thi cac em chon z 1 =l,z 2 = i khong thich cac em co the chon : 

. ,i S.S.i 
~ lr 2 T 1} T 2 . 


Vay khoanh dap an A. 
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Cau 7: Cho hai so phuc z, , z 2 thoa man |z,| = |z 2 | = 1. Khi do |z, +z 2 | 2 +|z, -z 2 | 2 bang 

A. 2. B. 4. C. 1. D. 0. 


Huong dan 

Tuong tu nhu vi du tren : z, =l,z 2 = i 


CMPLX 0 Mi.tli A 

; I 2 


11+i l 2 +l 1-i l : 


Cau 8: Neu z la so phuc thuc su va thoa man --— co phan thuc bang 4 thi modun cua 

z - z 


so phuc z la: 


A. |z| = — 


Huong dan 


B. |z| = — 
1 1 8 


C. Izl = 4 


D. |z| = - 


16 


Cac em chon bua 1 so phuc co phan thuc la 4 roi tim z: — = 4 +i <=> |z| - z = — 

r ' z-z 1 1 4 + i 


Den day em co the goi z = a+bi roi tien hanh giai phuong trinh hoac dung Newton- 
Raphson (anh bam vai Ian = roi lay sap si thoi xem them o phan phuong trinh phuc) 

CMPLX 0 M*th A 

X=X -I X I 


CMPLX E M^thTA 

. 4+i 

-1 

■0.1102940504+jV 


0.1249999407 


Cau 9: Cho so phuc z ^ 0 sao cho z khong phai la so thuc va w = . z - la so thuc. 

1 + z 


Tinh 


A. - 
5 


1+W 

Huong dan: 


Chon: w = - r = l->z 2 + l-z = 0 

1 + z 2 


B. - 

2 


C. 2 


D. - 
3 
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M 

Xi 

Cac em an IshiftI [rcQ P~1 de lmi vao X xong vao luon iMODEl [~2~| 

M CMPLX B Math A 

IXI 

1+lKl 2 i_ 

2 

Vay khoanh dap an B 

II. Phirang trinh so phiic 

Cau 1. Cho so plurc z thoa man 11 z ]0 +10 iz 9 +\0iz-l 1 = 0. Tinh modun cua so phiic 

A.|z| = 10 B.|z| = l C.|z| = ll D.|z| = x/221 


B MathT 


2 + 2 1 


Huong dan 


De cho nhanh thi cac em thay X thanh Ans luon, thuat loan Newton-Raphson khi don 

\ _ fix ) , v 

giin xuat phat tu: /'(x) = — - — - neu coi x 2 la nghiem thi /(x 2 ) = 0 


Do do x 2 - x, 


- f (X ) fix ) \ / ' r 

<=>*,= x, - 1 khi nhap vao mav thi cac em co 2 each 

/'(X) 2 1 /'(x) ' F 


X = X- hoac A?ts- ^ Ans . - de giam 1 phep gan di 
/'(X) • /'(Ans) b F Fo 

Lira y chung ta coi i,|z|,|z| 2 nhu’ la 1 so cu the nao do con z la bien cac em nen dua 

phu’emg trinh ve dang da thirc roi mdi ap dung va CACL 1+i bang tod khi ket qua 
khong doi thi do chinh la nghiem. Trong nhieu truong hop de tiet kiem thoi gian ta 
chi bain, bang toi khi no khong con thay doi nhieu nua la lay luon gan dung. 

Ling dung cho bai nay : vao CMPLX 



CMPLX 0 Math A 


•7 1 Ans 9 +1 Qi Ans-1 . 

1 +901 Ans 8 + 1011 
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@(I]lll)(Mi(li)(TlE)(g)(5)(l](3)@[I)cg)ffl(5)ITi®ii®0(g)(T) 
<S> Hi IT] El IH ® E) El GD <S) (HI 03 QjEKS) ffl (5103 (S> CD dH (T) ffl [jg 
did!) 

CMPLX B Math 

i.+-±*-±— 

^ K i X+i 

^- — j- 

X2 (K+i)2| 


ICALCl [T1 [+1 [eng] |=1 toi khi ket qua khong thay doi 

CMPLX E Ma.th k 

*=* - ' | ~ • 

X2 (X+i)2 

1-i 

Vay dugc z 1 =l-i thay vao tmh P la xong : 


CMPLX E Math k 



~ " : ~ : - --j 
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Hoac cac em co the quy dong len duoc phuong trinh : ix 2 -2x—2i = 0 roi giai se de hon. 
Cau 3: Tim mo dun cua so phuc z biet z-4 = (l + z)|z|-(4+3z)z 


\z\ - 4 

B. H = 1 

r ,l 1 

C. \z = — 

D. \z\ = 2 


1 I 

1 1 2 



Hucmg dan: 

Cac em dua ra z = —— 4z —— - + — kiem tra Ian luot cac dap an 
1 + 3/ ' 

CMPLX B Math 

4-4i+tl+i?K I 
l+3i I 


Sau do CALC luan luot timg dap an, dap an nao cho KQ nhu nhap vao la dung 

[calci ran r=i HCDID s gei (=] 


CMPLX B 

| >4-—-4-r + u+1. 

Math A 

— 1 

CMPLX B Math ▲ 

1 q.-q.l+ U+1M 1 

1 1+31 

1 

1 1+31 1 


d-TTcT 

■/sir 


5 

5 


CMPLX E Math A 

4—41+ t1+1) I 
1+31 1 


2 


Cau 4: Xet so phuc z# 0 thoa man z^3z.z + l 


|z|(2 + 6iz] . Menh de nao dung ? 


A 1 1 1 1 

A. — < z <- 

-plii 1 

B. -< z <- 

C. — < Izl < 1 

D. \z\<- 

4 11 3 

3 1 1 2 

2 1 1 

1 1 4 


Huong dan 
Cach 1: Tu luan 

Cac em de y chut: z.z = |z| 2 => z^3 |z| 2 +1 = |z| (2 + 6 iz) => z f ^3 |z| 2 +1-6/ \z\\ = 2 |z| 


2|z| 

—s \z\ — 

2|z| 



i 2|z| 



b|z| 2 +l-6;|; 

A 

hi 

Sf 

?| 2 + 1-6z'|z 

1 

! ( 3 |z| 2+ 1 

) + 36|z| 2 yl 

'1 + 39 

hi 2 
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E Math 

2=Jl+39X 2 
X= 0.2773500981 
L-R= 0 

Vay khoanh A. 

Cach 2: Dung Newton Raphton 


Chung ta coi z la bien va nhap phuong trinh : X = X— 




f| 2 +1 -2|x|-6i|x|X 


^3|X| 2 +1-62'|X| 


CALC 1+i bam = tcri khi ket qua khong doi 

CMPLX B Math A CMPLX B Math A CMPLX B Math A 

x? x=x l x l 

0.1538461525 Jsixi^+i 

+0.230769234li 0.1538461525+0.► 0.2773501001 

Cau 5: Cho so phuc z* 0 thoa man ———li = | z | 2 go phuc w =—iz c 6 module la : 

1+/ 1 1 r 9 

A.9 B.^/26 C.V6 D. 5 

Hirdng dan: 

Quy dong roi nhap bieu there vao may 

icAEcimioiroif+iroimmmafEi 

CMPLX B Math A 

iX-(3i+l)ComgO 
-10100- 0401—101► 

Ta duoc -10100.0401-10199.9901/ khi do phan thuc va ao co bieu thuc 
No giong nhu viec cac em thay z = x+yi tuy nhien 6 day ta thay x = 100, y = 0.01 
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f 10100.0401 = 100 2 +100+ 0.4 + 0.1 2 =x 2 +x+4y + y 2 = 0 _ . 

i =>x-5j/ = 0 

[10 199.9901 = 100 2 + 2.100 - 0.00 99 = 100 2 + 2.100 -(0.01 - 0.01 2 ) = x 2 + 2x + y 2 - y = 0 

9 45 

Ta co phnong trinh : (5 yf +5y + 4y + y 2 =0->y = ->x =- 


CMPLX 



-45 

26 


IS Math A 



J26 


*Dung Newton - Raphson 

Bien doi iz _ ij 2 j^ong de z dnoi mau : 

1 + z 1 1 5 


fZ P . l.tjj . - = |z| 2 <=> zz - (3 i+ l)z = (1 + /) |z| 2 
| |2 

<=> zz -(3i+1)— = (l + i)\z\ 2 <=> zz 2 - (l + z)|z| 2 z-(3i+ l)|z| 2 = 0 


CALC 1+i = ... 


CMPLX S Math A 

^ y IxgIx-tsi+n ^ 

iX-(1+i) Itfl 2 ! 


CMPLX 0 Math A 

- I".-«. X T A I «■ K 


x«x— 

-ff-0.34615384i> 


21X-C 


CMPLX 

£6 j VI 

Q 1 ^'i I 


Throng tu cac em co the luyen vi du sau : 


Math A 


J26 


4 7 , 

Cho so phuc z thoa man (3-4i)z- n = 8 . Tren mat phang toa do, khoang each tu 1 goc 

z 

toa do den diem bieu dien so phuc z thuoc tap nao ? 


(9 ) 

— ' +00 


1 c - ( 0;1 ] 

D. ( 2;*! 

U J 

U *) 

I l 4 J 

1 l 4 J 


Dap so : \z\ = 2 
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Cau 6: [Chuyen Le Quy Don Quang Tri] Cho so phuc w va hai so thuc a,b. Biet 
z 1 = w + 2i va z 2 =2w-3 va hai nghiem phuc cua phuong trinh z 2 +az + b = 0 . Tmh 

r =KI + N 

A.r = 2Vl3 B.T = ^2Z. c,^ D. T = Wl3 

3 3 

Hudng dan: De y don gian thoi nghiem phuong trinh bac 2 he so thuc : z = n±mi 


_2 

=> z a + z 2 = 2n = 3zz? + 2i - 3 -> 3b + 2 = 0 -» b = — (w = a + bi^j 

2 4 4 

=> 2 , -z- = 2mi = w-2i-3—> a-3 = 0 -» a = 3=> zv = 3 — i —» z = 3 +—i;z n =3— i 

3 3 3 


3 3 i 


3+fi 


Math A 


2J9T 


Ap dung tuong tu : 

Cho so phuc w va hai so thuc a, b. Biet rang 2w+z va 3w-5 la hai nghiem cua phuong 
trinh z 2 4 - az + b = 0. Tim phan thuc cua so phuc w. 

A. 2. B.3. C. 4. D. 5. 

Cau 7: Cho hai so phuc z,,z 2 thoa man phuong trinh |2z-z| = |2 + zz| va|zj -z 2 | = 1 . Tmh 
gia tri bieu thuc Q = |zj + z 2 | 


A. Q = ^~ B. Q = j3 C 'Q = Y V-Q = 2 

Hudng dan: 

Cac em lam tuong tu z 1 ;z 2 la 2 nghiem cua cimg mot phuong trinh bac 2 nen :z = a±bi 
(truong hop he so thuc moi duoc nhe, he so phuc khong duoc) 

Do do |z 1 -z 2 | = [2bz| = 1 -> b = chung ta chi chon 1 gia tri b thoi cho do bi lap 
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R 

Bay gib the vao |2z-z| = |2 + zz|-»(2a) 2 = (a 2 +1.5 2 )-»a = — 

Va)^ 2 nghiem la z = y±|iVay Q = -j3 

Cau 8. Cho so thuc a, b, c sao cho phuong trinh z 3 +az 2 +bz+c = 0 nhan z = l+i va z = 2 
lam nghiem cua phuong trinh. Khi do tong gia tri a + b + c la 

A.-2. B.-4. C.2. D.4. 


Huong dan: 

De y chut cac em thay : f(z) = z 3 +az 2 +bz + c-^> /(l) = l + a+b+c 


Cau nay cac em phai tu duy nhanh : khi phuong trinh bac 2 co nghiem z = 1 +i tuc la 
seco nghiem z = l-z vay taco ham /(z) = (z-2)(z-l-i)(z-l+i) cac em thay z = l vao la 
tmhdugc a + b + c+l 


CMPLX 0 Math A. 

(X-2)(X-l-i)(X-l> 

-1 


Tudosuyra: a+b + c = -2 

Cau 9: Cho so phuc z thoa man (1 + 2i)\z\ = -2+i . Menh de nao dudi day dung? 


\z\ < 2 

B. |z|>2 

C. \z\<- 

D. i<|. 

1 i 

1 1 

1 1 2 

2 1 


.3 

2 


Huong dan: 
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Cac em dung Newton - Raphson : Luu y la dtmg de z dudi mau vi no kho hoi tu, cac 
em quy dong len thanh phuong trinh moi 

(l+2z)|z| = ^^--2 + i <^>[(l + 2z)|z| + 2-z]z- VlO = 0 



CMPLX B _Math A 

JKl+2-i>K-MTcr, 
-ii ) I X I +2-i 


, .,. 1 _ k (1 +2i ) 1 l : ‘ : l I 4 k 
" A Cl+2i) IK 

0.9486832981-0. ► 


CMPLX 

IXI 


Math A 


1 


Cau 10: Cho so phu>c z thoa man (3-z)(z+l)+(2-z)(z+3i) = l-z . Tinh mo dun cua so 

phuc w = -—— 
r 1+z 

A V82 B 2^1 C tOOL D 

'4 '8 ‘9 '5 

Huong dan 


Day la dang phuong trinh bac nhat cua so phuc cac em nhap y lai phuong trinh : 

CMPLX B Math A CMPLX B Math A CMPLX B Math A 

C3-i)CX+l)+C2-i^ Conjg(X)+3i)-i> <gOO+3i)-(l-i)l 


CMPLX B Math A 

(3-iHX+lM2-il> 

50D05-19S94i 

Chung ta dupe he phuong trinh : 

[ 50005 = 50.000 + 5 = 5a +5 f5zr+5 = 0 

[19894 = 20.000 -100-6 = 2a-b-6^’{2a-b = 6 ^ a = ~ 1,h = _8 z = ~ 1 ~ 81 

CMPLX E Math A 

i-t-l-Si) I 

1 +( _i_ 8i) | 

8 
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Vay khoanh dap an B 

Cau 11: Tren tap so phuc, goi z ]? z 2 la hai nghiem cua phuong trinh z 2 +2z+4z-2 = 0 
Tmh gia tri 

bieu thuc P = 

4 + |z 1 |.|z 2 | 

-M + 24l b -VTo+ 3V2 c >/T0+3 n/2 d -V5+3V2 
2 ‘2 ' 2 '2 


Huong dan: 

Bai nay de nhung chu yeu anh muon hudng dan each tmh nhanh can bac 2 cua so 
phuc 


Tmh A’ roi tmh ra nghiem : z 1 =1 -v,z 1 = -3 + z 


1-C41-2RA 


Ms.th A 


3-41 




CMPLX 0 

ars (A) 


Ms.th A 


2-i 


CMPLX E Ms.th A 

I A ~ JL I T I --JT1 I 

4+I 1—i 1 I- 3+i I 

-TlO+3-12 


Vay khoanh dap an B 

III. Max-Min module so phuc 

Cau 1: Vdi hai so phuc z, va z 2 thoa man z, + z 2 = 8 + 6/ va |z, -z 2 | = 2. Tim gia tri ldn 
nhat cua P = |z,| + |z 2 | 

A. P = 5 + 3^5. B. P = 2%/26. C.P = 4^[6. D. ^ = 34 + 3^2. 

Huong dan 
Cach 1: Tu Luan 


~Y ■ 


Hotline: 0977.543.462 
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Cau 2: Cho so phhc z thoa man \z - 2 - 3z| = 1. Gia tri Ion nhat cua \z +1 + zj la: 

A. Vl3+2 B. 4 C. 6 D. 7l3+l 

Huong dan 

O day cac em su dung ly thuyet sau: 

\z-z o \ = R thi tap hop cac diem bieu dien z la duong tron co tarn z 0 =a 0 +b 0 i->I(a 0 m ,b 0 ) 

[\z\ =R + \z o \ 

va ban kinh la R, khi do \ max . ' chung ta se ung dung giai nhanh nhu sau : 

[fL = I r -K1 

|z + l+zj = (a+1) 2 + (b — l) 2 — |z +1 — zj 

Dat: w = z+l-i bai toan tro thanh : \w-3-2i\ = l.Hoi |w| max =? ap dung luon cong thuc 
ta duoc: 


m 


= l + 73 2 +2 2 = l + 7l3 


Cau 3: Tim gia tri nho nhat cua \z\ , biet rang z thoa man dieu kien 

A. 72 B. 73 C. 0 D. -1 

Huong dan: 

Cac em dua ve dang chuan nhu 6 tren : 


4 + 2/ 


1-z 


z -1 


= 1 


4 + 2/ 


1-2 


2-1 


1 — 1 > 

1 

- 1 HH - 1 

1 

. — J. w 

z l+3z 

|l + 3z| 1 lmi " l + 3f 

1 + 3 2 


= 0 


Vay khoanh dap an C 

Cau 4: Cho so phuc z thoa man: jz 2 -2z + 5| = |(z-l + 2z)(z+3z-l)| . Tim gia tri nho nhat 
cua modun so phuc w, vdi w = z - 2 + 2z 


wmum 
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A. |w| . =- 

B. Iwl . =2 

C. Iwl . =1 

D. |w[ 

1 Innn ^ 

1 Innn 

l Imin 



Huong dan: 

Cac em vao giai phuong trinh bac 2 z 2 - 2z+5 = 0 ta dime : 


Xi= 

0 MathT 

X2= 

0 MathYA 

Do do: 

1+21 

■pH 

C\i 

I 


z 2 -2z + 5 =|(z-l + 2z)(z + 3z-l)| <=> 


|z-l + 2zj = 0 -> z = 1 -2z -> w = -1 -»|w| = 1 
|z-l-2z| = |z+3z-l| (*) 

Ta da biet (*) co dang dirong thang: ax+by+c = 0 do do cac em CALC nhanh nher sau : 


Nhap bieu there : |z—1 — 2zf - |z +3 i - 1| 2 

CMPLX 0 Math A 

IIX-l-2il 2 -IX+3i> 


CMPLX 0 Math A 


*CACL 0 = the la z = 0^a = b = 0^c = -5 
*CACL i- the la z = i^a = 0;b = l->b+c- -15 —>b- -10 
*CACL 1= the la z = l^>a = l;b = 0-^a + c = -5-+a = 0 

CMPLX 0 Math A CMPLX 0 Math A 

IX-l-2il 2 -IX+3il> IX-l-2i l 2 -IX+3it> IX-1-21 l 2 -IX+3it> 
-5 -15 -5 

Vay ta co phuong trinh dirong : -10y - 5 = 0 <=> y =-0.5 -» z = a - 0.5z -» w =(a- 2)+1,5z 
2 9 9 i i 3 

p| = (a- 2) 2 + — > — -> pl^ = - Vay tong ket 2 trirong hop ta co = 1 

Cau 5: Cho so phuc z thoa man: |z - 3| + |z + 3| = 10 . Gia tri ldn nhat va gia tri nho nhat 
cua |z| Ian lirot la: 
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A. 10 va 4 B. 5 va 4 C. 4 va 3 D. 5 va 3 

Huang dan: 

Day la dang cua phuang trinh Elip vai c = 3,a = 5-^b = 4 nen \z\ max =a = 5;[z^ = b = 4 

Tuy nhien thi khong phai em nao cung tu duy duoc nhu vay, neu di thi chung ta se 
thu dap an nhu sau : 

Bay gid min chi c6 the la 3 hoac 4; xet truong hap 3 xem co ton tai so phuc nao khong 

|z | 2 = x 2 +y 2 = 9 |z-3| + |z + 3| = 10^^(x-3) 2 +(9-x 2 ) + ^(x + 3) 2 +(9-a: 2 )-10 = 0 

Dung SOLVE 6 he COMP 
[2 

Can 7 1. Solve 

CAC] :Cancel 
l* ]C►]:Goto 

Vay loai duoc dap an C,D tiep tuc thu voi max la 10 thi chi viec thay 9 thanh 100 

E Math 

Can 7 t Solve 

CAC] sCancel 
14 ]C►]:Goto 


Vay loai dap an A va cuoi cimg chon B. 

Nhu vay khi xet bai toan max-min ta dua vao dap an, chon gia tri nho nhat va Ion 
nhat 6 cac dap an de thu xem co ton tai so phdc nao thoa man hay khong, neu co thi 
dap an do co kha nang dung con khong la loai 

Cau 6: Trong cac so phuc z thoa dieu kien \z-2-Ai\ = \z-2i\ . Diem bieu dien cho so 
phuc z co modun nho nhat co toa do la : 

A. (2;2) B. (-2;-2) C. (2;-2) D. (-2;2) 

Huong dan: 


BIidptheSuc.com 


Bi kip CASIO cong pha Trac Nghiem Toan 


Hotline: 0977.543.462 


CASIO EXPERT r Nguyen The Lye - fb: Ad.theluc - Youtube :MrTheLuc95 _ 

Em nao ranh co the viet phuong trinh duong tu 5 dieu kien roi bien luan phuong trinh 
bac hai, con di thi de cho nhanh cac em chi viec kiem tra lieu diem do co thoa man 
dieu kien tren hay chua ? 

Nhap he thhc roi CACL so phuc tuong ung vi du (2;2) -> z = 2 + 2/ 

CMPLX 0 Math CMPLX 0 Math CMPLX 0 Math A 

IX-2-411 -1X-21II 2+2i IX-2-411 -1 X-2i I 

1 0 

Vay dap an A thoa man, cac em co the xet B,C,D de kiem chung. 

Cau 7: Cho so phuc z thoa |z| > 2 . Tim tich cua gia tri Ion nhat va nho nhat cua bieu 
thuc jP = |^t£| 



B.l 


C. 2 D. - 

4 


Huang dan: 

Cau nay chung ta ap dung BDT vecto sau : |z 1 1 - |z 2 1| < |z a + z 2 1 < jz 1 1 + |z 2 1 


P = 


z + i 


1 +- 


^1- 


< P <1+ 


1 1 

»l-iA<P<l+rT 

2 z 


Ta co|z|>2->p|<2 =>l-i<l--p|<P<l + pr<l + i Vay khoanh dap an D. 


*Mot so dang khac 

Cau 1: Ki hieu z,; z 2 ; z 3 la ba nghiem cua phuong trinh phuc z 3 + 2z 2 + z-4 = 0. Tinh gia 
tri cua bieu thuc T = \z x |+ |z 2 1 + |z 3 1. 

A. T = 4. Bo r = 4 + V5. C. r-4V5. D. T = 5. 

Huong dan 

Cac em vao giai phuong trinh bac 3 
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Xi = 


E MathT 


;<2= 

3 


E MithTA 


Xs= 


E Math A 


1 -§+i.322875656i -f -1.3228756561 

De liru nghiem X2 vao X cac em bam 1 shift) [rcl] fTI hien nhir the nay la dirge 


Stored to X 


Sau do liru nghiem X3 vao Y sail do phai vao he CMPLX khong dirge sang he 
COMPL khong la mat phan ao 

ImodeI (XI 

CMPLX S Math A 

111 +1XI +1YI 


q b 

Cau 2: Cho phirong trinh — + - = 1 (a,kl,zeC) co 2 nghiem Zj = l + z\/3 va z 0 . Tim 

z z — 2 

so nguyen dirong n nho nhat sao cho f—1 la mot so thuc dirong. 


B. n = 4 


C . n = 6 


D. 77 = 3 


A. n-2 
Huong dan: 

Cac em co the lam theo tu luan la the 2 i roi giai tim a,b nhirng de don gian hon thi ta 
lam nhu sau : 

r i + iS y 


Zj = l+i\/3 —»z 2 =1 -;'n/3 

CMPLX 

r l+iVs i 
U-iVs J 




v 1 — z Vs j 


CMPLX E Math A 

3 


1 


Vay khoanh dap an D. 


t MM 
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Cau 3: Cho cac so phtic z,w thoa man |z + 2 - 2i| = \z - 4«|, w = iz +1. Gia tri nho nhat 
cua U la 


A. 


3 A 


B. 2. 


A 


2 2 
Huong dan: Cac em CALC nhanh ra phu’ong trinh : 
CALC 0= CALC 1= 


D. 2V2. 


Math A 


CALC i= 

CMPLX B Math A CMPLX B Math A 


lX+2-2iR-lX-4ii> IX+2-21 l 2 -lX-4i> lX+2-2i l 2 -lX-4ii> 
-8 -4 -4 

Ta co phuong trinh : 4x+4y-8 = 0ox+y = 2-»y = 2-x 
w = iz +1 = z'(x+ yz) +1 = 1 - y+ xi |uz| = (1 - y) 2 + x 2 = (1 + x) 2 + x 2 = 2x 2 + 2x +1 

ii -lii 1 

p . <-»x = -» uz . = —i= .Vay khoanh dap an C 

I 'mm 2 1 h ' J r 

Cau 4: Goi z,, z 2 la 2 nghiem cua phuong trinh z 2 + z+1 = 0. Tinh gia tri P = z, 2017 + z/ ( 

A. P = l. B. P=-\. C. P = 0. D. P = 2. 

Huong dan: 

Chung ta giai ra 2 nghiem cua phuong trinh la : z 1 = -^±^-i nhung dang nhu the 
nay thi no lap lai theo chu ki vay cac em luu 2 nghiem vao X,Y 

M CMPLX B MathTA M CMPLX B Math A 

X*+Y* X 2 +Y 2 X 3 +Y 


M CMPLX B Math A 

3. V 3 


1 


-1 
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M CMPLX 

x 4 +y“ 


Math A M CMPLX 

X S +V 5 


E Math A M CMPLX 

x 6 +y 6 


Math A 


-1 -1 2 

6 day thi thay vi tmh 2017 thi cac em tinh tai 17 vi 2017 = 2000+17,2000 chia het cho 
4, thong thndng cac bai toan nhu 5 vay so phiic thuong lap lai vdi chu ki la 4 giong nhu 5 
lirong giac vay 

M CMPLX B Math ▲ 

X 17 +Y 17 

-1 


Vay khoanh dap B. 

Cau 5: Cho so phuc z = a+bi(a,b&R) tlioa man dieu kien |z 2 + 4| = 2|z| . Dat 
P = s(b 2 -a r )-\2 . Menh de nao dudi day dung ? 

A. P = (|z|- 2f B. P = (|z| 2 -4) 2 C. P = (|z|-4) 2 D. P = (|z| 2 - 2^ 

Hu-ong dan 


6 bai toan nay chi vdi dieu kien |z 2 +4| = 2|z|ta khong the giai ra duoc dieu kien cu the 
do do ta se chon b = 'j3—>z = a+ij 3 va tien hanh giai phuong trinh trinh tim a 


|z 2 + 4| = 2 |z| \a 2 + 3 i 2 + 2 Sai + 4| = 2 \a + iS | -> (a 2 + if + 12« 2 - 4 (a 2 + 3) = ( 

<-»(a 2 +l) +10a 2 -ll = 0 


a 2 =l 
a 2 =-11 


->■ a = 1 -» z = 1 + i +3 D 


Ngoai ra cac em co the chon b = 2^z = a+2i 

|z 2 + 4| = 2|z| —> \a 2 + 4z 2 + Aai + 4| = 2 + 2i\ -+ a 4 + 16a 2 - 4 (V + 4) = 0 


Math 


CMPLX B Math A M 


CMPLX 


B Math ▲ 


X 4 +16X 2 -4tX 2 +4) <_( |I 2 -?) 2 oU-X 2 )-l?-f IX-+ 

X= 1.100501045 u * 411 ^ u ' 4 i4 U/s 

L-R= 0 0 


mm 
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Cau 6: Tmh tich modun cua tat ca cac cac so phuc z thoa man |2z-l| = |z + l+zj , dong 

thdi diem bieu dien cua z tren mat phang toa do thuoc dudng tron co tarn J(l;l) ban 
kmh R = ^5 

Huang dan 

Nhap bieu thiic CALC 100+0, Olz 

CMPLX 0 M^th A CMPLX B Math A 

I2X-1 l 2 -IConjgO I2X-1l 2 -lConjgO 

29399.0203 

No se phan ra 2 lop : 

Lap x : 29399 = 30000 - 600 -1 = 3x 2 - 6x -1 
Lap y : .0203 = .02 + .0003 = 2y+3y 2 

Vay |2z-l| = |z + l + zj =^>3x 2 + 3y 2 -6x+2y-l = 0 

Bay gia ket hap vdi phuang trinh : (x-lf +(y-l) 2 = 5 nhan 3 vao troi tru phuang 
trinh tren la ra moi quan he x va y : 

Cac em nhap vao may : 3 (x-l) 2 +(y-l) 2 -5j-(3x 2 + 3y 2 -6x + 2y-l) 

CALC: X = 100; Y = 0.01 

CMPLX 0 Math A 

3CX-1) 2 +3CY-D 2 > 

-8.08 

Vay -(8 + 8y) = 0—»y = -l—»x = 0,x = 2-»M = l.yfE = yJE 

Cau 7[De Minh Hoa 3]. Xet cac so phuc z thoa man \z + 2 - i\ + \z - 4- li\ = 6 V 2 . Goi m, M 
Ian lugt la gia tri nho nhat, gia tri ldn nhat cua \z -1 + zj. Tmh P = m+M. 

A. P = -J\3+'J73. B.P = . 5 ^ +2 ^ . C. P = 5V2+>/73. D. p = X2 + V7y 

2 2 
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Huong dan: 

*Cach 1: Tit dap an cac em co nhan thay 

Min co kha nang la , Jl3-, 5V 2 Max co the la V73, 2^- 

2 2 

Y tuong la tu 5 \z -1 + i\ = A chung ta rut ra b roi the vao phuong trinh tren Solve xem co 
ton tai a khong vdi z = a + bi 

Giasu m = ^ -> (a -- if+ (b+1) 2 = 12.5 -» b = ^12.5 - (a -1) 2 -1 thay vao 


|z + 2-/| + |z-4-7z| = 6>/2^^(a+2) 2 +^12.5-(a-l) T -2j +^|(a-4) 2 + ^12.5-(a-l) 2 -8j -6>/2 

B Math 

JCX+2) 2 +Ul2.5-t> 

X- -1.5 


Vay co ton tai so phiic z de min la m = 


5V2 

2 


Chu y khi xet Max 


Ta co 


^/73 > > 2^- ra se thu so M = 2^2- xem co ton tai so phuc nao khong ? 

V3 2 F 

Cac em su chut cho 12.5 thanh 73:3 thoi. 

B Math B Math 

,,£ i- u,-,.,-, 7G : - ■JCX+2) £ +U73^3-> 

O +u73*3-(X-l ► x= 0.93242 

L-R= 0 

Nhir vay ton tai so phuc de M = -^=- > vay M = j 73 la dung 

O day anh da thii giai true tiep M = V73 nhumg may khong tinh duoc ra x co the no 6 
dang Bat dang there nen mdi bi Can't Solve nhu vay (kinh nghiem ) 
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_l.*_. it- .... ’ _ 


*Cach 2: Tit gia thuyet \z + 2-i\ + \z- 4- li\ = 6-Jl. 

Cho Y thay doi roi giai ra X vdi z = X+Yi 

E Mscth B Math B Math 

kx+2) 2 +a-V) 2 <X-4) 2 +C¥-7) a ->- <i 2 +CY-7) 2 -6-12 


Solve 


Y 

1 

2 

3 

4 

5 

6 

7 

8 

X 

Can't 

-1 

0 

1 

2 

3 

4 

Can't 


2 ben xung quanh la no vo nghiem chi co vung tix 2 toi 7 thoi: cac em thay quy luat la 
Y-X = 3-^y = x+3 

Do do |z -1+ i\ = yj(x- if + (x+ 4) 2 dung Table : Start -2= End 5= Step 0.25= 


K 

-LIB 

-LB 

-LEE 


F (KJ 

W 


Math 


3.5531 I 

3.535533906 


E3 

EM 

E5 


H 

3.5 
3.15 
M 


B Math 

f 


1.3D5E 

tm 


3.544003745 


Xap xi dap an B nhe cac em. 


Cau 8[De Minh hoa Ian 2]: Cho so phuc z thoa man (l + 2i)\z\ = -2 + i . Menh de 

z 

nao duai day dung? 


\z\<2 

B. |z|>2 

C. |z|<- 

D. -<\z\ 

1 1 

i i 

1 1 2 

2 1 1 


Hircmg dan: 


Cac em dung Newton - Raphson : Luu y la dung de z dual mau vi no kho hoi tu, cac 
em quy dong len thanh phuong trinh mdi 

(l+2i)\z\ = —-2 + i<t5>[(l + 2 i)|z| + 2 -i]z->/i 0 = 0 

(CALCl m ffl lENGl [=1 


Bildptheluc.com Bi kip CASIO cong pha Trac Nghiem Loan 


Hotline: 0977.543.462 




jLuycri fMMfl 


CASIO EXPERT : Nguyen The Lire -fb: Ad.theluc - Youtube :MrTheLuc95 


CMPLX B Math A 

iTi lKl+2-i 1 


CMPLX B Math A 

y = v t l+2i :i Ijiii K |Xl 

'' C1 +2i 5 I ;-v 

0.9436332981-0.► 


CMPLX B Math A 


Cau 9[Chuyen Lam Sen Thanh Hoa Ian 3]: Cho so phuc z = a + bi(a,beR-,a> 0,b > 0) 

-1 _r 

Dat da thhc /(x) = ax 2 +bx-2 Biet /(-1) <0,/(-) < — Tim gia tri ldn nhat cua |z| 

A.Max\z\ = 2yf5 B.Max\z\ = 3^fl C.Max\z\ = 5 D.Max\z\ = 2*j6 

Huong dan 

f(-l) = a-b-2<0->a<b + 2 f(-) = — + --2< — ^ — + --2< — -»Z><2 

7 7 7 V 16 4 4 16 4 4 

|z| 2 =a 2 +b 2 <{b + 2f+ b 2 Table fee[0,2] 

B Math B Math 

f (X^CX^^+X^ so Vs jhLjs 

si s ■Uni 
ss 

20 

Cau 10: Cho |zJ = 3,|z 2 | = 4,|z 1 -z 2 [ = ^37 tim phan there cua 


D. 

8 


Huong dan 


Chon z„ = 3 i -» 


z 2 | = 4 


x 2 +y 2 =16 


3z-zJ = V37 [x 2 +(y-3) 2 =37 


■(l6-y 2 ) + (y-3) 2 =37 


B Math A 


CMPLX B Math A 


CMPLX B Math A 


(l6-X 2 J+(X-3) i -t> -1 Vl6—4 —2i 

X= -2 J16-4-2i‘ 3 3 ^3 

L-R= 0 -s + —i 

Ap dung tuong tu : Cho z u z 2 la cac so phuc thoa man |^| = |^ 2 | = 2 va \z x -z 2 \ = Jl. Tmh 


P= +-Z n . 

3 1 3 " 


A.F.& B. P-—- C.r.1- D .,.'± 


Cau 11: Cho so phuc z thoa man dieu kien |z-l| = 1/2 . Tim gia tri Ion nhat cua 


T — \z + i\+\z — 2 — i\ 
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A. max T = 8B. max A = 4 C. maxT = 4V / 2 D. max7 = 8 

Huong dan 

|z-l| = V2 ->(x-l) 2 +j; 2 =2-+y = ^2-(x-lf 
T = |z + z| 4 - jz — 2 — z| = -\jx 2 + (v +1)~ + -\J(x— 2)~ + (y~ l)~ 

= ijx 2 +|l + ^ 2 -(x-l) J j +^|(x-2) 2 +|-l + ^2-(x-i) i ') 2 

Bay gio cac em trau bo dung Table: Cii de khoang rong Start -9=, End 9= Step 1= 


ft 

0 

_F CKJ 

Math 


ft 

□ 

FCK? 

-1 

D 

iiaM? 

M 


11 
IE 

1 

E 

3.E355 
E> Hi3014 

1 

3.E355 

ERROR 

13 

3 

mimt 


Math 


ERROR 

Khi duoc nhu the nay cac em lai bo nho khoang lai: Start -1=, End 3= step 0.25= 


ft 

FCKJ 

“Da E5 
D 

|0 

D.E5 

3.3143 


Can 12: Cho so phuc z thoa man jz -1| = 2; w = (l + yfei j z + 2 Tap hop diem bieu diin so 
phuc w la duong tron, tinh ban krnh duong tron do 

A.R = 3 B. R = 2 C. R = 4 D. R = 5 

Huong dan 
Dat u = z-l-+z = u+l 

zo = ^1 +V3z + l) + 2 <=>w — ^3 + V3zj = {\ + ^[3i^u w — ^3 + V3zj = ^1 + V3zjzt =4 
Vay ban klnh duong tron can tim la 4 

Cau 13: Cho so phuc zthoa man |z-3| = 2|z| va Max |z-l+2z| = a + W2 .Tinh a + b 
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A.4 B. W2 C.3 D. - 

3 

Hirong dan 

|z-3| = 2|z| —»(x + l) 2 +y 2 = 4—»|z + l| = 2 Dat : z/ = z-l+2z- a|iz + 2-2z| = 2 —>|^| max = ? 

Cac em op cong there da co trong sach |w| m ^ =R+\z o \ = 2+2^2 a+ b = 4 

Cau 14: Cho so phxic z = a + bi (a, b e M); a 2 + b 2 > 0 thoa man 
(l-z)|z| 2 + (2 + 2z)z 2 + 2z(z+ i) = 0 .Tim gia tri cua bieu there F = ~ 

A.F = - B. F = -— C.F = -5 D. F = - 
3 5 5 

Hirong dan 

*Dimg Newton - Raphson 

ImodeI |~ 2 l IalphaI ITI fALPHAi [cALcl [alpha] (Tl FMH m PH f—1 (eng! [Tl [shIftI fhypl (alpha! m C^) f^l f+1 m 

r^miniii^mmmiMimmfTiiENGi 

CMPLX 0 Math CMPLX 0 Math 

» tl-i) lXl 2 +l J 2 +t2+2i)ft2+2X ; 

■ 2X(2+^ rt C2+2i J +4X+2i r 
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Huong dan : Dung Newton-Raphson 

CMPLX E Math A CMPLX E Math A 


Math A 


v_v 5^-Ci+4)l^' :+4) IXl-2Ci-4) 5*3-ti+4) I 

*~ n isxi - 

0.6728829728+0.► 


CMPLX E Math A 


IA I 


1 

Cau 16[Chuyen Vinh Ian 4]:: Cho so phuc z thoa man 2 khong phai la so thirc va 


zv = 


2 + z 2 


la so thirc. Gia tri lcm nhat cua bieu there M = \z+l-i\ la : 

B. 2 V 2 C.V 2 D.8 


A. 2 
Hiro-ng dan 

Cac em can phat hien ra tfnh chat cua 2 tir u> = —la so thirc 

2 + Z 2 


10 = 


2 + z 2 

Xi= 


= l-»2 -2 + 2 = 0 W = 

E MathT 


2 + 2 

Xi = 


- = 2 —» 2z 2 -2 + 4 = 0 


i+JIi 

2 2 1 


□ MathT 


i+JHj 

A T A 1 


Dac diem chung la : |z| = V 2 

CMPLX S Math A 

0.5+^il 


CMPLX 


0.25+#+ 


■12 


Bat: z+'L—i — u —>1 u —l+il = t/2 —= 2*j2 

I I t Imax 

Cau 17[SGD TP HCM Cum 6]: Cho so phux z,z J ,z 2 thoa man 

| 2 X | V 2 =1^1 V 2 = | 2 j -z 2 | = 6^2 . Tim gia tri nho nhat cua bieu thu-c P = |z|+|z-Zj| 

A. 6 + + V 2 B. 3^|z+J3 C. 6^2 + 73 D. ^2 + V3 

Hiring dan 

|2 1 | V 2 =[ 2^72 =\z 1 -z 2 \ = 6y[2 —>Z 1 = 6,2 2 =6i 
P = \z\+\z-6\+\z-6i\ 


+ \z-z n 
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Cac emchon z = x+i ->P = Vx 2 + l + N /(x-6) 2 +l + >/a' 2 +5 2 

Sau do cac em vao Table : Start -9= End 9= Step 1= 

_0 Math _B Math 

f(X)=Jl+X 2 jf 

IE 


B Math 

FtKJ 


im 


I I.1MMI 

.61225259 


Xap xi dap an C 


B Math A 


6&+J3 


11.59110992 

Co the em se hoi anh sao anh khong chon so khac o’ day em van co the chon 
2 = x+2i,x+3i... no cung ra xap xi vi o’ day chung ta chi can lay gan dung, 


Cau 18 : Cho so phuc z thoa man 


5 _ 


3 

ZH-2Z 

= 

z+—+ 2z 

2 


2 


. Biet bieu thwucs 


Q= z—2—4t + 2-4-6/ dat gia tri nho nhat tai z = a+bi (a,freM) .TmhP = a-4l7 


A. P = —2 B.P = ^^ C.P = -1 D.P = — 
272 272 


Huong dan 

Nhap vao may 


5 

2 

3 

z + — 2 z 

— 

ZH-h 2z 

2 


2 


roi CALC lOO+O.Oli 


CMPIX 


0 Math A 


IX+2.5-21 

203.92 

203.92 = (200 + 3) + (l - 0.08) = 2x+4-8y-»x = 4y-2 


Q = |z-2-4f| + |z-4-6z| = ^(4y-4) 2 +(y-4) 2 + ^/(4y-6) 2 +(y-6) 2 


H 


FCHJ 

1.5 


Math 


IS.MDBI 
15.20655562 


' = l^x = 2^>P = -2 
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1 - 1 

3 1- . 

2-2 + 2/ =2 

-Z + — Z-1 
2 2 


. Tim gia tri nho nhat cua 


P = \z-3\ 

A ,P . =S 

mm y 

Hircrng dSn: 


I — I 2 

3 1- . 

2-2 + 2/ -4 

— 2 + -2-Z 
2 2 


B- L=3 C. P mi =2 D. P = S 


roi CALC lOO+O.Olz 


CMPLX 0 Mitli A 

IX-Conjg(X)+2il> 


-159999.84 

Chung ta dirge 159999.84 = (160000 -1) + (l - 0.16) = (l6x 2 -1) + (l - 16y) -> y = x 2 
P = |z-3| = y(x-3) 2 + x 4 Table : Start -4= End 4= Step 0.5= 


» 


, F (KJ 

1.5 


Math 


E.1DMI I 
2.236067977 


Con Update nhieu bai hay lam cac em nhd vao phan Update kem sach dung co ludi 
nhe AA 
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Hinh Oxyz 

Phan ki thuat Casio Oxyz cac em xem tai: http://bikiptheluc.com/sach 

Cau 1 : Trong khong gian vdi he toa do Oxyz , cho diem A( 1 ; 2 ; —3 ) va mat phang 
(P):2x + 2y-z + 9 = 0 . Duong thang di qua A va co vecto chi phuong u = ( 3; 4;-4) cat 
(P) tai B. Diem M thay doi trong (P) sao cho M luon nhin doan AB dudi mot goc 
90°. Khi do dai MB ldn nhat, dudng thang MB di qua diem nao trong cac diem sau? 


A. J(-3;2;7). 

Huong dan: 


B. H(- 2;—1;3). C. AT(3;0;15). 


D. /(—12;3). 


Tim nhanh cac du 5 kien nhu sau : 


x = l + 3 1 

(d): y = 2 +4t -+B = [d)n(Q) = (-2-2,1) 

z = -3- 4-t 


2(l+3X)+2(2+4X)> 
X= -1 


AB 2 = AM 2 + BM 2 nen BM ldn nhat khi AM ngan nhat hay M la hinh chieu cua A len (P) 
th do co tim dnoc Mf-3,-2,-1] Nhin 4 dap an khoanh D vi y B =y c =-2 


2C1+2X)+2C2+2X)> 

X= -2 

L-R= 0 

Cau 2: Trong khong gian vdi he toa do Oxy>z, cho mat cau 

(A): x 2 + y 2 + z 2 - 2x + 4y - 4z + 7 = 0. Tim toa do diem M tren mat cau ( S ) sao cho khoang 
each tu M den true Ox la ldn nhat. 

A. M(0;-3;2). B. M(2 ;-2; 3). C. l). D. M(l;-3;3). 

. - T Huong dan giai 


Mat cau (5) co tarn 7(1;-2; 2). va ban kmh la 
7? = Vl -t- 2 2 + 2 2 - 7 = V2 . 
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jLuyea 


Goi H la hinh chieu cua 7(1;-2; 2) len Ox nen i7(l;0;0). 

d(l;Ox) = IH = + 2 2 = 2^2 >R nen khoang each tu M den true Ox la ldn 

<=>^- = —= = - va 1M, IH nguoc hudng (xemhinh) 

IH IH 2v2 2 


X M 1 — 0 

<z>IM = —!/#<=>• y M + 2 = —1.2 <=> A/(1;—3;3) —^ 


z m-2 = --(-2) 


Huong dan giai nhanh : D'au tien kiem tra M thuoc mat cau thi ca 4 diem d'eu thuoc 
Goi M(a,b,c) co hinh chieu len Ox la H(a,0,0) khoang each M tdi Ox la MH = 'Jb 2 + c 2 
chung ra kiem tra thi thay M( l;-3; 3) cho KQ ldn nhat 

Cau 3: Trong khong gian vdi he toa do Oxyz cho hai diem A(6 ;-3;4), B(a;b;c) . Goi 
M, N, P Ian luot la giao diem cua dudng thang AB vdi cac mat phang toa do (Oxy), 
{Oxz) va (Oyz) . Biet rang M, N, P nam tren doan AB sao cho AM = MN = NP = PB , khi 
do gia tri cua tong a+b+c la: 


A. 11. 


B. -11. 


C. 17. 


D. -17. 


Hudng dan 

M s= {Oxy) — s> M{x M ,y M ,0) N s{Oxz)^ N{x n ,0,z n ) P s{Oyz)=y P^iypiZp) 

Tirgiathiet AM = MN = NP = PB suyra AM = -AB=>0-4 = —(c-A)<$ c = -12 

4 4 ’ 


AN = -AB=>N la trung diem AB => y„ = - -^ + -h> oO = C c ,;,-3 
2 ° 2 2 


—• 3 —• 3 

AP = — AB=>-6 = — {a-6)oa = — 2 Vay a+b+c —— 11. 


Cau 3: Trong khong gian vdi he toa do Oxyz , cho mat cau 
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(X):(x-2) 2 +(j-l) 2 +(z-l) 2 =9 va M(x 0 ; y 0 ;z 0 ) e(S) sao cho A = x 0 +2y 0 +2z 0 dat gia tri 
nho nhat. Khi do x 0 +y 0 +z 0 bang 

A. 2 . B.-1. C.-2. D. 1. 

Hirong dan 

Taco: A = x 0 +2y 0 +2z 0 <=> x 0 + 2y 0 + 2z 0 - A = 0 nen M e(P):x+2y+2z-A = 0 ,do do diem 
M la diem chung cua mat cau (S) vdi mat phang (P). 

Mat can (S) co tarn 7(2;l;l) vabankmh R = 3. 

Ton tai diem M khi va chi khi d (/, (P)) <R<=> ■■ < 3 o -3 < A < 15 

Do do, vdi M thuoc mat cau (S) thi A = x 0 + 2y 0 + 2z 0 > -3 . 

Dau dang thiic xay ra khi M la tiep diem cua (P):x+2y+2z+3 = 0 vdi (S) hay M la 

x 0 + 2 y 0 + 2 z 0 + 3 = 0 
x =2 +1 

hinh chieu cua I len (P). Suy ra M(x 0 ;y 0 ;z 0 ) thoa: ‘ ° _- i + 2t <=> 

z 0 = 1 + 2t 

Vay =>x 0 + y 0 +z 0 =-l-*B. 

Cau 4: Trong khong gian voi he toa do Oxyz, cho ba diem d(3;l;0), 2?(0;-l;0), C(0;0;-6) 

. Neu tam giac A'B'C' thoa man he thuc A'A + SB + C'C = 0 thi toa do trong tarn cua tarn 
giac do la 

A. (l;0;-2). B. (2;-3;0). C. (3;-2;0). D. (3;-2;l). 

Huong dan 

Taco: AA' + BB' + CC’ = 0 (l) <^[lG'+ G 7 G+GA) + iyG’+ GC + W)+{CG'+ GC + GC) = 0. 
o(Gd + GS + GC) + (ZG : + 5 7 G ; + C i G 7 ) + 3G 7 G = 0 (2) 

Neu G, G' theo thu tu> lan luot la trong tam tam giac ABC, A'B'C nghla la 

- ----- : --- - —— --- WUM 
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<^GA+GB+GC = Yg'+¥g'+CG’ thi (2)offG = 0off = G. 

Tom lai (l) la he thuc can va du de hai tam giac ABC , A'B'C' c6 cung trong tam. 

Taco toa do cua G la: G = (l;0;-2). Vay khoanh A. 

Cau 5: Trong khong gian vdi he toa do Oxyz, cho diem A/(2;l;l) va mat phang 
(ay.x+y+z- 4 = 0 va mat cau (sy.x 2 +y 2 +z 2 -6x-6y-8z+\$> = 0. Phuong trinh dudng 
thang A di qua M va nam trong (a) cat mat cau (5) theo mot doan thang co do dai 
nho nhat la: 


y -1 z—1 

B. 

x-2 _ y- 1 _z-\ 

-2 

1 


-1 “ -2 1 

y — 1 z — 1 

D. 

x-2 y -1 z — 1 

2 

1 

1 “ -2 " -1 


Huong dan 

Mat cau (,S) co tam /(3;3;4) va co ban kinh R = 4. 

7A/ = ^(3-2) 2 + (3-l) 2 + (4-l) 2 = Vt4 < R 

=>M nam trong mat cau ( S), nen moi dudng thang A qua M deu cat mat cau (S) tai 
hai diem A, B phan biet. De AB nho nhat thi khoang each tir I den A Ion nhat, 
khoang each nay Ion nhat khi IM _L A. 

Goi VTCP cua Ala u taco: j Ac ^=> f = r^,M] = (l;-2;l) 

[AIM \uLM 1 J v ' 

Duong thang A qua M( 2;l;l) vacoVTCP u = (l;-2;l) la Zzl = Zzl = . 

Cach khac: u A .n a =0 => chi co dap an A thoa. 
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Cau 6: Trong khong gian voi he toa do Oxyz , cho dudng thang d:^j-- = ¥-^~ = j m $t 

phang (a) chua dudng thang d sao cho khoang each tu O den ( a ) dat gia tri Ion 
nhat. Khi do goc giua mat phang ( a ) va true Ox la cp thoa man: 


A. sin (p = 


2n/3 ' 


B. sirup- 


O' 


C. sin<^ = 


3V3' 


D. sirup = 


3-&' 


Huong dan 

Duong thang d coVTCP u = ( 1;2;3) 

Goi H la hinh chieu cua O len d, K la hinh chieu cua O len (a) ta co: 

d(0,(a)) = 0K<0H =>^(0,(a)) Ion nhat bang OH khi AT = //.Khido ( a ) chua d va 
nhan n = OH lam VTPT. Hed^H(4+t;5 + 2t;3t)^OH = (4+t;5 + 2t;3t) 

Vi OH±d=>OH.u = Oo4+t + 2(5 + 2t)+33t = Oo\4t + 14 = Oot = -l =>//(3;3;-3), 
oh = ( 3;3;-3). 


True Ox coVTCP z = (l;0;0) 


sin<p = 


H _ |3| _ 1 

|^| •” Vl.^3 2 + 3 +(-3) 2 V3 


Cau 7: Trong khong gian voi he toa do Oxyz, cho diem ^(l;-l;3) va hai dudng thang 

d ] : = ~~~, :^Y” = : ^~ = “Y“-Viet phuong trinh dudng thang d di qua 

diem A, vuong goc voi dudng thang d ] va cat dudng thang d 2 . 

x — 1_ y + 1_ z-3 


D. j : £zI = Z±I = £z2. 

-2 2 3 


. s-1 _ y + 1 _ z-3 
4 ” 1 4 


C. rf:£ll = Z±l = £zl. 
2 -1 -1 


Huong dan 

Gia su dnd 2 =M => Af(2+*;-l-f;l + /) ^fM = (l + /;-/ t ;/-2) d ] coVTCP ^ =(l;4;-2). 




WmSmtk 
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d±d } oAMM l =0ol + t-4t-2(t-2) = 0<=>-5t + 5 = 0ot = l =>AM = ( 2;-l;-l). 

Dudng thang d di qua A(l;-1;3) coVTCP AM = (2;-l;-l) co phuong trinh la: 

d . x-l _ y + 1 _z-3 
2 -1 -1 ' 


Cau 8 : Trong khong gian vdi he toa do Oxyz, cho bon diem A(6; 0;6), 5(8;-4;-2), 
C(0;0;6), D(l;l;5). Goi M(a;b;c ) la diem tren dudng thing CD sao cho chu vi tarn giac 
MAB nho nhat. Khi do a-b+3c co gia tri bang 

A. 24. B. 0. C.10. D. 26. 

Huong dan 


fx = t 


CD = (l;l;-l) Dudng thang CD co phuong trinh: <! 


z = 6-t 


Me CD nen M(t;t; 6-/) .Ta co chuvi tsMAB bang: MA+MB+AB. Do do chu vi nho nhat 
khi va chi khi P = MA+MB nho nhat. 

MA = A 2 -1 2t +36 = ^3 [t- - if + 24, chon w = (>/3(r-2);2>/6) 

= V3? 2 -24/ + 144 =^3(?-4) 2 +96, chon v = (— \/3(/-4);4>/q 

Taco: w+v = (2>/3;6>/6j va P = |w| +1v|>|« + v| = T 2 V 3 j" + ^6V6) =2^/57 

Dau "=" xay ra khi va khi a, v cimg httong <=> AP ^ . 

-V3(/-4) 4^6 3 


Suyra: M 


8 . 8 . 10 ^ 
3 5 3 5 3 J 


Vay a-b+3c = l0. 


Cau 9: Trong khong gian vdi he true toa do Oxyz, cho mat cau(S):x 2 +(>>-4) 2 +z 2 =5 
.Tim toa do diem A thuoc true Oy , biet rang ba mat phang phan biet qua A co cac 
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P (0;2;0) . B. 

~A(0; 0; 0) c 

'A(0 ;6;0) D ' 

A( 0;6;0) 

T(0;8;0)' 

d(0;0;0)' 


vecto phap tuyen Ian luot la cac vecto don vi cua cac true toa do cat mat cau theo thiet 
dien la ba hinh tron co tong dien tich la 1 \n 

~A( 0; 2; 0) 
d(0;8;0)' 

Huong dan 

Mat cau (S)cotam 1(0; 4; 0) ban kinh R = -Js 

(a ] ):x = 0 

Goi A(0;a; 0) .Ba mat phang theo gia thiet di qua A co pt Tan luqt la (a 2 ):z = 0 

(a 3 ):y-a = 0 


Vi d(I;a l ) = d(I;a 2 ) = Onen mat cau (S')cat (a,);(a 2 )theo giao tuyen la dudng tron lbn co 
ban kinh R = \f5 .Dien tich hai hinh tron do la S, + S 2 = 2nR 2 = 1 On 

Suy ra mat cau (S)cat (a 3 ) theo giao tuyen la 1 dudng tron co dien tich tuong ung 
S 3 =n 

s 

Ban kinh dudng tron do la: r 3 = — = 1 d(I,a 3 ) = \4-a\ = IH Taco: 


IH 2 + r 3 = i? 2 => IH = |4— 


| = 2 ~> 

a = 2 

=> 


a = 6 


A(0; 2; 0) 
A( 0;6;0) 


-A-A 


Cau 10: Chohinh chop S.ABCD co ^(l;0;0),5(-l;l;-2),C(-2;0-3),Z)(0;-l;-l).Goi H la 
trung diem CD , SH A. ( ABCD ). Biet khoi chop co the tich bang 4. Ki hieu toa do cua 
diem S la S(x 0 ;y 0 ;z 0 ),x 0 >0.Tim x 0 

A. x 0 = 1 . B. x 0 = 2 . C. x 0 = 3 . D. x 0 = 4 . 


Huong dan 


Ta CO AB = (-2; 1; —2), AC = (—3;0;-3), AD = (—1;—1;—1) \aB,AC\ = (-3;0;3),[.4C,TZt] = (-3;0;3) 

S abcd =S abc+ S acd =||[^B,^][ + ||[^C,^5]| = ^V( :: 3) r ^O J ^3 r +|Vr3) r ^O r T3 r = 3V2 
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H Duong cao SH di qua H vanhan ^AB,AC lam VTCP nen co phuong 


fjc = —1—3/ 


trinh \y = ~ SeSH=>S(-l-3t;~;-2-3t) 


\z = -2 + 3t 


DK: -l-3t>0o/<-^ =>SH = <J(-3tf + (-3 1) 2 = 3\t\^2 


1 3V 3 4 

V = -SHS^n =>SH = 


C| = 2>/2 3|/|>/2 = 2>/2=>/ = -|=>^l;-I;o) 


Cau 11: Trong khong gian voi he toa do Oxyz , cho mat phang (P):x+2v+2z-l = 0, 
diem A(2; I;5). Mat phang (g) song song vdi (P), (g) cat cac tia Ox,Oy Ian luot tai cac 
diem B, C sao cho tarn giac ABC co dien tich bang 5\[s . Khi do phuong trinh nao dirdi 
day la phuong trinh cua mat phang (g) ? 

A. (g):x + 2y+2z-4 = 0. B. (g):x+2y + 2z-6 = 0. 


C. (g):x + 2y+2z-3 = 0. 


D. (g):x+2y + 2z-2 = 0. 


Huong dan 


(P) songsongvdi (g), nen mat phang (g):x+2y+2z-c = 0, (c*l). 


Giao diem cua (g)vatia Ox la P(c;0:0). Giao diem cua (g)vatia ()y la C|0;-;0 ;c>0 

\ 2 I 


_ _ ^ 2 

(c-2;-l;-5);PC= -c ;-;0 \,\AB,Bc\ = -;5c; — - 2 c . 


2 2 


Dien tich tarn giac ABC bang 5 y/s nen 
\[AB,BC]\ = 5^50 J +(5c) 2 +[y-2cj 


= 500 =>C = 4 . 
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Cau 12: Trong khong gian voi he toa do Oxyz. mat phang (P):ax+by+cz + d = 0(vdi 
a 2 +b 2 +c 2 > 0) di qua hai diem 5(l;0;2),C(-l;-l;0) va each ^(2;5;3) mot khoang ldn 

nhat. Khi do gia tri cua bieu thuc F = a + C la 
6 ' b + d 


A. 1. 



Huong dan 


BC = (-2;-l;-2). Phuong trinh duong thing BC : \ 


x-\-21 
y = -t 
z = 2-2t 


Goi / la hinh chieu vuong goc cua A tren BC, H la hinh chieu vuong goc cua A tren 
mat phang ( P ). 

Ta co AH = d(A,(P))<AI. Do do AH dat gia tri ldn nhat khi H = 1, khi do mat phang 
(P) qua I va vuong goc vbi AI. 

IeBC=>l(\-2t;-t;2-2t), A1 = (l + 2t;5+t;\+2t) 

AI±BCoAlj3C = 0<P-2-4t-5-t-2-4t = 0ot = -l. 

Mat phang (P)qua 7(3;l;4)co mot vecto phap tuyen la A7 = (-l;4;-l). 

Phuong trinh mat phang (P): x-4y+z-3=0 Vay F = 

Cau 13: Trong khong gian vdi he toa do Oxyz, cho hai diem AO; 1; 0), P(-l; 0; 1) va diem 
M thay doi tren duong thang d ;■j = . Gia tri nho nhat cua bieu thuc 

T = MA+ MB la 

A. 4. B.2-J2. C. V6. D. 3. 

Huong dan 
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Phitong trinh tham so cua dudng thang d : 


x = t 
y = i-t. 
z = l + t 


Do M ed =>M(t\\-t\\ + t). 

Khido MA = (1 -t)=>MA = A? 2 + 2 va MB = (-1 -/;-l + f-t) =>MB = A 2 + 2 . 

Do vay T = MA+MB = 2^+2>242. Suy ta T min = 2-J2 khi t = 0=>Af(0;l;l). 

Cau 14: Trong khong gian vdi he toa do Oxyz cho ba diem ^4(0; 1; 1); P(l;l;0); C(l;0;l) va 
mat phang {P):x+y-z -1 = 0. Diem M thuoc (P) sao cho MA = MB = MC. The tich khoi 
chop M.ABC la 


A. I. 

6 


B. 

2 


C. 

9 


D. 

3 


Huang dan 

Goidiem M(x;y;z ). 

Vi diem M thuoc (P) sao cho MA = MB = MC nen 


M<e(P) f x + y-z-l = 0 

MA = MB <=> j x 2 + (jp -1) 2 + (2 -1) 2 = (x -1) 2 + (y- 1) 2 + z 2 
MA = MC [x 2 + (y - 1 ) 2 + (2 -1) 2 = (x -1) 2 + / + (z -1 ) 2 
x = 1 

Y = 1 => M(l;l;l) 

2 = 1 


<=> 


x + y-z-1 = 0 
X — 2 = 0 <=><( 

x — = 0 


M4 = (l; 0; 0); MB = (0; 0; l) => T MA, MB~\ = (0; -1; 0) 1 _ _ 1 

Taco _ _ L V mabc =-\MA,MB\MC\ = - 

MC = (0; 1; 0) => \MA, MBj .MC = -1 6I L J ' 6 

Cau 15: Trong khong gian vdi he toa do Oxyz. Viet phuong trinh mat phang (P) di qua 
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diem M (l; 2; 3) va cat cac true Ox, Oy, Oz Ian luot tai ba diem A, B, C khac vdi goc 

toa do O sao cho bieu thuc -A + _C + _A co gia tri nho nhat. 

OA OB 1 OC 2 


A. (P) :x+2y + 3z -11 = 0. 

C. (P ):x + 2y + z-\4 = Q. 

Huong dan 
Cach 1: 

Goi OHL(ABC) tai H. Taco: -C+_L + _L - 

1 ' OA 2 OB 2 OC 2 OH 2 OM 2 

Dau "=" xay ra khi va chi khi H = M. 

Do do: 


B. (P) :x+2y+3z-14 = 0. 
D. (P) :x+y+z-6= 0. 


1 ->. 1 


i i i 
- +- T + - 


= —A khi (P) di qua diem M (l; 2; 3) co VTPT 


OA 2 OB 1 OC 2 
QM = (1;2;3) 

Vay (P) co phuong trinh: (P):x+2y+3z-14 = 0 . 

Cach 2: 

Gia su A (a; 0;0), P( 0 ; 6 ; 0 ), C(0;0;c) vdi a.b.c* 0 . 

Phuong trinh doan chan cua mat phang (P) la —+—+- = 1. 

a b c 

Vi (P) di qua diem M (1; 2; 3) nen ta co phuong trinh -+-^ + - = 1 (1). 

rp / 1 1 1 111 

Ta co: r +- 7 +- T = —+^:+-zr . 

OA 2 OB OC 2 a 2 b 2 c 2 


1 2 


Theo bat dang thuc Bunhiakopxki ta co: -+— 1 —<14 —+—+ 

a b c v 


1 1 1 


a 1 b l c 1 


suy ra \ + \ + , dau " = " xay ra khi a-2b-2c (2). 


a 2 b 


14 


Tir (l) va (2) suy ra 


a = 14 
b = l . 

-11 

3 


Vay phuong trinh mat phang (P) cantimla: x+2j;+3z-14 = 0. 
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Cau 16: Trong khong gian Oxyz, goi (C) la dudng tron giao tuyen cua mat phang 
(P): 3x 4- 2y + 3z = 0 va mat cau (S) : x 2 + y 2 + z 2 - 2x - 2y - 4z = 0. Phuong trinh cua mat cau 
chua dudng tron (C) va di qua diem ^(l;2;-l) la 

A. x 2 +y 2 +z 2 +5x-Ay — lz = 0 . B. x 2 +y 2 +z 2 +4x + 2y + 2z = 0. 

C. x 2 +y 2 + z 2 -5x-4y-7z = 0 . D. x 2 + y 2 + z 2 -Ix-z — 0. 

Huang dan 
Cach 1: 

Phuong trinh mat cau (£,) qua giao tuyen cua mat phang (P) :3x+2y+3z = 0 va mat 
cau (S):x 2 +y 2 +z 2 -2x-2y-4z = 0 co dang: x 2 +y 2 +z 2 -2x-2y-4z+m(3x+2y + 3z) = 0 

<=>x 2 +y 2 +z 2 +(3m-2)x + (2in-2)y + (3m-4)z = 0. 

Ma ^4(l;2;-l) €(iS , 1 )^>l 2 +2 2 +(-l) 2 +(3w-2).l + (2/w-2).2+(3/w-4)(—1) = 0<=> w = -l. 

Vay phuong trinh mat cau (S l ): x 2 +y 2 +z 2 -5x-4y -Iz = 0. 

x , . f3x+2y+3z = 0 
Cach 2: Phuong trmh (C) . 

5 ; [x 2 +y 2 +z 2 -2x-2y-4z = 0 

Taco 0 ( 0 ; 0 ; 0 ) ! ^(-l; 0 ;l),£^ 0 ;-L ; Lj e (c). 

Phuong trinh mat cau (S,): x 2 + y 2 + z 2 - 2 ax - 2by -2cz+d = 0 di qua cac diem O , K , P, A 
=>a = -^,Z) = 2,c = Rvay (Sj):x 2 +y 2 +z 2 -5x-4y-7z = 0. 

Ph'an Oxyz nay cac em xem 6 File Update se co nhieu ki thuat Casio hon, do thdi gian 
kha gap anh chua viet duoc nhieu cac em chiu kho xem tren file Update nhe. 
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Luyen Hinh Hoc Khong Gian Hay va Kho 

Cau 1: Cho hinh chop S.ABC co AB = a,AC = 2a, BAC = 60°, SAl(ABC) va SA = a~j3 . Ban 
kinh R cua mat cau ngoai tiep hinh chop S.ABC bang 

A. r = E^H. B. R = —. C.R = ^. D. = 

6 2 2 

Huong dan. 

Ta CO BC = Jab 1 + AC 2 - 2AB.AC.cqs A=a^3. 

Goi O la tam dubng tron ngoai tiep A ABC va A JL (ABC) tai O. 



Trong mat phang (SA,A), dubng trung true cua SA cat A tai /. Ta co I la tam mat cau 
ngoai tiep hinh chop &ABC . Goi r la ban kinh dubng tron ngoai tiep AABC, ta co 
r = AO . Ap dung dinh ly sin trong A ABC ta co 


BC 
sin A 


= 2 r=>AO = r = a=> 


R 2 


2 SA 2 la 1 n ajl 

r +-=-==>i? =-. 

4 4 2 


Cau 2: Cho hinh chop S.ABCD co day la hinh chu nhat, AB = 2a, BC = a, hinh chieu 

/3 

cua S len ( ABCD ) la trung diem H cua AD, SH = ^—. Dien tich mat cau ngoai tiep 

hinh chop S.ABCD bang bao nhieu? 

4na 2 g 1671 a 1 

' 3 * 9 

Huong dan 

Taco: HD = ~, SA = SD = s[sP + HD 2 = J— + — = a. 

2 V 4 4 

Goi Ola tam hinh chu nhat ABCD . Dung dubng thing 
A qua O va vuong goc mat phang (ABCD) . Suy ra A la 

true dubng tron ngoai tiep hinh chu nhat ABCD. 



4na 3 p \6na 2 

3 * 3 


1 mm 
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Tam giac SAD deu earth bang a. 

Goi G la trong tam tam giac SAD . Dung true duong tron ngoai tiep tam giac SAD cat A 
tai I. Suy ra I la tam mat cau ngoai tiep khoi chop S.ABCD. SG = ^SH = , 

1G = HO = a. R = IS = -J1 g 2 +SG 2 = ,L 2 + —Vay S = AnR 2 = An[?SM\ = ]^E- 

V 3 3 - J 3 3 


Cau 3: Cho hinh chop S.ABC co day la tam giac deu canh bang 1 , SA vuong goc vbi 
day, goc giua mat ben SBC va day bang 60°. Dien tich mat cau ngoai tiep hinh chop 
S.ABC bang bao nhieu? 


Huang dan 


Ta co:AM = —, AG = —. 

2 3 


I .--V \ 
\ \ /« 


G la tam duong tron ngoai tiep tam giac ABC . Dung 
duong thang A qua G va vuong goc mat phang {ABC), 
Suy ra A la true duong tron ngoai tiep hinh chop S.ABC . 


Goi J la trung diem SA . Trong mat phang xac dinh boi hai duong thang SA va A ke 
duong thing trung true cua doan SA cat A tai 1. 1 la tam mat cau ngoai tiep khoi 
chop S.ABC. 

((SBC ), (ABC)) = SMA = 60°. 

Tam giac SAM vuong tai A : tan SMA = => SA = — a/3 = -. JA = — = ~. 

6 6 * AM 2 2 2 4 


AI4Gvuong tai J:R = IA = ^IG 2 +AG 2 =^JA 2 +AG 2 = 


S = 4nR z = 4ti 


129 _ 43tt 
C 144 _ 12 ’ 
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Cau 4: Cho lang tru deu ABCAB'C canh day bang a . Khoang each tu tarn O cua 
AABC den (ABC) la ^. The tich khoi lang tru deu ABCAB'C la 


A. 


3*\/2 

16 


Huang dan 


3o\/3 

16 


3A/2 

4 


D. 


W3 
4 


/T 



Goi O la tam, A la trung diem DC, Af la hinh 
chieu cua A len AN . Khi do ta co 


d(0,(A’BC )) = ^=>AM=j. 


Trong MAN vuong nen ta co 


1 


AA K 


1 3 

, - —r=>A r A = a. - 
AN 2 AM ~ V 8 


T/ C A A' 

suyra V ABC ^ B , C =S AAB0 - aa = —r- a 


3a 3 \[2 

16 


Cau 5: Hinh tru co ban kinh bang a. Goi >42?, CD la hai dudng kinh cua hai day sao 
cho ABLCD. The tich khoi tru do bang bao nhieu khi ABCD la tu dien deu. 

A. I™ 3 V2. B. 7ia 3 V3. C. 7ia 3 ^2. D. -nA\f3 . 

3 3 


Huong dan 

Vi ABCD la tu dien deu nen chieu cao cua hinh tru h = OO 
Taco: AO = a; AO = V AC 2 -O’C 2 = W3 . Suy ra: 

DO' = 'Jo'A 2 - AO 2 = ajl . 

Vay V = nR 2 h = na 1 -Jl . 
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. _ 1 ___ 


Cau 6: Cho hinh chop S.ABC co day ABC la tam giac vuong tai A,AB = a*j3,AC = a, tam 
giac SBC la tam giac vuong can tai dinh S va nam trong mat phang vuong goc vdi 
mat phang (ABC) . Tinh khoang each giua hai dudng thing SB va AC . 


A — B a ^1 

7 ' 7 

Huong dan 

Ve BDIIAC => ABCD la hinh chu 5 nhat 
z^> d(AC;SB) = d(AC;(SBD)) = d(C;(SBD)) (1) 

De thay, H la trung diem cua BC (2) 

Tir (1) va (2) => d(C;(SBD)) = 2d(H;(SBD)) (3) 


£ a-^3 ^ 2a-j2\ 

' ~T' ' i 


s 



Goi E la trung diem cua BD va K la hinh chieu cua H len SE . 

Khido HK = d(H\(SBD )) (4) 

Tir (1), (3) va (4) => d(AC;SB) = 2HK (5).Matkhac, SH = ^BC = a va HE = ^AB = ^- 
Tr°ng tam giac vuong SHE, co T_ = _!_+A_ = T + 

=> HK = (6) Tir (5), (6) => d(AC; SB) = . 

Cau 7: Cho hinh chop S.ABCD co day ABCD la hinh vuong canh a , hinh chieu cua S 
len mat phang ( ABCD ) trung vdi trong tam cua tam giac ABD. Mat ben ( SAB ) tao vdi 
day mot goc 60°. Tinh theo a khoang each tir C den mat phang (SAB). 

Oy[3 -g ay[3 |-^ Cl 

' T~‘ ■ T”' ‘ ~T~* '2' 

Huong dan 


2 

aj .3 


7 

3a 2 
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We HKLAB (1). 

Do SHL ( ABCD ) => SHLAB (2). s 

Tvr (1) va (2) => ABL(SHK) => ABLSK (3) 

Tu* (1) va (3) =* ((&TB);(^ j BC£»)) = (a:5 , ; j KH') = 5 
Dl thay A KAH ~ A OAB(g-g) 


=> o = (4) 

OB AB AB 



Do 


ah=1ao=1^=^ 

3 3 2 

OB = —-AB = a 


J (5) Tu (4) va (5) => KH = y 


Vi AHKS vuongtai H => SH = KLI. tan SKH = | • tan 60” = 


Do do D 


s^bcd — , SH-Sabcd ~ ^ ' rz ' a ~ „ r: (^) 


3 73 373 


Mat khac V Sjaa> = 2V CSAB = 2.\d(C-,(SAB)).S SAB => d(C;(£4B)) = ^-^ (7) 


Trongdo A-AB.SKA-AB.JhK 1 +SH~ = 'j +^j =j (8) 

Tu (6), (7) va (8) => d(C;(SAB)) = = 

Cau 8: Cho hinh chop S.ABC c6 &4_L(^4j9C) 5 SA = 2a. Biet tam giac can tai A co 
BC = 2a4l, cos ACB = tinh dien tich mat cau ngoai tiep hinh chop S.ABC. 


A. 


65 nef 


B. S = 13 ncr. 


C. 5 = 


91ncf 


D. S-Ancr. 
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Huang dan 


Goi M la trung diem doan BC. 

cosACB = - = -=>AC = 3aS^>AM = 4a^S AABC =4a 2 -j2 
AC 3 


Goi tam va ban kinh duong tron ngoai tiep A ABC la I, r. 
Goi tam va ban kinh mat cau ngoai tiep hinh chop la O, R . 


™ , AB.BC.CA 9 a TA 

Taco: r = -= — = IA . 

^S. AVir 4 


Taco: R = y]oi 2 +IA 2 = /(— + r 2 Vay S mc =47rR 2 = 


a%[91 


91 na 



Cau 9: Cho hinh chop S.ABC, tam giac ABC vuong tai dinh A,AB = \(cm),AC = -j3(cm). 

Tam giac SAB,SAC Ian luot vuong tai B va C. Khoang each tu C den mat phang 
R 

(SAB) bang ^S-(cm). Dien tich mat cau ngoai tiep hinh chop S.ABC bang 

A. B. 20 7r(cm 2 ). C. (cm 2 ). D. . 

Huang dan 

Goi 1 la trung diem cua SA =>IA = IB = IC = IS => 1 la 
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^_ : _____:___ 


=>EK = d(E,(SAB)) = 


d(C,(SAB)) 

2 


A 

A 


Do A IBC can tai I => IE L BC 


Ma IE LAB =>IE L(ABC)=>IE LEH 


Xet A IHE vuong tai E =>-— =-- 

45 * EK 2 EH 2 


=>ie 2 =-=>ic 2 = ie 2 +ec 2 = - =>£ mc 

4 4 


1 1 

■ H-r =>- - 

IE 2 IE 2 

=AnR 2 = 5 n 


_i_ i__i6_4 

EK 2 EH 2 ~ 3 3 


Cau 10: Cho lang tru dung ABC.A B'C' co day la tam giac vuong can dinh X, 
AB = AC = a, AA! = a^2 . Dien tich mat cau ngoai tiep tii dien A'BB'C la 

A. ^ na . . B. Ana 2 . C. 12;ra 2 . D. A\[3na 2 . 

3 


Huong dan 

Mat cau ngoai tiep tu dien A'BB'C cung la mat cau ngoai tiep lang tru dung ABC.A'B'C' 

Goi /, E fan luot la trung diem cua BC va B'C' . Do tam giac ABC vuong can dinh A 
nen trung diem <9 cua II' la tam mat cau ngoai tiep lang tru dung ABC.A'B'C. 


Ban kinh mat cau la R = - V BC 2 + C'C 2 = - \l2a 2 + 2a 2 = a . Dien tich mat cau la 4;r<? 2 . 

2 2 


Cau 11: Cho hinh chop S.ABC co day ABC la tam giac deu canh a, mat ben SAB la tam 
giac deu va nam trong mat phang vuong goc voi mat phang day. Tinh the tich cua 
khoi cau ngoai tiep hinh chop da cho. 

^ 5na 3 ^[\5 g 5na 3 J\5 ^ Ana 3 ^3 p 5 na 3 

' 18 * ’ 54 ‘ 27 ’ 3 * 

Huong dan giai 

Goi M la trung diem AB / G , K lan luot la trong tam tam giac ABC , &41?. 

Ta co: 
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(SAB)L(ABC) 
(SAB)n(ABC) = AB 
SM LAB 


>SML(ABC) 


Dung d r d f ]% n i U gft la true duong tron ngoai tiep tam giac 
ABC f SAB f suy ra d L [ABC) tai G, d' L (SAB) tai K. 

Goi I = dr\d' suy ra IS = IA = IB = IC , nen 1 la tam cua mat b 

cau (S) ngoai tiep hinh chop va co ban kmh la IS . Ta co GMKI la hinh chu nhat 





> KI = GM - 


1 aj 3 W3 


3 2 


SK 2 ayf3 _ aj 3 
"3 2 3 


Do do IS = ^SK 2 +KI 2 Vay 


(5) 3 54 


Cau 12: Mot hinh tru co hai day la hai hinh tron tam 0, O' va co ban kinh r = 5. 
Khoang each giua hai day la OO' = 6. Goi (a) la mat phang qua trung diem cua doan 

00 ', cat hai day cua hinh tru va tao vbi duong thang 00' mot goc 45°. Tinh dien tich 
S cua thiet dien tao voi mat phang (a) va hinh tru. 

A. S = lAyfl. B. 5 = 36. C. 5 = 36n/2. D. 5 = 48^2. 


Huang dan 


C 



Ta co: Thiet dien la hinh binh hanh ABCD 
nhan 1 lam tam. 

Goi E la trung diem cua 4B . Ta co: OELAB 
Goi OH L IE tai H . Suy ra: OH _L (a) nen 
OIE = 45° V a jj? j_ ab . Suy ra: 

OE = JO = 3- IE = 3^Jl • AB = 2AE = 8 

/ t • 

Vay 5 = S MCD = 4S m = 4^= 2.3V2.8 = 48^2 
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Cau 13: Cho hinh lang tru dung ABC.A'B'C' co AB = l,AC = 2, BAC = 120°. Gia six D la 


trung diem cua canh CC f vkBDA ' = 90° .The tich cua khoi lang tru ABCA’B'C bang 


A. 2-J\5. B. Vl5. 


C — 

2 


D. 3n/15 . 


Huong dan 


BC 2 = AB 2 + AC 2 -2AB.AC.cosBAC = 7 => BC = -Jl. 

h 2 h 2 

Dat ^' = A => BD 2 = — + 1,A'B 2 =h 2 +\,A'D 2 = — + 4. 

4 4 

Dotamgiac PZX4' vuong tai D nen A'B 2 =BD 2 +A'D 2 => h = 2^5. 



Suy ra K = Vl5. 


Cau 14: Cho khoi chop co SA = 2a,SB = 3a,SC = 4a , ASB = SAC = 90° va PSC = 120°. 

Khoang each tu diem C den mat phang [SAB) bang 


A. 2a42 . B.ayjl. 



D. 3aV2. 


Huong dan 



Tren cac canh SA, SB , SC Ian luot lay 
M,N,P sao cho SM = SN = SP = a .Ta co: 


MP - a, MN = a\/2, jVP = a a/ 3 . Suy ra AMNP 
vuong tai M . Ha 57/ vuong goc vbi mp 
[MNP) thi H la trung diem cua PA ma: 


a 1 42 


SH =— => F, 


5 VI 


S.MNP 


Mat khac: 


^ _SMSNSP_ 1 
^ SB SC 24 


Vs.abcd ~ 2a 3 42 . ^ ec - 3a 
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Vay: d{C,(SAB))-- 


3V, 


6a 3 sf2 


S&SAB ~’ a 


= 2a-Jl. 


Cau 15: Cho hinh chop S.ABCD c6 ABCD la hinh thoi canh a,SA = SB=SC = a. The tlch 
Ion nhat cua khoi chop S.ABCD la 

A.—. B. —. C. — . D. —. 

8 2 8 4 

Huong dan 

Ke SH C(ABCD') tai H =>H la tam dirong tron ngoai tiep AABC.Ma A ABC can tai B 
va AC _L 5D => H e BD . Goi O la giao diem AC va BD. 

Taco: OB 2 = AB 2 -OA 2 = a 2 -(SA 2 -S0 2 ) = SO 2 =>SO = OB = OD=> ASBD vuong tai S . 


=> SH.BD = SB.SD => V = -SH.S ABCD = -SH.-AC.BD = -SB.SD.AC = -a.AC.SD 
3 3 2 6 6 

Lai co SD = ^BD 1 - SB 2 =^BD 2 -a 1 . 


Ma AC = 20A = 2~JaB 2 - OB 1 =lja 2 =-j4^BD 2 . 


>V 


1 /—;- t / - a (4a 2 -BD 2 ) + (BD 2 -a 2 ) J 

= -aMa 2 -BD 2 ABB 2 -a 2 <-A - J -A - Z = £L. 



Cau 16: Cho hinh tru co cac day la hai hinh tron tam 0 va O' , ban kmh day bang 
chieu cao va bang 4cm . Tren dubng tron day tam 0 lay diem A , tren dirdng tron day 
tam O' lay diem B sao cho AB = 4-J?>cm . The tich khoi hi dien ABOO ’ la 

32 


A 64 3 

A. —cm . 
3 


B. 32cm 3 . 


C. 64cm 3 . 


D. —cm 3 . 
3 


Huong dan 

Tam giac OAO' vuong can tai 0 => O'A = 4^2. 
Tamgiac O’AB co AB 2 =0’B 2 + 0’A 2 
=> bD'AB vuong tai O' => O'B LAO' 


c 


O' 


B 


/ : J 


' V/ 
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Lai CO OO 1 OB => O'B ± (OAO'). 

Tam giac OAO' vuong can tai 0 => S AOAO , = 8(cm 2 ) 


=> V B.OAO = \ -0'B.S aoao , = i .4.8 = y (cm 3 ) 

Cau 17: Cho hinh chop S.ABCD c6 day la hinh vuong canh a, mat ben SAB la tarn giac 
deu, mat ben SCD la tarn giac vuong can dinh S. The tich khoi chop S.ABCD la 



Ta co (SMN)L(ABCD) nenhinhehieu H cua S len mp_ (ABCD) thuoc MN. 


SM = —, SN = — , MN = a. 
2 2 


SM 2 + SN 2 



= a 2 = MN 2 nen tarn giac SMN 


vuong tai S. 


SH.MN = SM.SN => SH = SM : S — 

MN 


a^I?> a 

_2_2 = £n/3 
a 4 


V = -SH.S a 


1 0^3 2 _o\/3 

3 4 ~ 12 


Cau 18: Cat hinh non dinh S boi mat phang di qua true ta duqc mot tarn giac vuong 
can co canh huyen bang a-Jl. Goi BC la day cung cua duong tron day hinh non sao 
cho mat phang (SBC) tao vdi mat phang day mot goc 60°. Tinh dien tich tarn giac SBC 


A. S = 




c. s= 


a 2 72 

2 


D. S = 


a 2 72 

3 


Huang dan 

---—--- : - vmmmmm 
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Dung OM±BC ( M la trung diem cua BC). 
Vi BC _L SO nen BC1SM, tir do ta co 
\_(SBC)\ddy~\ = [SM,OM] = SMO = 60°. 


TT' 0/^1 1 rr 0^2 rni /T SO 0^6 

Vi SO = —IJ = -nen SM = -=-. 

2 2 sin 60° 3 


Vay CM = -JSC 2 -SM 2 = a 2 - 


r. 


r 1 

l 3 J 


Vay ^ 


— SM.BC = 


1 on/6 2^-73 


2 3 


a 2 >/2 

3 



Cau 19: Cho khoi non dinh O, chieu cao la /z. Mot khoi non khac co dinh la tarn 1 cua 
day va day la mot thiet dien song song vdi day cua hinh non da cho. De the tich cua 
khoi non dinh I ldn nhat thi chieu cao cua khoi non nay bang bao nhieu? 


A. A 

2 


2 h 
3 ' 


Huong dan 


B. -. 

3 


D. 





Goi x la chieu cao can tim. R,r Ian luot la chieu cao cua khoi non Ion va be. Khi do 


— - -—£ z=> r = ——. The tich khoi non dinh I la 

R h h 


V — —71 
3 


R(h-x ) 


7 iR (1 \ 2 _ Cauc ^nR (h-x + h-x + 2x) 

x = ——\h — x) 2x < —--— 

6h 2 V ; 6h 2 27 


AnR 2 h 

81 


7 h 

Dau dang thuc xay ra khi h-x = 2x<=>x = -. 

Cau 20: Mot hinh tru co dudng kmh day bang chieu cao va noi tiep trong mat cau ban 
kinh R. Dien tich xung quanh cua hinh tru bang: 
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A. 4 nR\ B. 2 nR\ C. l4lnR 2 . 

Huong dan 

Goi h la chieu cao cua hinh tru thi ban kmh day cua hinh 

tru la -. 

2 

Goi O , O' la tam cua hai day hinh tru thi tam / cua mat cau 

h 

la trung diem cua OO' hay 10- — . 

Ta co hinh tru noi tiep mat cau nen 

h 2 r~ 

2I0 2 =R 2 2— = R 2 =>h = R^/2 . 

4 

S r =2n.-.h = 2frR 2 . 

xq 2 


D. JinR 1 . 



Cau 21: Cho hinh chop S.ABCD co day la hinh thang vuong tai A va B, AB = BC = a, 
AD = 2a, SA± (ABCD ) va SA = a-Jl . Goi E la trung diem cua AD. Ke EK _L SD tai K. Ban 

kinh mat cau di qua sau diem S,A,B,C,E,K bang: 

a 1 n r r» £ 

A. -a. B. a. C.— a. D. — a. 

2 2 2 


Hirong dan 


, BC _L AB 

Taco: \ => BCE(SAB) => BC±SB 

[BC ISA v 7 

Tii giac ABCE la hinh binh hanh 

=>AB/ICE-=>CELAD Ma CELSA ^CEl(SAD) 

=> CE _L SD ma EK±SD=>SD±(CEK)=>SK±CK 

Suyracacdiem A,B,E,K ciing nhin hai diem S,C duoi 
mot goc vuong nen 6 diem S,A,B,C,E,K ding thuoc 
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mat cau dudng kinh SC . 

u , ,, , ^ „ sc JsFTac 2 V2T+2T 

Ban kmh mat cau: R = — = --= -- 


Cau 22: Mot qua bong ban va mot chiec chen hinh tru c6 cung chieu cao. Ngudi ta dat 
qua bong len chiec chen thay phan 6 ngoai cua qua bong co chieu cao bang - chieu 

cao cua no. Goi V ] , V 2 Ian lupt la the tich cua qua bong va chiec chen, khi do: 

A. 9Vj = 8V 2 . B. 3F } =2V 2 . C.\6V ] =9V 2 . D. 27^=8^. 

Huang dan 

Goi i] la ban kinh qua bong, r 2 la ban kinh chiec chen, h la chieu cao chiec chen. 


Theo gia thiet ta co h = 2i\ => i\ = 2 h va 00' = ^ = 


Ta co r 2 =\ - | -| - | =—h 2 . 

16 


The tich cua qua bong la V t = =-n\- =-nh 2 


3 12 


^ f ? 3 VS 

va the tich cua chen nude la K = B.h = 7 rr 2 h = — nh 3 =>- = -. 

2 16 V 2 9 



Cau 23: Cho hinh chop S.ABC co day ABC la tarn giac deu canh a , mat ben ( SAB ) la 

tarn giac deu va nam trong mat phang vuong goc vdi day. Tinh theo a dien tich xung 
quanh mat cau ngoai tiep hinh chop S.ABC. 

A 57ia 2 g 5na 2 ^ na 2 ^ 5 na 2 

3 * ~ 6 ~‘ * ~T~* ’ 12 

Hudng dan 

Do mat phang (SAB) vuong goc (ABC) vdi theo giao tuyen AB . 
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Dung SHLAB=>SHL(ABC). Goi G,,G 2 fan lugt la trong 
tam cua AABC va A SAB. 

Dung duong thing d ] di qua G ] va vuong goc vdi (ABC), 
dung duong thing d 2 di qua G 2 va vuong goc vdi (SAB ). 

Goi cat d 2 tai /. Khi do / la tam mat cau ngoai tiep 
chop S.ABC va ban kinh la R = SI. 

Taco SH = — ^>SG, =-SH = 4= va GJ = HG. =-HC = — . 

2 2 3 V3 2 1 3 6 

Khi do R = SI = JSG; + G 2 / 2 = . Vay = AnR 2 = . 

Cau 24: Cho nua duong tron duong kinh AB = 2 R va diem C thay doi tren nua duong 
tron do, dat a = CAB va goi H la hinh chieu vuong goc cua C len AB . Tim a sao cho 
the tich vat the tron xoay tao thanh khi quay tam giac ACH quanh true AB dat gia tri 
lbn nhat. 

A. a = 60°. B. a- 45°. C. arctan-4=. D. a = 30°. 

V2 

Huong dan 

AC = AB. cosa = 2R.cosa CH = AC.sin a = 2R.cos a.sin a; AH = AC.cos a = 2R.cos 2 a 

The tich vat the tron xoay tao thanh khi quay tam giac ACH quanh true AB la 

V = -AH.nCH 2 =-R 3 .cos 4 a.sin 2 a. Dat t = cos 2 a (0 <t <l) => V = -R 3 t 2 (l —/) 

3 3 ' v / 3 v / 

= ~R 3 ' Lt (2 - 2t) < ~ R 3 ^ ------ ——j Vay V ldn nhat khi t = j khi a = arctan . 

Cau 25: Ngudi ta bo 5 qua bong ban cung kich thude vao mot chiec hop hinh tru co 
day bang hinh tron tron ldn cua qua bong ban va chieu cao bang 5 Tan duong kinh 



mmm 
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cua qua bong ban. Goi S ] la tong dien tich cua 5 qua bong ban, S 2 la dien tich xung 

S 

quanh cua hinh tru. Ti so — la : 

S 2 

A. 2. B. C. 1. D. 

5 2 

Huang dan 

Goi ban kinh cua qua bong ban la R (R> 0) 

Ta co chieu cao h cua hinh tru bang 5 Ian dudng kinh cua qua bong ban nghia la : 
h = 5.2 R = 10R Khi do : ^ = 5Ax.R 2 = 20 ttR 2 

Va S 2 = 2ttR.Ii = 2ttR. 1 OR = 20 ttR 2 Vay : A = 1. 

S 2 

Cau 26 : So mat doi xung cua hinh tii dien deu la bao nhieu? 

A. 1. B. 4. C. 6. D. 8. 

Hinh tu dien deu co 6 mat doi xung (Hinh ve). 


A 
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Cau 27: Cho hinh lap phuong ABCD.A'B'C'D' c 6 canh bang a. Khang dinh nao sau day 
la sail 

A. Hinli lap phuong ABCD.A'B'C'D' co mot tam doi xung. 

B. Hinh lap phuong ABCD.A'B'C'D' co dien tich toan phan la 6a 2 . 

C. Hinh lap phuong co 8 mat doi xung. 

3 

D. The tich cua tu dien A'ABC bang —. 

6 

Huong dan 

Hinh lap phuong co 9 mat doi xung (Hinh ve). 



mi wm 
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Cau 28: Cho hinh chop S.ABC co day la tam giac deu canh bang 1, SA vuong goc vdi 
day, goc giua mat ben SBC va day bang 60°. Dien tich mat cau ngoai tiep hinh chop 
S.ABC bang bao nhieu? 


A. 


43;r 

~ 48 ' 


B. 


437r 
~~36~ 


C. 


43 ^ 


D. 


43;r 

~12~ 


Huang dan 

Goi H, M Ian luot la trung diem BC , SA; 

G la trong tam AABC. 

Ta co [(SBC),(,45C)] = [SH,AH^ = SHA = 60° 

, R o 

AABC deu, canh bang 1 => AH = — =>SA = AH tan 60° = - 


S 



Ban kinh mat cau ngoai tiep hinh chop 


R 2 =IA 2 =IG 2 +AG 2 =(^jj + {j, AH ] 


2 T + f4=T=- 

4 J [y/3j 48 


Dien rich mat cau S = 4nR 2 =4n — 

48 


43 ;r 
~Y2' 


Cau 29: Cho hinh chop S.ABCD co day la hinh chu nhat, AB = 2a, BC = a, hinh chieu 

F 

cua S len ( ABCD ) la trung diem H cua AD, SH = ~. t Dien tich mat cau ngoai tiep 


hinh chop S.ABCD bang bao nhieu? 


A. 


1 671a 


B. 


16;ra 2 


4 no* 
3 


D. 


4 na 2 
3 


Huang dan 
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Goi I' la tam dirong tron ngoai tiep ASAD 
O la tam dirong tron ngoai tiep ABCD 
I la tam mat cau ngoai tiep hinh chop S.ABCD 
Taco SD = SA = \ISH 2 + AJJ 2 =a => ASAD deu 


2^3 73 

=> IA = - a = — a 

3 2 3 

=>R=iA=-JrA r +rr- =jrj r +Ho 2 =^ 

73 



Vay S = 47rR 2 = 


1 671 a 2 
3 


Cau 30: Cho tam giac ABC deu canh a va noi tiep trong dudng tron tam O, AD la 
dudng kmh cua dudng tron tam O. The tich cua khoi tron xoay sinh ra khi cho phan 
to dam (hinh ve ben) quay quanh dudng thang AD bang 


A 



Huong dan 


Khi quay tam giac ABC quanh true AD duoc khoi non co the tich la: 


N = - n.r 1 .h = — 7T.HC 2 .AH --n\ - 


a*j3 a 3 7r^3 


24 


Khi quay dudng tron tam O quanh true AD duoc khoi cau co the tich la: 
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Toan Ung Dung 

Cau 1: Mot vat the bang gd co dang khoi tru vdi ban kinh day bang 10 (cm) . Cat khoi 
tru bdi mot mat phang co giao tuyen vdi day la mot duong kinh cua day va tao vdi 
day goc 45°. The tich cua khoi go be la 



Huong dan 



Chon he true toa do nhu hinh ve.Khi do khuc gd be co day la nua hinh tron co phuong 
trinh: y = Vl00-x 2 , xe [-10,10] 

Mot mot mat phang cat vuong goc vdi true Ox tai diem co hoanh dor, x e [-10,10] 
cat khuc gd be theo thiet dien co dien tich la S (x) (xem hinh). 

Ddthay NP = y va MN = NPtm45° =y = 4 100-x 2 . 


mmmmm 
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Suyra S , (x) = lMViW = I(lOO-x 2 ) 


~ ^ 1 ^ onnn 

Khi do the tich khuc go be la :V= J S(x)dx = - J (l00-x 2 )dx =--(cm 3 ). 


Cong thuc giai nhanh : V = — R 3 tan a 


Cau 2: So luong cua mot loai vi khuan sau t (gib) dime xap xi bbi dang thuc 
Q{t) = Q 0 -e 0A95t t trong do Q 0 la so luong vi khuan ban dau. Neu so luong vi khuan ban 
dau la 5000 con thi sau bao nhieu gib, so luong vi khuan co 100.000 con? 

A. 20. B. 24. C. 15,36. D. 3,55. 


Hubng dan 


Tu gia thiet ta suy ra Q(t ) = 5000.c°* ,95/ . De so luong vi khuan la 100.000 con thi 


E Math A 

SOOOe 0,195X -10i> 
X= 15.36272961 
L-R= 0 


Cau 3: De lam mot mang xoi nubc, tu mot tarn ton kich thubc 0 , 9 / 7 ?x 3 m ngubi ta gap tarn 
ton do nhu hinh ve dubi. Biet mat cat cua mang xoi (bi cat bbi mat phang song song 
vbi hai mat day) la mot hinh thang can va mang xoi la mot hinh lang tru co chieu cao 
bang chieu dai cua tarn ton. Hoi x(m)bang bao nhieu thi the tich mang xoi lbn nhat ? 


0,9 m 



(a) Tam ton 


A. x = 0,5m. 



xm 



0,3 m 
(c) Mat cat 

D. x = 0,6m. 
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Huong dan 

Goi h la chieu cao cua lang tru 

Vi chieu cao lang tru bang chieu dai tarn ton nen the tich mang xoi ldn nhat khi dien 
tich hinh thang can (mat cat) ldn nhat 


Taco S = -(x + Q,3) BC = ^-^-(x> 0,3)=>/i = J(0,3) 2 - 


2 (x-0,3) 


DK: (0,3) 2 ———EE. > 0;(0,3 <x <0,9) 


Khi do: 


S = ^(x + 0,3)y/4.(0,3) 2 -(x-0,3) 2 



CALC cac dap an 

E Math A B Math A E Math A 

0.25(X+0.3)J4x0> 0.25CX+0.3)i4xQt> 

0.113137085 0.1157431828 0.1035313962 

Dap an D. 

B Math A 

0.25(X+0.3)J4x0> 

0.1169134295 

Cau 4: Mot xe buyt cua hang xe A co sue chua toi da la 50 hanh khach. Neu mot chuyen 
xe buyt cho x hanh khach thi gia tien cho moi hanh khach la 20^3--Ej (nghin dong). 
Khang dinh dung la: 

A. Mot chuyen xe buyt thu duoc so tien nhieu nhat bang 3.200.000 (dong). 

B. Mot chuyen xe buyt thu duoc so tien nhieu nhat khi co 45 hanh khach. 

C. Mot chuyen xe buyt thu duoc so tien nhieu nhat bang 2.700.000 (dong). 
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D. Mot chuyen xe buyt thu duoc so tien nhieu nhat khi c6 50 hanh khach. 

Huang dan 

So tien cua chuyen xe buyt cho x hanh khach la 


/(x) = 20x.jj3-—J (0<x<50) 

Table: 2 fan 1 l'an chay tu 1 tai 29,1 Ian chay tu 29 tai 50 


Si 

SS 

SO 


0 

FCKi 

II 


11 
IE 
IS 


0 

FCKJ 

33 313B-U 

mo wmfm 

Ml SI SB.5 


240149J80 3200 

Vay: mot chuyen xe buyt thu duoc loi nhuan cao nhat bang: 3.200.000 (dong) 

Cau 5: Mot khoi da co hinh la mot khoi cau co ban kinh A, ngudi tho tho thu cong my 
nghe can cat va got vien da do thanh mot vien da canh co hinh dang la mot khoi tru. 
Tinh the tich Ion nhat co the cua vien da canh sau khi da hoan thien. 


A. 


4y[3 7rR 3 



D. 


3yf37TR 3 

12 


Huang dan 

Gia sii 2x la chieu cao hinh tru (0 < x < R) (xem hinh ve) 
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Ban kinh cua khoi tru la r = -Jr 2 - x 1 . The rich khoi tru la: V = n(R 2 - x 2 )2x. 


Xethamso V(x) = ?r(R 2 -x 2 )2x, 0<x<R, co V'(x) = 2x(R 2 -3x 2 ) = 0<i>x- 


Ryj3_ 

3 


Bang bien thien: 



Dua vao BBT, ta thay the tlch khoi tru Ion nhat khi chieu cao cua khoi tru la 
2R^[3 _ AnR 2 V3 

^ f ^max ^ 

Cau 6: Mot san choi cho tre em hinh chu nhat c6 chieu dai 100 va chieu rong la 60 m 
nguoi ta lam mot con duong nam trong san (nhu hinh ve). Biet rang vien ngoai va 
vien trong cua con duong la hai duong elip, Elip cua ducmg vien ngoai co true Ion va 
true be Ian lupt song song vdi cac canh hinh chu nhat va chieu rong cua mat duong la 
2m . Kinh phi cho m6i m 2 lam duong 600.000 dong. Tinh tong so tien lam con duong 
do. (So tien dupe lam tron den hang nghin). 
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-100m- 


A. 293904000. 



Huong dan 

Xet he true toa do Oxy dat goc toa do O vao tarn cua hinh Elip. 


x 2 v 2 

Phuong trinh Elip cua dudng vien ngoai cua con dudng la [E ] ): —+^- = l. Phan do 


thi cua (E ] ) nam phia tren true hoanh co phuong trinh y = 3oJl- =f ] (x). 


x 2 V 2 

Phuong trinh Elip cua dudng vien trong cua con dudng la (E 2 ): —- + = 1 .Phan do 

48 28 


thi cua ( E 2 ) nam phia tren true hoanh co phuong trinh y = 28 Jl—= f 2 (x). 

V 48 

Goi S } la dien tich cua (E ] ) va bang hai Ian dien rich phan hinh phang gidi han bdi 
true hoanh va do thi ham so y = (x) . Goi S 2 la dien tich cua (E 2 ) va bang hai Ian dien 
tich phan hinh phang gidi han bdi true hoanh va do thi ham so y = f 2 (x). 


Goi S la dien tich con dudng. Khi do 


2 48 I 2 

S = S ] -S 1 =2 f 30. l-X-dx-2 f 28./1— dbc. 
1 2 J V sn 2 J v 48 2 


Tinh tich phan / = 2j bjl-^jdx,(a,b eR + ). 
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Dat x = asint 9 \ <t< — I => dx = a cos tdt . 
1 2 2 


t-\ a?- a n n 

Doi can x = —a^>t = —; x = a => t = —. 

2 2 


Khi do / = 21 b\/l- sin 2 t.a cos tdt = lab j cos 2 1 dt = ab j (l + cos 2/ 1 ) d/ 


= ab\ t + 


sin It 


= abn . 


Do do S-S x -S 1 - 50.30 n -48.28^ = 1 56n :. 

Vay tong so tien lam con dubng do la 600000.X = 600000.156^-» 294053000 (dong). 

Giai nhanh: Nh6 nhanh cong thuc tmh dien tich Elip la S = nab tru Ion cho be cho 
nhanh 


Cau 7: Su tang truong cua loai vi khuan tuan theo cong thuc S = A.e ri , trong do A la so 
luong vi khuan ban dau, r la ti le tang truong (r > 0), t la thbi gian tang trudng (tinh 

theo don vi la gib). Biet so vi khuan ban dau la 100 con va sau 5 gib co 300 con. Thbi 
gian de vi khuan tang gap doi so ban dau gan dung nhat vbi ket qua nao trong cac ket 
qua sau day. 

A. 3 gib 20 phut. B. 3 gib 9 phut. C. 3 gib 40 phut. D. 3 gib 2 phut. 

Huong dan giai 

Ta co : 300 = 100.e 5r o e 5r = 3 o 5r = In 3 <=> r = ^ Goi thbi gian can tim la t . 

Theo yeu cau bai toan, ta co : 200 = 100.e rt <=> e rt = 2 ort = ln2o t = ~^~ «3,15(/z) 


Vay t = 3 gib 9 phut 
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Cau 8: Mot ngon hai dang duoc dat tai vi tri A tren mat bien each bd bien mot khoang 
AB = 5 km . Tren bo bien co mot cai kho 6 each B 1 km. Nguoi canh hai dang co the 
cheo do den diem M tren bd bien vdi van toe 4 km/h roi di bo den C vdi van toe 
6km / h . Vi tri cua diem M each B mot khoang bang bao nhieu de nguoi do di den kho 
C it ton thdi gian nhat. 


A. 0 km. B. 7 km. 

Hirdng dan 

Dat BM = x, taco AM = A 2 +25,£C = 7-j 
Thdi gian de ngudi canh hai dang 


di tir A den C la A 2 + 25 + ]__£ 


C. 2V5 km. 


D. 5 A km. 



Xethamso /(x) = + ~k~ ,(0<x<7) 

CALC cac dap an => BM = 2-Js ( km ). 

Cau 9: Mot spi day kim loai dai 0,9w dupe cat thanh hai doan. Doan thu nhat dupe 
uon thanh tam giac deu, doan thu hai dupe uon thanh hinh chu nhat co chieu dai gap 
doi chieu rong. Tim do dai canh cua tam giac deu (tinh theo don vi cm ) sao cho tong 
dien tich cua tam giac va hinh chu nhat la nho nhat. 

A.-5C. C.-5C. D. 240 


2-VT ' y/3 + 2' 1 + V3 ’ a/3 + 8 ‘ 

Huang dan 

Goi a,b Ian luot la do dai canh tam giac deu va chieu rong hinh chu nhat. 

Khi do 3 a + 6b = 90 (cm) => 6 = ~~ ~~ (cm). 


S = S A .+ S C 


_a 2 yf3 | ^ b 2 _a 2 j 3 ^ j2Q-a Y _ {^+S)a 2 — 120o + 1800 
4 + 4 + l 2 
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i*-..'!.' Jt. A ... __— -———--- 

De S nhonhatthi /(a) = ( 2 +A) a 2 -120a+1800 nhonhatvoi ae(0;30). 


f 1 (a) = 2(2 + yj3)a-\20, f'(a) = 0^a = ^-j=e(0;30). 


Ta co 


5 /(0) = 1800, /(30) = 900^, /|^^^=j = 3600>/3-5400. 

Nen min f(a) = f\-%= | = 3600^3-5400. 
ae(m J K ’ {2 + sf3j 


Vay a = —^-j= thi S nhonhat. 

' 3 2+Ji 

Cau 10: Trong tat ca cac hinh non noi tiep trong hinh cau co the tich bang 36yr, 
kinh r cua hinh non co dien tich xung quanh ldn nhat. 


A. r = -. 
2 


B. r = —. C. r = 2\fl. 

2 


D. r- 3. 


Huong dan giai 

Goi ban kinh va the tich cua hinh cau la R va V c 
Theo gia thiet V c -36n: <^> ^nR 3 =36n <=> R=3 


Dien tich xung quanh cua hinh non la S xq = n.r.SA = n.r^SH 2 +r 2 (1) Ma 
SH = SI+IH = R + IH = 3 + IH 


IH 


■-4l^HA 2 = Vtf 2 -r 2 = ^9-r 2 


=> SH = 3 + -]9-r 2 (2) 
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s 



Tu (1) va (2) 


s *, = ^•^(3 + TCT’j +r 2 


Cac em CALC timg dap an -» C 

Cau 12 : Cho mot dong ho cat nhu hinh ben duoi (gom 2 
hinh non chung dinh ghep lai), trong do duong sinh bat 
ky cua hinh non tao voi day mot goc 60° nhu hinh ben. 
Biet rang chieu cao cua dong ho la 30 cm va tong the tich 
cua dong ho la 1000 ;r cm 3 . Hoi neu cho day luong cat vao 
phan tren thi khi chay het xuong duoi, khi do ti le the 
tich luong cat chiern cho va the tich phan phia duoi la 
bao nhieu ? 


A. 


3^/3 ' 


B. 


C. —. 
64 


D. 



27 


Huang dan 


Goi h,h\r,r' yi > ^ = 15 j Ian luot la chieu cao, ban kinh cua hinh non phia duoi va 

h h h f 30-/7 

phia tren cua dong ho. Ta co: r =- = —-h , = 30- h;r' = —?= = — 7 =- . Khi do: the 

tan 60° A V3 A 

tich cua dong ho: 


V = -7Tr 2 h + -7r?' , h f = ~7T 


\ 2 


V3. 


h + 


A 30-/X 


V3 


(30 -h) 


- lOOO^r 
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SOLVE-- 


h = 20 


A = 10(<15) 


<=>/; = 20 = 10 


V 


Do 2 hinh non dong dang nen y- = \y 


h' 


Cau 13 : Trong mat phang voi he true toa do Oxy , cho tam giac OAB vuong 6 A thuoc 
true hoanh, diem B nam trong goc phan tu thu nhat va OB = 2017, AOB = a, f 0 < a < 


Khi quay tam giac OAB quanh true Ox ta dugc mot khoi non tron xoay. The tich cua 
khoi non do Ion nhat khi: 


A . V6 „ V3 n 1 

A. sin a = — . d. cos a =— . C. cos a- — . 

3 2 2 


D. sin a = 




Huong dan 



O A 


Khi xoay tam giac OAB quanh true Ox tao thanh hinh non co dudng cao la 
<24 = 2017.cosa va ban kmh day la AB = OB.sin a = 2017.sin a. 

The tich khoi non bang: V = ^7r.AB 2 .OA = i/r(2017.sina) 2 .2017.cosa 

= — ;r2017 3 . sin 2 a. cos a 

Xethamso f{t) = (\-t 2 ^t voi t = cosx;te(0;l) do 0;^ 

Taco: f'(t) = -3t 2 +l 



Ta co bang bien thien: 


mmm 
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rz . . _ rz 

Vay the tich khoi non Ion nhat khi cos a = — hay sin a = Vl-cos 2 a = —. 

3 3 

Cau 14: Cho hinh chop S.ABCD co day ABCD la hinh vuong canh a , SA vuong goc vdi 
mat phang day va goc gina SC vdi mat phang (5^^) bang 30°. Goi M la diem di dong 
tren canh CD va H la hinh chieu vuong goc cua S tren dudng thang BM. Khi diem 
M di dong tren canh CD thi the tich cua khoi chop S.ABH dat gia tri ldn nhat bang: 


Htmng dan 



Goc giua SC va (SBC) la CSB => CSB =30° 

Ta co 

tan CSB = — => SB = aS\SA = -JsB 1 - AB 1 = ajl 

Dat CM = x, (0 < x< a) => DM = a-x, 

Ta co 

f BM 1SH , 

\ => BM 1 (SAH) => BM 1 AH 

IBM ISA v ; 
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ua 


Ta co S JBU = -AH.BM => AH ■ 


4777 


; BH = 477777 = 


a fa 2 + x 2 


The tich cua khoi chop S.ABHlh 
V = - SA.S.f.f, = - SA.—BH.AH = - a4.2. 


a 2 ax _ -Jl 4 

4777 '4777 ~ 6 0 ' OT +X 


T (*) 


Xetham so /(x) = , x ,xe[0;a] 
a +x 


Taco /'(x) = 


(a 2 + x 2 ) 


-;/'(x) = 0 => x = <3 


Trendoan [0;a] taco /'(x)>0,Vx€[0;«] 

V2 

Vay gia tri Ion nhat cua V tai x = a => V nBX = — 


Cach 2: Tir 1*1 V =—a\^77r< —a\— = 2^. Dau= khi:x = «. 
- 6 <j 2 +x 2 6 2a 12 


Cach 3: De thay H nhin AB dudi goc vuong nen V S ABH ldn nhat khi S ABH ldn nhat khi 
va chi khi H = 0 (tarn cua hinh vuong ) <=> x = a . Tir do co ket qua. 

Cau 15: Mot bac nong dan vita ban mot con trau duqc so tien la 20.000.000 (dong). Do 
chua can dimg den so tien nen bac nong dan mang toan bo so tien do di giri tiet kiem 
ngan hang loai ky han 6 thang vdi lai suat kep la 8,5% mot nam. Hoi sau 5 nam 8 
thang bac nong dan nhan duoc bao nhieu tien ca von lan lai (lam tron den hang don 
vi)? Biet rang bac nong dan do khong rut von cung nhu lai trong tat ca cac dinh ki 
trude va neu nit trade thdi han thi ngan hang tra lai suat theo loai khong ki han vdi lai 
suat 0,01% mot ngay (1 thang tinh 30 ngay). 

A. 31.802.750 (dong). B. 31.803.311 (dong). C. 32.833.110 (dong). D. 33.083.311 (dong) 

Huong dan 

Mot ki han 6 thang co lai suat la 8, ^° = 4,25%/ky 

-—---:-----T§sp>ssg 
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Vay gia tri lan nhat cua ham so /(x) dat dupe tai x = 2,4 (m ). 


Cau 17: Cho hinh chop S.ABC co day ABC la tam giac vuong can tai B vdi 
AB = BC = a^l 3, goc SAB = SCB = 90° va khoang each tu den mat phang (SBC) bang 

a-Jl. Tinh dien tich mat cau ngoai tiep hinh chop S.ABC. 

A. 16;ra 2 . B. %ncc . C. 12;ra 2 . D. 2na~. 


Huong dan 

Goi D la hinh chieu vuong goc cua S tren {ABC) . Ta co: AB J_ SA, AB _L SD => AB _L ( SAD) 
=>ABLAD. Tuong tu CB A. (SCD) =>BC±DC. Suy ra ABCD la hinh vuong 

Goi H la hinh chieu cua D tren SC =>DH _L (SBC) => d(A,(SBC) = d(D,(SBC) = DH = a^2 

Ap dung he thuc lupng trong tam giac SCD, ta co —^ =: >SD = aj 6 . 

*SZ)' SH D C~ 


Goi I la trung diem SB ta co IA = IB = 1C = ZS” nen I la tam mat cau ngoai tiep hinh chop 

SC 

S.ABC. Suy ra ban kinh mat cau la r = — = aj 3. Dien rich mat cau ngoai tiep hinh 
chop S.ABC la S = Anr 2 =\2na~ 


Cau 18: Mot vat chuyen dong vdi van toe lOm/s thi tang toe vdi gia toe dupe tinh theo 
thdi gian t la a(t) = 3t+t 2 . Tinh quang dudng vat di dupe trong khoang 10s ke tu khi 

bat dau tang toe. 


A. 


3400 

-m. 

3 


B. 


C. 


130 

-m. 

3 


D. 130m. 


Huong dan 
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Ta co v(t) = ^a(t)di = J(3^ + / 2 )d/= ^- + y+ C. 
Do v(0) = 10 nen C = 10. 


Vay quang dudng vat di chuyen trong 10s ke tu khi chuyen dong la: 

4300 

+ iur ii • =i — + — + iuxiu i = 

2 12 


Jv(/)df = J 


'-^t 2 ? in 

— + —+ 10 

2 3 


d t = 


—- + I^- + 10xl0 
2 12 


3 


(m) 


Cau 19: Phan khong gian ben trong cua chai nude ngot co hinh dang nhu hinh ben. 
Biet ban kinh day bang R = 5cm, ban kinh co r = 2 cm, AB = 3cm, BC = 6cm , CD = 1 6cm. . The tich 
phan khong gian ben trong cua chai nude ngot do bang: 



Hudng dan 


A. 49571 ( enf ). B. 462ti (c/?7 3 ). 

C. A96n[cnf J . D. 4 1 2tt (cz/7 3 ^. 


The tich khoi tru co dudng cao CD: V x -nR 2 .CD = 400 n(cm 3) j. 
The tich khoi tru co dudng cao AB: V 2 = 7tr 2 .AB = 1 In [cm 3 ). 

M 



The tich phan gidi han giua BC: V 3 =^R 2 .MC-r 2 .R4B^ = l&n(cm 3 y 
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Suy ra: V = V 1 +V 2 + V 3 = 490;r (cm 3 ). Chon C 

Cau 20: Khi cat mat cau S(0, R ) bbi mot mat kinh, ta duoc hai nua mat cau va hinh 

tron Ion cua mat kinh do goi la mat day cua moi nua mat cau. Mot hinh tru goi la noi 
tiep nua mat cau S(0, R) neu mot day cua hinh tru nam trong day cua nua mat cau, 

con dudng tron day kia la giao tuyen cua hinh tru vdi nua mat cau. Biet R = 1, tinh ban 
kinh day r va chieu cao h cua hinh tru noi tiep nua mat cau S(0, R) de kin61 tru co 

the tich Ion nhat. 



Huong dan 

Hinh tru noi tiep nua mat cau, nen theo gia thiet duong tron day tren co tarn O' co hinh 
chieu cua O xuong mat day (O'). Suy ra hinh tru va nua mat cau cimg chung true doi 
xung va tarn cua day duoi hinh tru trimg vdi tarn O cua nua mat cau.Ta co: h 2 + r 2 =R 2 
(0<h<R = \)=>r 2 =l-h 2 


The rich kho'i tru la: V = nr~h = tt(1 - h 2 ) h = /(h) => / '(h) = 7t{\ - 3 h 2 ): 


= 0<=>h = — 
3 


h 

o £ 

3 

f(h) 

+ 0 - 
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Cau 21: Ban A co mot doan day dai 20m. Ban chia doan day thanh hai phan. Phan dau 
uon thanh mot tarn giac deu. Phan con lai uon thanh mot hinh vuong. Hoi do dai 
phan dau bang bao nhieu de tong dien tich hai hinh tren la nho nhat? 


A. 


40 


9 + 4^3 


m. 


B. 


180 

9 + A-fi 


m. 


120 

9+4J3’ 


D. 


60 


9 + 4^3 


m. 



Huong dan 


Ban A chia soi day thanh hai phan co do dai x(m ) va 20-x(m), 0 < x < 20 
(nhu hinh ve). 


Phan dau uon thanh tarn giac deu co canh —{m), dien tich 


5,= 


y/3 X 2 V3 


36 


(m 1 ) 


Phan con lai uon thanh hinh vuong co canh ~ { m )> dien tich 


S 2 = 


( 20 —; 
l 4 


(m 2 ) 
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Tong dien tich hai hinh nho nhat khi /(x) = ^ 20 x 


36 


nho nhat tren 


khoang (0;20). 


Taco: /’(x) = 


x\[?> 20 - x 


18 


= 0 <=> x = 


180 

4-J3+9' 



Dna vao bang bien thien ta dirge 


180 

4n/3+9' 


Cau 22: Mot ngon hai dang dat 6 vi tri A each bo 5 £ 777 , 
tren bo bien co mot kho hang 6 vi tri C each B mot 
khoang 1km . Ngirdi canh hai dang co the cheo thuyen 
th A den M tren bd bien vdi van toe Akm/h roi di bo t xx 
M den C vdi van toe 6km/h . Xac dinh do dai doan BM 



de ngirdi do di tir A den C nhanh nhat. 


A. 3y[2km. 


B. —- km. 
3 


C. 2V5km. 


D. —km. 

2 


0 

*© 


Goi BM = x {km), 0<x<7. Khi do: AM = ^25 + x 2 va MC = l-x 


irnmmm 
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Theo de bai ta co: f(x)= — + 25 + -—— /' (x) 


3x -2^25 + x 2 
W25 + x 2 


Cho f(x) -Oo2V25+x 2 -3x<=> 


fx> 0 
[x 2 = 20 




Jx>0 

[x = ±2>/5 


<=> x = 2 V 5 


Khido; /(0)-g, /(7) = ^ vi /(2VJ)-^ 

V5 y 


Cau 23: Nguoi ta muon thiet ke mot be ca bang 
kmh khong co nap voi the tich 12dm 3 va chieu 
cao la 3 dm. Mot vach ngan (ciing bang kmh) 6 
giua, chia be ca thanh hai ngan, voi cac kich 
thuoc a , b (don vi dm) nhu hinh ve. 

Tinh a, b de be ca ton it nguyen lieu nhat (tinh 
ca tarn kmh 6 giua), coi be day cac tarn kmh nhu 
nhau va khong anh huong den the tich cua be. 



A. a = \[2A , b = \[2A. B. a = 3, b = 8 . C. a = 3%/2, b = 4\f2. D. a = 4, b = 6. 

Huang dan 


Co: V = 12o3.ab = 12<z>a = — (1) 

b V [ 

Be ca ton it nguyen lieu nhat nghia la dien tich toan phan nho nhat. 

Ta co dien tich toan phan cua be ca la: S,„ =3.3 a+ab+2.b3 = — -+ 66 + 24 

p b 

(Den day cac em CALC cac dap an duoc roi) 
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Ap dung bat dang thuc Cosi: S tp = + 6b + 24 > + 24 = 96 


' 216 

Daubang xay ra khi va chi khi:- -6b<^>b-6{b> 0). Tu (1), ta suy ra: a-4. 

b 


Cau 24: Mot cai tuc lan son nunc co dang mot hinh tru. 23 cm 

Duong kinh cua dudng tron day la 5 cm, chieu dai lan la 
23 cm (hinh ben). Sau khi lan tron 15 vong thi true lan 5 
tao nen san phang mot dien dien tich la -- 

A. \1 25k cm 1 . B. 3450^ cm 2 . 

C. 1725k cm 2 . D. 862,5k cm 2 . 

Huong dan 

Dien tich xung quanh cua mat tru la = 2nRl = 2k. 5.25 = 230 Kcm 1 . 

Sau khi lan 15 vong thi dien tich phan son dupe la: S = 230,t.15 = 3450^-cw 2 . 

Cau 25: Nha Van hoa Thanh nien cua thanh pho X muon trang 
tri den day led gan cong de don xuan Dinh Dau 2017 nen da 
nhd ban Na den giup. Ban giam doc Nha Van hoa Thanh nien 
chi cho ban Na biet cho chuah bi trang tri da co hai tru den cao 
ap ma kem dat co dinh o vi tri A va B co do cao lan lupt la 
10m va 30m, khoang each giua hai tru den 24m va cung yeu 
cau ban Na chon mot cai chot d vi tri M tren mat dat nam 
giua hai chan tru den de giang den day Led noi den hai dinh 
C va D cua tru den (nhu hinh ve). Hoi ban Na phai dat chot 6 
vi tri each tru den B tren mat dat la bao nhieu de tong do dai 
cua hai spi day den led ngan nhat. 

A. 20m. B. 6m. C. 18m. 

Huong dan 


Goi E la diem doi xung cua C qua AB. 

Goi M=DEr\AB , khi do ban Na dat chot a vi tri 
M thi tong do dai hai spi day den led ngan nhat. 


D. 12m. 


\ 
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Ta co 


AE MA 1 


> MB = 3 AAA , 


BD MB 3 

ma AAB+AAA = AB = 2A f suy ra AAA = 6 va AAB- 18. 

Cau 26: So luong cua mot loai vi khuan trong phong thi nghiem dugc tinh theo cong 
thuc S(t) = Ae r1 , trong do A la so luong vi khuan ban dau, S(t) la so luong vi khuan co 
sau t ( phut), r la ty le tang truong (r > 0), t (tmh theo phut) la thoi gian tang truong. 

Biet rang so luong vi khuan ban dau co 500 con va sau 5 gib co 1500 con. Hoi sao bao 
lau, ke tit luc bat dau, so luong vi khuan dat 121500 con? 

A. 35 (gib). B. 45 (gib). C. 25 (gib). D. 15 (gib). 

Huang dan 

Taco ^4 = 1500, 5 gib= 300 phut. 


Sau 5 gib, so vi khuan la S (300) = 500 • e 300r = 1500 


=>r = - 


In 300 


Goi t 0 (phut) la khoang thbi gian, ke tit luc bat dau, so luong vi khuan dat 121500 con. 
Taco 121500 = 500 -e" 0 


In243 300In243 

=> h =-= —T1— = 1500 T hut ) = 25 S 10 • 

r In 3 


Cau 27: Mot dam vi trirng tai ngay thu t co so luong N(t), biet rang N\t) = —y va luc 

dau dam vi trixng co 300000 con. Sau 10 ngay, dam vi trirng co khoang bao nhieu con? 
A. 302542 con. B. 322542 con. C. 312542 con. D. 332542 con. 

Huang dan 

Ta co N(t) = J N'(t)dt = J= 7000In|? + 2|+C 

Do 7V(0) = 300000 =>C = 300000-7000In2 

Khi do N(1 0) = 7000 In 12+300000 - 7000 In 2 = 312542. Chon C 
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Mot khoi cau co ban kinh la 5 (dm) , ngudi ta cat bo hai phan cua khoi cau bang hai mat 
phang song song cung vuong goc dudng kinh va each tarn mot khoang 3 (dm) de lam 
mot chiec lu dung nude (nhu hinli ve). Tinh the tich ma chiec lu dura dupe. 



Huong dan 

Tren he true toa do Oxy, xet dudng tron (C): (x-5) 2 +y 2 = 25. Ta thay neu cho nua tren 
true Ox cua (C) quay quanh true Ox ta dupe mat cau ban kinh bang 5. Neu cho hinh 
phang ( H ) gidi han bdi nua tren true Ox cua (C), true Ox, hai dudng thang 
x = 0, x = 2 quay xung quanh true Ox ta se dupe khoi tron xoay chinh la phan cat di 
cua khoi cau trong de bai. 

Ta co (x - 5f + y 2 = 25 <=> y = ±^25 - (x- 5) 2 

=> Nua tren true Ox cua (C) co phuongtrinh y = *j25-(x-5) 2 =%/]0x-x 2 


=> The tich vat the tron xoay khi cho (H) quay quanh Ox la: 


2 ( x 3 V 

Vj = 7rJ(l0x-x 2 )d x = 7r\ 5x 2 - 

0 \ 3 J 0 

The tich khoi cau la: V 2 =-tt.5 3 ■ 
2 3 


52tt 

3 

5Q0;r 

3 


The tich can tim: V = V 2 -2V ] = 


2 — 
3 


132k (dm 3 j 
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Cach 2: Hai phan cat di co the tich bang nhau, moi phan la mot chom cau co the rich 
V, = n J(tf 2 - jc 2 ) ck = ;zj(25 - x 2 ) dx = — 

d 3 ^ 


Vay the tich cua chiec lu la V = V -2K = -^.5 3 -2—^ = 132^ 

c 1 3 3 

Cau 28: Mot cai ly co dang hinh non diroc rot niroc vao vdi chieu 

x 2 

cao mnc nude bang - chieu cao hinh non. Hoi neu bich kmh mieng 

ly roi up ngugc ly xuong thi ty so chieu cao muc nude va chieu cao 
hinh non xap xi bang bao nhieu? 

A. 0,33. B. 0,11. C. 0,21. D. 0,08 

Huang dan 

Goi chieu cao va ban kinh dudng tron day cua cai ly Ian luot la h va R . 

Khi de coc theo chieu xuoi thi lugng nude trong coc la hinh non co chieu 
cao va ban kinh dudng tron day Ian lugt la -y- va 




Do do the tich lugng nude trong binh la 


— => Phan khong chua nude chiem — V. 


Khi up ngugc ly lai thi phan the tich nude trong ly khong doi va luc do phan khong 
chua nude la hinh non va ta ggi h ' va R ' Ian lugt la chieu cao va ban kinh dudng tron 
day cua phan hinh non khong chua nude do. 


Ta co 


IV_ 

R 


— va phan the tich hinh non khong chua nude la — V 


> h -,R 

3 


19_ h 
27*3' 


.7rR 2 O 



19 h' 9 
27 ^ h ~ 3 


Do do ty le chieu cao cua phan chua nude va chieu cao cua cai ly trong trudng hop up 

, h' 3—yfl9 
ngugc ly lal-— = —-—. 
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*T6ng Ket: 

Nhir vay la da den trang cuoi cuon bi kip, tuy nhien phan con lai van con tiep tuc 
cap nhat de cac em ren luyen nhd la phai chain cay nhe 

Nhd vao http://bikiptheluc.com/sach de cap nhat cac ki nang va bai tap tu* luyen mod. 

Hi vong cuon sach nay se giup cac em tien bo hon nhieu so vdi luc nhan no va dieu 
quan trong hon la no giup em do vao trudng minh thich, anh chi mong muon nhu vay 
la da cam thay tu hao ve em lam roi! Co gang len em nhe !!! 

Cam on cac em da luon tin tuong va ung ho anh ! 

Casio Expert: Nguyln The Luc 
Ha Noi, 19/10/2017 
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